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» Loi giai tu ludn

> Loi gidi ty ludn két hop sii dung mdy tinh CASIO fx — 570MS

> Luya chon dap an bang phép thu

»> Lua chon ddp an bing phép thit két hgp sit dung may tinh CASIO fx — 570MS
» Luya chon dap an bang phép danh gia
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BATAP TRAC NGHIEM MON TOAN - KI THI THPT

LG NOI DAY

Su uu vi€t cia phiong phép thi tric nghiém da va dang dugc chitng minh tit nhiing
nudc c6 nén gido duc tién tién trén thé gidi, boi nhiing vu diém nhu tinh khach quan,
tinh bao quat va tinh kinh té,

Theo chii truong clia Bo Gido duc va Dao tao, cac trudng dai hoc, cao dang va trung
hoc chuyén nghiép sé chuyén sang hinh thic tuyén sinh bing phuong phép tric nghiém.
Va d€ c6 théi gian chufn bi t6t nhit, cdc bai kiém tra kién thdc trong chuong trinh
THPT ciing sé c6 phén tric nghiém d€ cdc em hoc sinh lam quen véi hinh thiic thi nay.

Tuy nhién, viéc bién soan cac ciu hi tric nghiém cén tuan thtt mot s6 yéu cdu co
ban vé mat li ludn su pham va y nghia dich thuc ctia cic s6 liéu thong ké.

Nhém HONG PUC xin tran trong gidi thiéu tdi ban doc cudn sich: Cac phuong
phép tim nhanh dap 4n - Bai tip trac nghiém mén Toan - Ki thi THPT. Cuén sach 1a
nguon tai liéu hitu ich, cung cép cho hoc sinh mot ngan hang bai tap tric nghiém bam
st theo chuong trinh Todn THPT cuing tdt ca cic phuong phép c6 thé dé tim ra dap an
mot cach nhanh nhit.

Vi phén cau hoi tric nghiém, cic em hoc sinh cin ludn nhé ring c6 1 trong 5 cach
d€ lya chon ddp én dung, cu thé dya vio:

1. Loi giai ty ludn

2. Loi gidi ty luan két hgp st dung méy tinh CASIO fx-570MS

3. Lyia chon dap an bang phép thi

4. Lya chon dap an bang phép thii két hgp st dung may tinh CASIO fx-570MS

5. Lyia chon dap an bang phép danh gia

Nhém HONG DUC luén mong mudn b¢ sach dap ting dugc nhu ciu thyc sy hién
nay “D6i méi phuong phdp day hoc theo hudng Idy hoc tro Iam trung tdm”va hy vong bo
sach sé& dugc cac thdy, c6 gido, cdc em hoc sinh yéu thich.

D& b sach ngay cang hoan thién hon, nhém HONG PUC chiing t6i rit mong nhin
~ dugc nhiing y kién d6ng gop quy béu clia ban doc gin xa.

‘ Nhém HONG PUC

G







~ UNG DUNG BAO HAM ’
E KHAO SAT VA VE DO THIHAM SO

®

CAC PHUONG PHAP GIAI BAI TAP TRAG NGHIEM ,
QUAN HE GIUA TiNH BUN BIEU VA BAO HAM CUA HAM SO

KIEN THUC €O BAN

1. Diéukién cin d& ham 6 don diéu
Gid st ham s6 y = f(x) xac dinh trén khoéng I thi:
a. Ham 6 f(x) 13 dong bién trén khoang I khi va chi khi véi x tuy y thudc L, ta co:
f(x +Ax)—f(x)
Ax
b. Ham s6 f(x) 1a nghich bién trén khoéng I khi va chi khi véi x tuy y thudc I, ta cé:
f(x + Ax) —f(x)
Ax
Tu do, ta c6 két qua:

>0, voimoi Ax#=0vax+Ax e L.

<0,v6imoi Ax#0vax+Ax e L.

Cho ham s6'y = f(x) ¢6 dao ham trén khoédng .
a. Néu ham s6 f(x) dong bién trén khodng1 thif’(x) >0, Vx € L.
b. Néu ham s6 f(x) nghich bién trén khodng 1 thif’(x) <0, Vx € L.
2. Diéulkién da dé ham s6 don diéu
Dinh Ii 1 (Dinh Ii Lagrange): Néu ham s6'y = f(x) lién tuc trén [a; b] va c6 dao ham
trén (a; b) thi ton tai mét diém c < (a; b) sao cho:
f(b) - f(a) =£’(c).(b - a)
hay £(c) = f(%:ﬂ_a)_

a
Y nghia ctia dinh If Lagrange: Xét cung AB ctia d6 thi ham s6 y = f(x) v6i A(a; f(a))

va B(b; f(b)).
He s6 goc ctia cat tuyén AB la:

f(b)—-1f(a)
b-a

f(b) —f(a)

b-a
Pang thiic: £(c) = c6 nghia 1a hé s6 goc cta tiép tuyén ctia cung AB

tai diém C (c; f(c)) bang hé s6 goc ctia cét tuyén AB. Vay, néu céc gia thiét ctia dinh 1i

(7]
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Lagrange dugc thoa mén thi ton tai mot diém C ctia cung AB sao cho ti€p tuyén tai d6
song song vGi cat tuyén AB.

Pinh I 2: Cho ham s6'y = f(x) c6 dao ham trén khodng 1.

a. Néuf’(x) > 0, Vx e 1 thi f(x) déng bién trén khodng 1.

b. Néu f’(x) < 0, Vx e I thi f(x) nghich bién trén khodng 1.

c. Néuf’(x) = 0, Vx e I thi f(x) khong déi trén khodng 1.

Ta c6 mé rong ctia dinh li 2 nhu sau:

Pinh If 3: Cho ham s6'y = f(x) ¢6 dao ham trén khodng 1.

a. Néuf’(x) > 0, Vx € I, va ding thiic chi xdy ra tai mét s6 hitu han diém trén khoang 1,
thi f(x) dong bién trén khodng 1.

b. Néuf’(x) <0, Vx € I, va ding thic chi xdy ra tai m¢t s hiiu han diém trén khodng]1,
thi f(x) nghich bién trén khodng 1.

Ta tém t4t dinh li 3 trong cac bang bién thién sau:

X

“M—W

i @ﬂ@ PHUGNG PHAP GIAI BAI TAP TRAC NGHIEM

Bai 1.Ham s& ndo sau day 1a ham s6 dong bién trén R?
Ay=@+1P-3x.  B.y=xvx’+1. Cy= X~~)-1(~. D.y = -cotx.
Dbap s6 trac nghiém B.
> Loi gidi tu lugn 1: (Thyic hién tf trdi qua phéi): Ta 1an luot:
Véi ham s6 y = (x2 + 1)? - 3x x4c dinh trén R thi:
y=4x(x*+1)-3=4x+4x-3
Ham s6 khong thé dong bién trén R bsi y'(0) = -3 < 0, do d6 ddp 4n A bi loai.
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= Vi ham s8 y = xvVx* +1 xé4c dinh trén R thi:

2
[ X
y’: X2+1+\/"2—-—] >0v6iVx € R.
X"+

Do d6, dap an B la dtng, t6i day ching ta diing lai.
» Loi gidi ty ludn 2: (Thuc hién ti phdi qua trai): Ta lan lugt:
® V6i ham s6 y = -cotx xac dinh trén R\ {kn,k e Z} nén dap an D bi loai.
= Véiham s6 y = x ——)1(- xac dinh trén R\ {0} nén dap an C bi loai.
= V6iham s6y = xy/x* +1 Xac dinh trén R thi:
y = Jx+1+ X >0 véi Vx € R.

Do d6, dap an B la ding, t6i day ching ta diing lai.

> Lua chon ddp 4n bang phép thii: Ta lan lugt danh gia:

Trudc tién, ham s6 dong bién trén R thi phai xac dinh trén R. Do dé, cac dap an C
va D bi loai. Téi day ta chi con phai lya chon A va B.

= Vi A la ham s6 bac bén nén c6 dao ham 1a mot da thic bac ba, va moét da thitc bac
ba thi khong thé luén duong (do phuong trinh béic ba ludn c6 it nhit mét nghiém), suy
ra dap an A khdng thoa man.

Do dé, viéc lya chon dép 4n B la ding dan.

=~ Nhén xét: Nhu véy, d€ lya chon dugc dap an ding cho bai toan trén thi:

Trong cdch giai tu Iudn 1 ching ta lan lugt thit ti trdi qua phéi cho cdc ham s6
bang viéc thuc hién theo hai budc:

Budc 1: Tinh dao ham ctia ham s6.

Buédc 2: Danh gia y’ € xét tinh dong bién ctia né trén R.

Téi ham s6 trong B chuing ta thdy thoa man nén diing lai & d6. Trong trudng hop trai
lai, chiing ta sé tiép tuc ham s6 & C, tai day néu C théa man thi chiing ta lya chon dép 4n
C con khong sé khing dinh D 14 dang.

= Trong cdch gidi tu Iudn 2 ching ta 14n lugt thi t phai qua trai cho cdc ham sd.

= Trong cdch Iya chon ddp dn bang phép thit ching ta loai trtt d4n bang viéc thuc
hién theo hai budc:

Buéc 1: St dung diéu kién can d€ ham s6 don diéu trén D la phai xac dinh trén D,
chiing ta loai bé dugc cic dédp 4n C va D bdi cdc ham s6 nay déu khong xac dinh trén R.

Buéc 2: SG dung tinh chit nghiém ctia phuong trinh bic ba, d€loai bo duge dap an A.
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Bai 2. Ham s6 nao sau day 13 ham s6 nghich bién trén R?

Ay=-xX+2x-x+3. B.y=-x*+2x"+1.
C.y=cos2x - 2x + 3. D.y= V1-x*,
Dbap s6 trac nghiém C.

» Loi gidi ty Iudn 1: (Thyc hién tli trdi qua phai): Ta 14n lugt:
V&iham s6 y = -x* + 2% - X + 3 xac dinh trén R thi:
y =-3x"+4x-1,
V<038 +4x-1<0x< % hodcx > 1.
Do 36, dap an A bi loai.
8 V§i ham s6 y = -x* + 2% + 1 xdc dinh trén R thi:
y =-4x° + 4%,
V<0 4 +4x<0 & 4x(x*-1) <0< -1<x<0hodcx > 1.
Do d6, dap an B bi loai.
Vi ham s6 y = cos2x - 2x + 3 xac dinh trén R thi:
y =-2sin2x - 2 =-2(sin2x + 1) <0 Vxe R

Do d6, dép an C la dlng, t6i day ching ta diing lai.

» Loi gidi tu Iugn 2: (Thyc hién tli phai qua trai): Ta lan lugt:

V6iham sy = J1-x* xac dinh trén [-1; 1] nén dap an D bi loai.

V6i ham s6 y = cos2x - 2x + 3 xac dinh trén R thi:

y =-28in2x - 2 = -2(sin2x + 1) <0 VxeR

Do d6, dap 4n C la dung, t6i day chung ta diing lai.

» Lua chon ddp 4n bang phép thii: Ta 1an lugt danh gia:

Trudc tién, ham s6 nghich bién trén R thi phai xac dinh trén R. Do dé, ddp 4n D
bi loai. T6i day ta chi con phai lua chon A, Bva C.

8 Vi B 12 ham s6 bac bén nén c6 dao ham 1a mét da thiic bac ba, va mét da thic bac
ba thi khong thé luén am (do phuong trinh bac ba luén c6 it nhit mét nghiém), suy ra
dap an B khong thda mén.

V6iham s6y = -x* + 2x* - x + 3 x4c dinh trén R thi:

y =-3x*+4x - 1,

10)
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Y <0 -3x +dx - 1 30¢:>xs% hojcx > 1.
Do dé, dap an A bi loai.
Do dé, viéc lua chon dap an C 1a ding dan.
Bai3.Ham s6y = %XB’ - 2x* + 3x + 1 dong bién trén cac khodng:
A. (-o0; 1) va ~[3; +00). B. (-o0; 1] va [3; +00).
C. (-00; 1] va (3; +00). D. (-00; 1) va (3; +00).

Dap s0 trac nghiém B.

> Loi gidi tu ludn: Ta 14n lugt cé:
= Tap xac dinh D = R,

® Dao ham: y’ = x* - 4x + 3.
x23,
x<1

Vay, ham s6 dong bién trén cdc khoang (-o0; 1] U [3; +00).

= Ham s6 dong bién khi: y 20 = x*- 4x+320 <

> Lua chon ddp 4n bing phép thir: Nhan xét ring ham dong bién khiy’ >0 do d6

s€ c6 hai ntta doan (d4u ngodc vuodng “[,]”) nén cic dap 4n A, C va D bi loai.

Do d6, viéc lya chon ddp én B 1a ding dén.

" Nhan xét: Nhu vay, d€ lua chon dugc dép 4n ding cho bai todn trén thi:
= Trong cdch gidi ti ludn chiing ta thuc hién theo hai buéc:

Budc 1: Tinh dao ham ctia ham sé.

Budc 2: Thiét lap diéu kién d€ ham s6 dong bién, tui do rut ra dugc cac khoang

can tim.

= Trong cdch Ija chon ddp 4n bang phép thi chung ta loai trit ngay dugc cac dép én

A, Cva D théng qua viéc dénh gid vé sy ton tai clia cic ddu ngodc vudng. Trong tridng
hop céc dap an dugc cho dudi dang khéc, chiing ta cd thé dénh gia thong qua tinh chét
ctia ham da thiic bac ba - Bai toan sau minh hoa cho nhén xét nay.

Bai4. Him sy = %x3 + %—xz + 2 nghich bién trén cac khoang:
A. (-00; -1] va [0; +00). B. (-00; 0] va [1; +0).
C. [-1;0]. D. (0; 1).

Dép s6 trac nghiém C.
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> Loi gidi ty ludn: Ta lan lugt co:

e T4p xac dinh D = R.

Paoham:y =x* +x.

Ham s6 nghich bién khi: y <0 & x> +x<0 < -1 <x<0.

Vay, ham s& nghich bién trén [-1; 0].

» Luia chon ddp 4n bing phép thii: Nhan xét rang:

= Ham s6 nghich bién khi y’ <0 do d6 sé c6 hai nita doan (d4u ngodc vuodng “[, ]”)
nén dap an D bi loai. ;

s Ham da thiic bac ba v6i a > 0 nghich bién trén doan nidm gifia hai nghiém cta
phuong trinh y’ = 0 nén cic dap an A va B bi loai.

Do d6, viéc lya chon dp 4n C 1a dung dan.

& Chit : Nhu vay, d€ lua chon dugc dép dn dung bang phép thii cic em hoc sinh
cin ndm viing kién thiic vé tinh chét ctia ham da thiic bic ba va d4u tam thtic bac hai.

Bai5. Ham sy = %x‘* - %xz - 1 d6ng bién trén cac khoang:

A, (-o0; -1] va [1; +o0). B. [-1; 0] va [1; +o0).
C. (-o05 -1] va [0; 1]. D. [-1; 1].

baép s6 trac nghiém B.

» Loi gidi tu Iudn 1: Ta l1an lugt co:
Tép xdc dinh D = R.

EDaohétm:y’=x3—x,y’=0<::>x3-X=0<::>x(x2—1)=0<i}{X o
X=I

= Bang bién thién:

X -00 -1 0 1 +00

y -0 + 0 -0+

y +oo\ _ / -5 \ . /+oo

Tl d6, suy ra ham s§ d6ng bién trén [-1; 0] va [1; +o0).
> Loi gidi tu Iugn 2: Ta lan lugt co:

@ Tipxéc dinh D= R.
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"Daohim:y =x*-x,y20x*-x20< x € [-1;0] U [1; +0)
Dua trén viéc xét ddu bang cach vé truc s6 nhu sau:

-1 + 0 1 +

V

Tt d6, suy ra ham s6 dong bién trén [-1; 0] va [1; +o0).

» Lua chon dép dn bing phép thi:Nhan xét rang ham da thiic bic b6n dang trung
phuong véia > 0 thi:

= C6 khodng d6ng bién chiia +o0 nén cac dap 4n C va D bi loai.

= C6 khoang d6ng bién khong chiia -co nén dap 4n A bij loai.

Do d6, viéc lua chon dap 4n B 1a dung dén.

" Nhén xét: Nhu véy, d€ Iya chon dugc ddp 4n ding cho bai todn trén thi:

= Trong cdch gidi tu ludn 1 ching ta thuc hién theo hai buéc:

Budc 1: Tinh dao ham ctia ham s6.

Budc 2: Thay vi thiét lap diéu kién y’ > 0 chiing ta di gidi phuong trinh y’ = 0 r6i lap
bang bién thién cho tryc quan (bdi viée gidi bat phuong trinh bac ba d& giy nham d4u).

= Trong cdch gidi tu ludn 2 ching ta thyc hién theo hai budc:

Budc 1: Tinh dao ham ctia ham s6.

Budc 2: Thiét lap di€u kién y’ > 0 chiing ta x4c dinh dugc nghiém ctia bit phuong
trinh bang viéc xét d4u ngay trén truc s6 (mién ngoai cling cting ddu véi hé s6 a va sau
dé dan diu).

Trong cdch Iua chon ddp dn bing phép tht, cac em hoc sinh cin nim viing kién
thic vé tinh chat clia ham da thiic bic bén dang triing phuong.

Bai 6. Ham s6 y = x* - 2x - 5 nghich bién trén c4c khoang:
A. (-00; -1] va [1; +0). B. (-o0; -1] va [0; 1].
C.[-1; 0] va [1; +o0). D.[-1;1].

Dap s6 trac nghiém B.

» Loi gidi ty Iugn 1:Tal4n lugt co:

= Tapxdc dinh D = R.

"Paohim:y =4x*- 4x, Y =0 0 4> - d&x =0 4x(x2- 1) = 0 & [z




s Bang bién thién:

X -00 -1 0 1 +00

y -0 + 0 -0+

y +00Q -5 +00
\ P / \ P /

T d6, suy ra ham s6 nghich bién trén (-o0; -1] va [0; 1].
» Loi gidi tu Iugn 2: Ta 1an lugt cé:

Tép xdc dinh D = R.

Pao ham:

V=xX-x5720=x-x20x € [-1;0] U [1; +0).
Dua trén viéc xét ddu béng cach vé tryc s6 nhu sau:

—“1 + 0 1 +

T d6, suy ra ham s6 nghich bién trén (-o0; -1] va [0; 1].

> Lua chon ddp 4n bang phép thit: Nhan xét rang ham da thiic bac bon dang triing
phuong véia > 0 thi:

= C6 khodng nghich bién chita -co nén céc dap an C va D bi loai.,
C6 khoéang nghich bién khong chifa +o0 nén dép én A bi loai.
Do d6, viéc lua chon dp 4n B 1 dung dan.
Bai7. Ham s6 y = ;2—551— nghich bién trén khoang:
A. (-o0;1]. B. [1; +0). C. R\{1}. D.R.
Dbép s6 trac nghiém C.
» Loi gidi tu lugn: Ta 14n lugt co:
Tap xac dinh D = R\{1}.

Pao ham:y’ = ~(-———21—2~ < 0 = ham s6 nghich trén D.
Vay, ham s6 nghich bién trén R \{1}.

» Lua chon dép 4n bang phép thit: Nhan xét raing ham phén thic bac nhit trén béc
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nhét luén don diéu (luén déng bién hoic luén nghich bién) trén tap xdc dinh cua né,
do dé ta lua chon ngay dap én C cho bai toan.

@ Chuy: Nhu vdy, délua chon dugc ddp dn ding bing phép thti cic em hoc sinh cdn
nam viing kién thiic vé tinh chat ctia ham phan thiic bic nhdt trén bac nhat.

X 1 déng bién trén khoang;

Bai 8. Ham sy =
X+
A. (-o0; -1]. B. [-1; +0). C. R\{-1}. D.R.
Dap s6 trac nghiém C.
» Loi gidi tu ludn: Ta lan lugt co:

= Tap xdc dinh D = R\{-1}.

DPaoham: y = >0 => ham s6 dong bién trén D.

(x +1)?

Vay, ham s6 dong bién trén R\{-1}.

» Lua chon ddp 4n bang phép thii: Nhan xét ring ham phan thiic bac nhdt trén bac
nhét luén don diéu (luén dong bién hoic ludén nghich bién) trén tap xac dinh ctia no,
do dé ta lya chon ngay dap 4n C cho bai toan.

2

Bai9. Him s§y = . nghich bién trén cic khoang:
, X =
A, (-o0; 1) va (1; 2]. B. (-00; 1) va [2; +00)..
C. [0;1) va (1; 2]. D. (-o0; 1) va (1; +00).

Dbap s6 trac nghiém C.
> Loi gidi ty lugn: Ta l4an lugt cé:
Tap xdc dinh D = R\{1}.

2x(x-1)-x> x> -2x
x-1° x-1)?
Ham s6 nghich bién khi y <0< x*-2x<0< 0<x<2.

@ Dao ham:y’ =

Viay, nghich bién trén cdc khoang [0; 1) U (1; 2].
» Lua chon ddp dn bing phép thi 1: Ta lan lugt danh gié:

ViD = R\{1} va v6i ham phén thtic bac hai trén bac nhét thi y’ = 0 hodc v6 nghiém
hodc c6 hai nghiém phan biét d6i xting qua diém 1. Do dé, cdc d4p 4n A va B bj loai. T6i
day ta chi con phdi lya chon C va D.
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o Ldyx=2vax=3suyray(2) =4vay(3)= 9, tiic 1a ham s6 d6ng bién trén [2; 3],
suy ra dap an D bi loai. 2

Do d6, viéc lua chon dap 4n C la dung dan.
» Lua chon ddp 4n bing phép thit 2: V6i ham phén thtic bac hai trén béc nhét c6

ad < 0 thi diéu kién y’ < 0 tuong duong véi Ax* + Bx + C< 0 (v6i A > 0). Suy ra, ching ta
chi c6 thé nhan dugc [a; b] (vGia+b=2).

Do dé, viéc Ija chon dép én C la ding dén.
Bai10.Ham s6 y=x - -)—2(— d6éng bién trén cac khoang:
A.[-2;3]. B. [-2; 3]\{0}. C. R\ (-2;2). D. R\ {0}.
Dap s6 trac nghiém D.
» Loi gidi tu lugn: Ta 1an lugt co:
Tap xac dinh D = R\{0}.
Paoham:y' =1+ ;27 >0 = ham s6 dong bién trén D.
Vay, ham s§ d6ng bién trén R\{0}.
» Luia chon dép én bang phép thit: Ta 1an ligt danh gid:

= Vi D = R\{0} v v4i ham phan thtic bic hai trén bic nhit thiy = 0 hodc v6 nghiém
hogc c6 hai nghiém phén biét d6i xing qua diém 0. Do d6, cic dép an A va B biloai. Téi
day ta chi con phai Iya chon C va D.

Liyx=1vax=2suyray(l) =-1vay(2) =1, ticla ham s6 dong bién trén [1; 2],
suy ra ddp an C bi loai.

Do d6, viéc lya chon dap 4n D 1a dung dan.
Bai11.Ham s0 y = 2 +x-x* nghich bién trén:
A. F; 2] B. [_1; l} . C. [2; +00). D.[-1;2].
2 2
Diép s6 trdc nghiém A.
> Loi gidi tu Iudn: Ta lan lugt co:
Tap xac dinh D = [-1; 2].

1-2x
ePaoham:y = ————,7y <0 1-2x50x2
) y 242+ x —x* Y

B | =




|

trén G— 1] , suy ra dap an C bj loai.

BALTAP TRAC NGHIEM MON TOAN - K} THI THPT

Vay, ham s6 nghich bién trén B— 2} .

» Lua chon ddp dn bang phép thii I: Ta 1an lugt ddnh gia:
® Tim tap xdc dinh ctia ham s6 D = [-1; 2], suy ra céc dép an C va D 12 sai.

Xuét phat tii tinh chdt cia ham 6 y = ax® + bx + ¢ (vdi a < 0) nghich bién trén

—-213~;+ oo), suy ra ddp an B khong théa man.
a

Do d6, viéc lya chon dap 4n A la ding dan.
» Luya chon ddp dn bing phép thir 2: Xu#it phat tit tinh chat ctia ham sé:
y = -x* + x + 2 nghich bién trén {l;Jr oo)

2

Suy ra cac dép an B, C, D khdng théa mén.

Do d6, viéc lua chon ddp én A la ding dén.

Bai12.Ham s6y =x - Jx dong bién trén:

A. (_w; 1],
4

Dap s6 trac nghiém B.

B. B; +oo]. C. [0; ﬂ . D. (-; 0].

» Loi gidi tu ludn: Ta ¢ diéu kién: x> 0 = D = [0; +00).

\ > 1 > 1 1
sPaohim:y=1- —, V=0 1- —= =0 x= —.
ao ham:y e y N X 7
= Bang bién thién:
X -0 0 1/4 +00
| y// - O +
0 -1/4 +00
//g/) T~ —
y CT

Vay, ham s6 dong bién trén B: + oo).
» Lua chon ddp dn bang phép thit: Ta 14n lugt ddnh gia:
ViD = [0; +o0) nén cac dap an A va D b loai. T6i day ta chi con phai Iya chon B va C.

= L4 levé\X:lsu ra y[ L =-lvé (1) = 0, tlc 1a ham s6 dong bién
y 4 y Y2 L ey g

Do d6, viéc lya chon dap 4n B 1a dung dan.




e \ " 1 s oan x A .
Bai 13. Choham s6 y = 3 x>+ ax® + 4x + 3. Ham s6 dong bién trén R khi:

A.la| 1. B.ax1. C.a<2. D.

Dép s6 trac nghiém D.

a| <2.

» Loi gidi tu Iugn: Ta lan lugt cé:

Tap xdcdinh D = R.

= i)aohém:y’:xz+2ax+4

# D& ham s6 dong bién trén R diéu kién la:
Y 20VxeR <& f(x) =x*+2ax+420VxeR < D' <0
oat-4<0<[a| <2

Viy, véi |a| < 2 thoa méan diéu kién dau bai.

> Lua chon ddp 4n bing phép thii két hop tu ludn: Ta co:

Tap xac dinh D = R.

Pao ham: y’ =x + 2ax + 4.

Khi do:

V6ia=-2thiy =x>-4x +4=(x-2)?20 Vxe R do d6 cic dap 4n A va B bi loai

(vi chung khong chiia gid tria = -2).

Véia = -3 thiy =x* - 6x + 4 khong thé khong am véi moi xe R do d6 dép én C

bi loai.

Do d6, viéc lya chon dép an D la ddng dén.

Bai 14. Cho ham s6 y = ax - x>. Ham s6 nghich bién trén R khi:

A.a<0. B.az1. C.a<g2. D.0<a<2.
Dép s6 tric nghiém A.

> Loi gidi tu Iudn: Ta lan lugt co:
Tép xdcdinh D = R,
Pao ham:y’ =a - 3x%
Dé ham s6 nghich bién trén R diéu kién la:
Y <O0VXeR <>a-3x"<0VxeR <a<3x’ VxeR <ax<0.

Vay, v6i a < 0 théa mén diéu kién dau bai.
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» Lua chon dédp dn bang phép thii: Ta c6 véia =1 thiy =1 - 3x*> khong thé khong

duong véi moi xe R do dé céc dap an B, C va D bi loai (vi chung chita gid tria = 1).

Do do, viéc lua chon dap 4n A 1a diing ddn.

Bai15. Choham sy = MX -2 Ham s6 nghich bién trén tap xac dinh ctia né khi:

x-1

A.m<4. B.m>2. C.m>2. D.m<4.

Dap 6 trac nghiém B.

> Loi gidi tu ludn: Ta lan lugt co:
# Tap xdc dinh D = R\ ({1},
2-m
(x=1%
= D€ ham s6 nghich bién trén R \{1} diéu kién 1a:

® Paoham:y’ =

y <0 Vxe R\{1} va ddu dang thic chi x&y ra tai mot s6 hiiu han diém
<2-m<0&m>2

Vay, v6i m > 2 théa mén diéu kién dau bai.

» Lua chon ddp dn bang phép thit két hop tu Iuan: Ta co:

= Tapxacdinh D =R,

2—-m
(x-1?"

Daoham:y =
Khi do:

1,0 3 b 2 ! N A (¢ A
V6im=0thl:y = > > 0=>Ham s6 dong bién trén D

x-1)

= Céc dép an A va D bi loai (vi né chita gid tri m = 0).
® V6im = 2 thi: y = 0 = Ham s6 & ham hng = Pép én C bi loai.
Do do, viéc lya chon dép 4n B 1a diing din.

@ Chu y: Rit nhiéu hoc sinh khi thuc hién bai todn trén dudi dang tu ludn da dua

ra kétludnm > 2.




‘CAC PHUONG PHAP Ti/

CAG PHUDNG PHAP GIAI BAI TAP TRAC NGHIEM
CUC TRI CUA HAM SO

| KIEN THUC COBAN

1. Khdi niém cyc tri caa ham s6

Dinh nghia: Cho ham s6'y = f(x) xdc dinh trén tip hopD (D € R) vax € D. |

a.x, goi la mot diém cuic dai cha ham 8y = f(x) néu ton tai mét khodng (a; b) chifa
diémx, sao cho (a;b) € D va:

f(x) < f(x,), v6i moix € (a; b)\{x;}.
Khi d6 f(x,) dugc goi 1a gid trj cuc dai clia ham s6 f(x).

b.x, goi Ia mot diém cuic tiéu clia ham s6'y = f(x) néu t6n tai mét khodng (a; b) chifa
diémx  sao cho (a;b) € D va:

f(x) > f(xo), v6imoix € (a; b)\{x,}.
Khi d6 f(x,) dugc goi la gid trj cuc tiéu ciia ham s6 f(x).
Gié tri cyc dai va gia tri cyc tiéu dugc goi chung Ia cyic fri.
2 Diéu kién cAn d€ ham s6 ¢6 cyc tri
Xét ham s8 y = f(x) lién tuc trén khoang (a, b) va x € (a, b).

DinhIf I: Gi4 st ham s6'y = f(x) dat cuc trj tai diém x,. Khi d6, néu f(x) c6 dao ham
tai diémx thif’(x) = 0.

Diéu kién dt d€ ham s6 6 cuc tri

Dinh If 2: Gi4 stt ham s6'y = f(x) lién tuc trén khodng (a ; b) chia diém x, va c6 dao
him trén cdc khodng (a; x) va (x;; b). Khi d6:

a. Néuf’(x) < 0 véi moix € (a;x,) vaf’(x) >0 v6i moix € (x; b) thi ham s f(x) dat
cuc tiéu tai diémx,.

b. Néuf’(x) >0 vdimoix € (a;x) vaf’(x) <0 véimoix € (X; b) thi ham sé f(x) dat

cuc dai tai diémx .

N6i mot cach vin tit: Néu khi x qua x, dao ham d6i ddu thi diém x 1a mot diém
cuc tri.
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Ta tom tit Dinh Ii 2 trong cac bang bién thién sau:
- 0 a X, b +o
7/ - 0+ ;/
/% T~ cr— ///,
X ?700 a X, l}/ + 00
O —— S~

y

~<:!~<‘><

Tu Dinh Ii 2 ta c6 quy tic tim cuc tri sau day:

Quy tic 1: D€ tim cyc tri ciia ham $8 y = f(x) ta thuc hién theo cic budc:

Budc 1: Tinh £(x).

Budc 2: Tim cac di€m x, (i=1,2, ...) tai d6 dao ham ctia ham s bang 0 hodc ham s§
lién tuc nhung khong c6 dao ham.

Buidc 3: Xét ddu f’(x). Néu f°(x) d6i ddu khi x qua diém x. thi ham s6 dat cuc tri tai X,.

Binh If 3: Gid st ham s6'y = f(x) cé dao ham cdp mét trén khodng (a; b) chiia diém
x,,f'(x,) = 0 va f(x) ¢6 dao ham cp hai khdc 0 tai diém X,

a. Néuf”(x ) < 0 thi ham s6 dat cuc dai tai diém x,.

b. Néuf”(x,) > 0 thi ham s6 dat cuc tiéu tai diém x

Tl dinh 1i 3 ta c6 quy tic tim cyc tri sau day:

Quy tic 2: D€ tim cuc tri ctia ham s6 y = f(x) ta thuc hién theo cic budc:

Budc 1: Tinh £7(x).

Budc 2: Tim céc nghiém x (i = 1, 2, ...) clia phuong trinh f’(x) = 0.

Buidc 3: V6i méi i ta tinh £7(x ), khi do:

= Néu f”(x) < 0 thi ham s6 dat cuc dai tai diém x..

Néu £”(x) > 0 thi ham s6 dat cyc ti€u tai diém x.

s CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

Bai 1. Cho ham s6 y = x* + 6x% + 9x - 3. Ham s ¢6:
A, Mot cuc dai va mot cuc tifu. B. Hai cuc dai.

C. Hai cyc tiéu. D. Khong c6 cyc tri.




Dap s6 tric nghiém A.

> Loi gidi tu Iudn: Ta 1an lugt co:
s Tap xdc dinh D = R.
s Pao ham: y =3x* + 12x + 9,
V=030 +12x+9=0x+4x+3=0<x=-1hodcx=-3.

= Bang bién thién:

X |-© -3 -1 +00
y + 0 - 0 +

Cb CT v +00
v | <o / B \_7 /

Vay, ham s6 c6 mot cuc dai va mot cuc tiéu.
> Luia chon ddp 4n bing phép thi: Ta c6 danh gia:
Ham da thiic bac ba chi c6 thé xay ra mét trong hai trudng hop:
- Khong c6 cyc tri.
- Mt cuc dai va mot cuc tiéu.
Suy ra, cac dap an B va C bi loai.
Tinh nhanh y’ v nhan thdy phuong trinh y’ = 0 ¢6 2 nghiém phén biét.
Do d6, viéc lya chon dép én A 1a dung dan.
% Nhan xét: Nhu vy, dé Ia chon dugc dap 4n dung cho bai todn trén thi:
Trong c4ch gidi tu ludn ching ta s dung quy téc 1 d€ giai.

= Trong céch Iua chon dép 4n béng phép thii cic em hoc sinh cdn ndm viing kién
thiic vé tinh chat cuc tri cia ham da thiic bac ba.

Bai2.Cho ham s6 y = x* - 8x* + 2. Ham s06 c6:

A. Mot cuc dai va hai cuc tiéu. B. Mot cuc tiéu va hai cuc dai.
C. Mot cyc dai va khong c6 cuc tiéu. D. Mot cuc dai va mot cuc tiéu.

Pap s6 trac nghiém A.
> Loi gidi tu Iudn: Ta 1an lugt cé:
= Tap xdc dinh D = R.
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ﬂDaohém:y’=4x3—16X,Y’:O<:>4x3—16x=0<:>x3—4x:0<:>{X
X

=0
+

2

= Bang bién thién:

X -00 -2 0o 2 +00

y -0 + 0 - 0 o+

+ o0

oo CT Cb CT +
-14 2 -14

Vay, ham s6 c6 mét cuic dai va hai cuc tiéu.

» Lua chon ddp 4n bang phép thii: Nhan xét raing ham triing phuong véi a > 0 chi
c6 thé xdy ra mot trong hai trudng hop:

Mot cuc tiéu.

Mot cuc dai va hai cyc tiéu.

Do dé, viéc lya chon dép 4n A 1a dang dan.

@ Nhén xét: Nhu vay, d€ Iya chon dugc dap an ding cho bai todn trén thi:

Trong cdch gidi ty ludn ching ta st dung quy tic 1 d€ gidi. Chu y rang, d€ nhanh
chéng Iya chon dugc dép an dung ching ta thudng thyc hién trich Iugc tu ludn, tic 1a

khong can thiét phai tinh céc gid tri cyc tri ma chi cAn dya vao bang xét ddu ctia y’ d€ chi
ra dugc dap an dung.

Trong cdch Iua chon ddp dn bang phép thit cic em hoc sinh cAn ndm viing kién
thiic vé tinh chdt cyc tri ctia ham da thiic bac bon dang tring phuong.

Bai 3. Cho ham s8 y = x* + 2x? + 3. Ham 6 c6:

A. Mot cuc dai va hai cuc tiéu. B. Mot cuc tiéu va hai cuc dai.
C. Mot cyc dai vakhong c6 cuctiéu. - D. Mot cuc ti€u va khong c6 cuc dai.
Dap s6 trac nghiém D.

> Loi gidi tu lugn: Ta 1an lugt cé:
Tap x4c dinhD = R.
Pao ham:

V=4 +4%, Y =024 +4x=0x(x+1)=0x=0.




P

Bang bién thién:

X -00 0 +00
y -0 +
+00 CT +00

Vay, ham s6 c6 mot cuc tiéu va khong c6 cuc dai.
> Lua chon dép dn bing phép thii: Nhan xét ring ham trung phuong véia > 0 chi
6 thé xdy ra mét trong hai trudng hop:
s Mot cuc tiéu.
Mbt cuc dai va hai cuc tiéu.
Suy ra, cac dap an B va C bi loai.
" Taco:
y’=4X3+4X,y’:O<:>4X3+4X=0¢:>X(X2+ 1)=0<x=0.
Ttic 13, ham s6 chi c6 mét cuc tri nén dap an A bi loai.
Do d4, viéc lya chon dép 4n D 1a dung dan.

Bai4. Choham s6 y = —Xi—:—Ham $0 cO:
X....

A, Mot cuc dai. B. Mot cuc tiéu.
C. Mot cyc dai va mot cuc tiéu. D. Khong c6 cuc tri.
Dap s6 trac nghiém D.

» Loi gidi ty Iudn: Ta lan lugt c6:
= Tap xéc dinh D = R\{1}.

= Pao ham: y’ = —(—%1—)2— < 0 v6i VxeD = Ham s6 khong cé cuc tri.
X—

> Lua chon dép 4n bing phép thi: Nhan xét rang ham phan thiic bac nhat trén bac
nhét khong c6 cyc tri nén ta thdy ngay viéc Iyta chon dap 4n D la dting dan.

& Nhén xét: Nhu vay, dé Iga chon dugc dép 4n ding cho bai todn trén thi:

Trong céch giai tu lun chung ta st dung quy tic 1 d€ giai.

Trong céch Iua chon dép 4n bing phép thit cdc em hoc sinh cdn ndm viing kién
thiic vé tinh chit cyc tri ciia ham phan thiic bic nhat trén bac nhat.
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Bai5.Chohamsdy=x+ L Hams6 c6:
X

A. Mot cuc dai va hai cuc tiéu. B. Mot cuc tiéu va hai cuc dai.
C. M6t cuc dai va mot cuc tiéu. D. Khong c6 cuc tri.

Dap s6 trac nghiém C.
» Loi gidi ty ludn: Ta lan luot cé:
= Tap xac dinh D = R\{0}.
1

2

x2

aPaoham:y=1- L y=0o1- L =0 x-1=0ox=41.
X
Bang bién thién:

X | -o0 -1 0 + 00
Y 0 - I

+ - +
Cb +-00 +00
y | -0 / -2 \—oo \CT /

Vay, ham s6 c6 mot cyc dai va khong co cuc tiéu.

N O

» Lua chon ddp 4n bang phép thit: Nhin xét ring ham phén thiic bac hai trén bac

nhat chi cé thé xay ra mot trong hai trudng hop:
= Khong c6 cyc tri.
= Mot cyc tiéu va mot cuic dai (hai cuc tri).
Suy ra, cac dép 4n A va B bj loai.
Ta co:
y=1- %,y’=0<:>1— Xiz 0o x-1=0ex==1,
Ttc 1a, ham s6 ¢6 hai cyc tri nén dap én D bi loai.
Do d6, viéc lya chon dap dn C la ding dén.
" Nhan xét: Nhu vay, d€ lua chon dugc ddp an dung cho bai todn trén thi:

Trong cdch gidi tu Iugn chting ta st dung quy téc 1 d€ giai. Chu ¥ ring, d€ nhanh
chéng lya chon dugce dép 4n dung chiing ta thudng thyc hién trich Iugc tu Iudn két hop
vOi tinh chit ctia ham phan thiic bic hai trén bac nht, tiic 1a khong cin thiét phai lap

béng bién thién ma chi cin dya vao s6 nghiém ctia y’ dé chi ra dugc dap an ding.

Trong cdch Iita chon ddp dn bing phép thit cic em hoc sinh cin nidm viing kién

thiic vé tinh chit cuc tri cia hAm phan thiic bic hai trén bac nhit.




2
B&i 6. Cho ham s5 y = 1‘.:3"_1”, Ham 5 co:
X —

A. Khong c6 cuc tri.

B. Hai cuc dai.

C. Hai cc tri va hoanh d¢ cuc ti€u nho hon hoanh d6 cuc dai.
D. Hai cuc tri va hoanh d6 cuc tiéu 16n hon hoanh d6 cuc dai.
Dap s6 trac nghiém C.

> Loi gidi tu ludn: Ta lan ligt c6:

= Tap xéc dinh D = R\{1}.

2 Ay
Dao ham:y’ = %{*—-Tz)i:‘,y’=0¢:>xz~ 2x=0<>x=0hodcx=2.
X —
Bang bién thién:
X | -00 0 1 2 + o0
y + 0 - I - 0 +
Cb +00 1 400
y |- -3 -00 CT

Vay, ham s6 6 hai cyc tri va hoanh d6 cuc tiéu 16n hon hoanh do cuc dai.

» Lua chon ddp dn bang phép danh gid: Ta co:

y = x* —2x
(x—17
<> x =0 hodc x = 2 = Ham s6 ¢d hai cyc tri.

y=0x-2x=0

Mgt khéc: lim y = +o0 = Ham s6 dat cuc tiéu tai x = 2 (dat cyc dai taix = 0).

Do d6, viéc lua chon dép 4n C 1a dung dén.

@ Nhan xét: Nhu vay, d€ lya chon dugc dap 4n dung cho bai todn trén thi:

= Trong cdch gidi t ludn chiing ta stt dung quy tac 1 d€ giai.

Trong céch Iuia chon dép 4n bing phép d4nh gid mét vai em hoc sinh néu cam thdy
kho hiéu thi hiy xem cdch giai thich nhu sau:

Chiing ta d3 thuc hién theo hai budc:

Buéc 1: Tinh dao ham dé€ khdng dinh hs c6 hai cuc tri.

Budc 2: Nhén xét ring: lim y = +00
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Suy ra, qua x = 2 ham s6 c6 hudng di lén, tic la ta cé déng;:

x=2
Ham s6 dat cuc tiéu tai x = 2 (dat cuc dai tai x = 0).
Do d6, viéc lya chon dap én C la dung dén.

Bai 7. Cho ham s6 y = x V4 —x* . Ham s6 c6:

A. Mot cyc dai va mot cuc tiéu. B. Mot cuc tiéu va hai cuc dai.
C. Mot cuyc dai va khong c6 cuc tiéu. D. Mot cuc tiéu va khong c6 cuc dai.

Dap s6 trac nghiém A.

> Loi giai ty Iudn: Ta 1an lugt co:
s Taco ditukién: 4-x*>20< |x|<2=>D=[-2;2].

2

%2

= Pao ham: y’ = Y =0c4-2=0x=+2 eD.

BN
4>~ I
>

Bang bién thién:

X - 00 -2 -2 2 2 4
7, - + - s

Tt d6, suy ra ham s8 ¢ mot cuc dai va mot cuc tiéu.
» Loi gidi tu ludn nhanh: Ta 14n lugt co:
Diéukién: 4-x*>0< [x/|<2=D=[-2;2].

Dao ham:

N
2\/4x \/4—x2.

T d6, suy ra phuong trinh y’ = 0 (c6 dang 4 - 2x? = 0) lu6n c6 hai nghiém phan biét

thudc tép D va d6i ddu qua chiing, Suy ra, ham s6 c6 mét cuic dai va mot cyc tidu.

Do d6, viéc Ivia chon dép 4n A la dung din.
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Bai 8. Cho ham s6 y = %)(3 + é—xz + 5. Téng céc hoanh d¢ cuc dai va cuc tiéu ctia ham s0
bang:
A.-2. B. -1. C. 0. D

Dbép s6 trac nghiém B.

1
=

> Loi gidi tu Iugn 1: Ta 14n lugt co:
s Tapxacdinh D = R,

x, =0
s Paoham: y =x* +x, y’=0<:>x2+x=0<:>{ ]

x, =1 ::>x1+x2::-1.

Do d6, viéc Ija chon dép én B 1a diing dan.

> Loi gidi ty Iugn 2: Ta 1dn lugt co:

Tap xac dinh D = R,

s Daoham:y’ = x* + x, y’=0<:>x2+x=0:>x1+x2=--§—=—1.

Do d6, viéc lua chon dép 4n B 13 dung dan.

> Loi gidi tu ludn dua trén tinh chét: Ta 14n lugt co:

Tap xac dinh D = R,

baoham:y =x* +x, y =2x+1,

y”=0<:>2x+1=0<:>xU=-~;~ =x +X,=2x;=-1

Do d6, viéc Iva chon d4p 4n B 13 diing dan.

> Loi gidi trich lugc ty lun dya trén tinh chit: Ta lan lugt co:

Ham da thiic bic bay = ax® + bx? + cx + d ¢6 hoanh d9 diém udn la:

S

= Khi d6, téng cac hoanh d¢ cyc dai va cyc tiéu clia ham sola:x +x,=2x,=-1

Do d6, viéc Iua chon dép 4n B 1a dung dan.

& Nhan xét: Nhu vay, dé Iya chon dugc dép an ding cho bai todn trén thi:

Trong cdch gidi tu lugn 1 chiing ta tim hai nghiém ctia phuong trinh y’ = 0 r6i tinh
téng hai nghiém dé.

= Trong cdch gidi tu lugn 2 ching ta tim t6ng hai nghiém ctia phuong trinh y’ = 0
bing dinh li Vi-ét va cach giai nay t6 ra hiéu qua hon trong trudng hop hai nghiém ctia
phuong trinh y’ =0 1¢.
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Trong cdch gidi tu ludn dya trén tinh chét, cic em hoc sinh can biét dugc tinh chét
déi xting cta cic diém cuc dai va cyc ti€u (néu cd) ctia ham da thiic bac ba qua diém
udn. Nhu véy, néu bai todn yéu cdu “Tinh téng cic gid tri cuc dai va cuc tiéu cta ham s6”
thi ngoai cach giai tu luén thong thudng ching ta c6 thé thuc hién nhu sau:

Tap xdc dinh D= R,

Daohamw=x2+x, Y =2x+1, y”=0<::>2x+1=0<:>xU=-%
61
=Yoo tV¥er = “2}'(-— T

® Trong cdch gidi trich lugc tu ludn dua trén tinh chét cac em hoc sinh c4n biét dugc

. 1 7. A A 14 by A . N A b
moi ham da thtic bic ba y = ax® + bx? + cx + d ludn ¢6 hoanh d¢ diém uén la X= 5 va
tinh chét déi xiing cia céc diém cuc dai va cuc tiéu (néu c6) clia ham s6 qua diém udn.

Bai9.Choham s6y=x-1+ 2, Tong cac hoanh do cuc dai va cyc tiu ctia ham s8 bing:
N :

A2, B.-1. C.0. D.2.
Dap s6 trac nghiém C.

> Loi gidi tu ludn 1:Ta 14n luot co:

= TapxdcdinhD =R \{O}

®Paoham:y' =1- -—,y 0&1- —2~ &x-2=0ex —+\/— =>x +x,=0.
Do dé, viéc lya chon dap 4n Cla dung dan.

> Loi gidi tu ludn 2: Ta 14n luot c6:

Tap xdc dinh D = R \{0}

'Daohamy—l— =,y = O<:>1- Sx-2=0=x +x,=0.

Do dé, viéc lua chon dapan Cla dung dan

> Lai gidi tu ludn dya trén tinh chat Ta lan lugt co:

Tép xdc dinh D = RA{0}.

g‘Tlemcandungx 0,suyra:x +x,=2.0=0.

Do dd v1éc lya chon dép 4n C 1a ding dan.

> Lufﬁ chon ddp 4n bang trich Iugc ty Iudn dua trén tinh chat: Ta c6 hoanh d6 tim
doi xting:

x=0=x +x,=2x =0.
Do d6, viéc lua chon dép 4n C 1a dting dén.

e
{29
AN




@ Nhén xét: Nhu vy, d€ lua chon dugc dap 4n dung cho bai toan trén thi:

Trong cich gidi tu lugn 1 ching ta im hai nghiém ctia phuong trinh y’ = 0 r6i tinh
t6ng hai nghiém do.

s Trong cdch gidi ty ludn 2 chung ta tim t6ng hai nghiém cta phuong trinhy =0
bang dinh 1i Vi-ét va cdch giai ndy t6 ra hiéu qua hon trong trudng hop hai nghiém cta
phuong trinh y’ = 0 1€.

Trong cédch gidi tu ludn dua trén tinh chat cac em hoc sinh cin biét dugc tinh chat
d6i xting cia cac diém cyc dai va cuc tiéu (néu c6) ctia ham phan thiic bic hai trén bac
nhét qua tm d6i xting (4 giao diém ctia hai dudng tiém cén). Nhu vay, néu bai toan yéu
cau “Tinh téng céc gi4 trj cuc dai va cyc tiéu clia ham s6” thi ngoai cach gidi tu luén thong
thudng chiing ta c6 thé thuc hién nhu sau:

Tap xac dinh D = R.

Tiém cin ding x = 0; tiém cén xién y = x + 1, suy ra tam dsi xing 1(0; 1), tii d6 ta
dugcy, + Yo, =21=2.

Bai 710. Cho ham s0 y = E:%%_ﬂ Ham s6 c6 hai diém cuc trix, x,, tich x .x, bing:
X —
A.-3. B. -2. C.2. D. 3.

DPép s6 trac nghiém D.

» Loi gidi tu ludn 1: Ta lan ligt co:
Tap xac dinh D = R\{2}.

= Pao ham:

x> —4x+3
=2 TP =0 -4x+3=0=
y =14 y=0ex [

Do d6, viéc Ia chon dép 4n D 1a dting dén.

Xy

=1
3 :>)g)cz:1.3=3.

X,

» Loi gidi tu lugn 2: Ta lan Iigt co:
Tap xéc dinh D = R\{2}.

x> —4x+3
(x-2)"
Do d6, viéc Iua chon dép 4n D 1a dting dén.

= Dao ham:y’ = y=02x-4x+3=0=>xX,=—=3.

[ Ke]

@ Nhan xét: D€ ting d6 kho cho dang todn ndy thong thudng nguoi ta dat ra yéu
ciu tinh mot biéu d6i xting phic tap hon giiia cic nghiém x, va x,.

et
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Bai 11. Cho ham s6 y = x* - 8x?+ 3. Ham s6 ¢6 ba diém cuc tri X, X, X,. Tich x,.x,.x, bang:
A.-2. B.-1. C.o0. D. 1.
Dap s6 tric nghiém C.
» Loi gidi ty ludn 1: Ta lan lugt co:
= TapxacdinhD = R,
Dao ham: y’ = 4x* - 16x, Y =04 -16x=0<> K' ;:Oiz =x XX =0.
Do d6, viéc Iua chon dép én C la ding dén. '

[N

> Loi gidi tu ludn 2: Ta 1an lugt cé:

= TapxdcdinhD = R.

Dao ham: y’ = 4x* - 16x, Y =0&4x-16x=0. (1)
Vix,, X,, x, la nghiém ctia phuong trinh (1) nén theo dinh li Vi-ét ta cé:

d
X XX =-—=0.
- a

Vay, ta ludn c6 x x,x, = 0.

» Lya chon ddp 4n bang phép thii: Nhan xét ring ham tring phuong (12 ham s6
chdn) luén c6 mot hoanh dé cyc tri bing 0, nén tich cac hoanh do cuc tri lu6n bang 0.

Do d¢, viéc Iya chon dép 4n C la dting d4n.

" Nhan xét: Nhu vdy, d€ Iya chon dugc dép 4n diing cho bai toan trén thi:

® Trong cdch gidi tu luén I chting ta tim ba nghiém ctia phuong trinh y’ = 0 r6i tinh
tich cac nghiém do.

® Trong cdch gidi tu ludn 2 chiing ta tim tich ba nghiém ctia phuong trinh y’ = 0 bing
dinh li Vi-ét.

@ Trong cdch Iya chon dép dn bing phép thit cdc em hoc sinh cn nhé riing v6i ham
trung phuong y = ax* + bx? + ¢ (a # 0) luén c6 mét diém cuc tri 14 (0; ¢) do d6 XX, X, =
0. Ngoai ra, ta ciing luén cé: x, +X, +X, =X, +X, =0, X, X, + XX+ XX =X X =- 3b

4a
Bai12. Cho ham s y = x* - 3x* - 24x + 1. Tich céc gid tri ciic dai va cyc tiéu ctia ham s6 bang:
A, -2921. B. -2291. C. -2912. D. -2192.
Dap s6 trac nghiém B.
» Loi gidi tu Iudn: Ta 14n lugt c6:
TapxdcdinhD =R,




CAC PHUONG Pl

® Dao ham: y’ = 3x* - 6x - 24, y=03x-6x-24=0= [iiiz

Khi d6, tich cac gid tri cuc dai va cuc tiéu cia ham s bang: y Ve, = y(4).y(-2)
= (42342 - 244 + 1)[(-2)° - 3.(-2)* - 24.(-2) + 1] = -2291.

> Loi gidi tu lugn két hop véi mdy tinh CASIO fx - 570MS: Ta co:

Tap xac dinh D = R.

@ Pao haim:y’ = 3x* - 6x - 24,y = 0 <> 3x* - 6x - 24 = 0.

= Gii nhanh phuong trinh y’ = 0 bdng cach 4n:

MoDH|1]
MODIFAODEI fMODEJ nEE

= I N=1R\e]

—229

Do d6, viéc lua chon dép én B 1a ding dan.

& Nhan xét: Nhu viy, d€ Iua chon dugc dép an ding cho bai todn trén chung ta chi
c6 thé stt dung céch gidi ty ludn. Viéc tan dung thém céc chiic ning clia may tinh CASIO
fx-570MS trong trudng hgp nghiém ctia phuong trinh y’ =01¢ hoic ham s6 c6 hé s616n

sé dam bao d6 chinh xéc cho cac két qua.

b ] y \ A 1 1 7 4 e . : Y R 9, ) I'4 ¥
Bai 13. Choham sy = Zx* -5 x*+ —;- . Tich céc gia tri cuc dai va cuc tiéu clia ham s6 bang:
X
A-=. B. -1. C.1. D. L.
32 32
Dap s trac nghiém D.

> Loi gidi tu Iugn: Ta lan lugt co:
Tap xac dinh D = R.
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B U . > _ 34— X=
Paoham:y =%’ - x, y=0&cx X—O<:>[X:+l

Khi d6, tich cac gia tri cuc dai va cuc tiéu ctia ham s6 béng:
P=y(D)y(O)y(D= 5.

» Loi gidi tu ludn két hop véi mdy tinh CASIO fx ~ 570MS: Ta c6:

* TapxdacdinhD =R,

x=0

B Am: vo= %3 - > — 3.x =
Daoham:y’ =x* - x, y=0%-x 0<:>[X___il

Khi do, tich céc gia tri cyc dai va cuc tifu cia hAm s6 1A P = 515 dugc tinh nhanh
bang cach 4n:

“ Nhap ham s6 y = —}l—x4— -;—x2+ % ta an:

QiacroA @+ BE«BAAcrrd RN E 26 B2

= Khi d6, talan lugt véicac gid trix=0,x=-1vax=1:

0B

caid @1 B 14
-

CAL(C 144

2
Bai 14. Cho ham s6 y = X ~**4 Tich cic gi tri cuc dai va cuc tiéu ctia ham s6 bang:
Y 1 g g

A, -15. B. -10. C. -5. D.o.
Dap s6 trac nghiém A.

» Loi gidi ty Iugn 1: Ta 1an lugt cé:

= Tap xac dinh D = R\{1}.

x,=-1
X,=3"

2

®=PDaoham:y =1- y=0&1-

—_—, 4 5 =0c>(x-1)2=4<:>[
(x-1) (x-1)

Khi dé, tich cac gia tri cuc dai va cuc tiéu clia ham s8 bing:
D' +1+4 32 _344
P=vy(-1)y(3)= ~——-.2 7°7% =15,
y(1)y(3) = —— =
> Loi gidi ty Iudn 1 két hgp vdi mdy tinh CASIO fx - 570MS: Ta c6:
Tap xdc dinh D = R\{1}.
x, =-1

@ Paoham:y =1- y’=0<:>1———4—2=0<:>(x—1)2:4c>{ 1

(x-1*’ (x-1)
Khi do, tich cac gia tri cuc dai va cuc tiéu ctia ham s6 13 P = -15 dugc tinh nhanh
bang cach 4n:

X,=3"




x*—x+4

® Nhiap ham s0y = ta dn:

x—1 ;
@ ACPEA X 8 B (Crea) X B8 « BB @ apua X E 1 B

= Khi d9, ta lan lugt véi cac gid trix =-1vax = 3:

card @18
caLd s

> Loi gidi tu ludn 2: Ta 1an ligt c6:
v Tap xac dinh D = R\{1}.

2
v Pao ham:y’ = -X(—"-Z%Z—S
X—

Khi dé:

y=0cx2-2x-3=0<>x=-1hodcx=3.
PV—, =2x-1=P=y(0).y(2) = [2(-1) - 1](2.3 - 1) =-15.

> Loi gidi tu ludn 2 két hgp vdi mdy tinh CASIO fx - 570MS: Ta c6:

= Tap xac dinh D = R\{1}.

, x*-2x-3

= Pao ham: y’ = -1

, u
Ta co: —=2x-1.
v

y=0%-2x-3=0&x=-1hodcx=3.

Khi d6, tich cac gi tri ciic dai va cuc tiéu ctia ham s6 1a P = -15 dugc tinh nhanh
bang cich 4dn:
Nhép ham s6y = 2x - 1 ta an:
2 ALPrA/ K
® Khi d6, talan lugt véi cac gid trix =-1 vax = 3:
caid @1 B
] - |
> Loi gidi tu Iudn 3: Ta lan ligt co:
Tap xac dinh D = R\{1}.

2_9%x-3 o (x,+x,=2
- h\ . > f—_._.’ >: 2 _ - — 1 2
Dao ham:y x-17 y=0x-2x-3=0= {X1X2=—3
Khido: -+ =2x- 1= P=ylx)y(x) = (2x - (2x,- 1)

=4xx, - 2(x, +X,) +1=4.(-3)-22+1=-15
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" Nhén xét: Nhu vy, d€ Iua chon dugc dép én dung cho bai toén trén thi:

= Trong cdch gidi tu Iun I chung ta tim hai nghiém cia phuong trinh y’ = 0 réi tinh
tich cac gid tri clia ham s6 tai cic nghiém dé.

Céch gidi tu Iudn 1 két hop sit dung mdy tinh CASIO fx-570MS chi c6 tinh minh
hoa, bdi nd chi 6 ra hiéu qué trong trudng hop nghiém ctia phuong trinh y’ = 018 hoic
ham s6 ¢6 hé s6 16n.

= Trong cdch gidi tu lun 2 ching ta st dung két qua:

“V6i ham phén thitcy = %, gid tri cyc dai cyc ti€u dugc tinh bang cach thay hoanh

do ctia chung vao -
v

= Trong cdch gidi tu Iudn 3 ching ta sti dung két qué dugc gii thiéu trong 16 giai tu
luén 2 va dinh 1i Vi-ét.
Bai 15. Cho ham s6 y = |x|(x + 4). Toa d¢ diém cyc dai ctia ham s6 1a:
A. (15 3). B. (-2; 4). C. (0;2). D. (05 0).
Dap s6 triac nghiém B.
> Loi gidi tu Iudn sit dung quy tic I: Ta 1an lugt cé:
s Tap xdc dinhD = R,
= Viét lai ham s6 duéi dang:
] x(x+4) v6ix <0 v -2x-4 v6ix <0
T xGx+4) veix>0 7 T | 2x+4 véix>0
Bang bién thién:

X -00 -2 0 +00
y + 0 - 0 +

. I~

Viy, toa do diém cuc dai cia d6 thi ham s6 13 (-2; 4).

+00

» Loi gidi tu Iudn sit dung quy tic IT: Ta 1an lugt co:
s TapxacdinhD = R.
Viét lai ham s6 duéi dang:
_{~x(x+4) v6ix <0 , {—2x—4 voix<0 | {—4 v6ix <0

x(x+4) v6ix>0’ V= 2x+4 véix>0 2V T
Y=0x=-22y(2)=-4<0

4 v6ix>0

Y
fw A}




Vay, toa d6 diém cuic dai clia ham s6 12 (-2; y(-2)) =(-2; 4)

@ Nhan xét: Nhu vay, d€ Iya chon dugc dap an dang cho bai toan trén chung ta chi
c6 thé st dung céch gidi ty luén. Tuy nhién, ngudi ta thuong khong lya chon quy tac IT
cho cdc ham s6 chiia d4u gid tri tuyét d6i, cu thé quy tic IT khong thé kiém tra dugc dau
13.diém cuc tiéu clia d6 thi ham s6, thém vao d6 v6i cach cho dép 4n nhu véy ching ta
chi c6 théloai trii dugc dép 4n C bang phép thii thong thudng.

Bai 16. Cho ham s8 y = sin2x - x - 2. Ham s dat cuyc ti€u tai cic diém:

A x=—L1kn. B. x =~ tkn.

3 3
C.x=—ZFikn. D. x="4kn.

6 6
Dap s6 tric nghiém C.
> Loi gidi tu ludn sit dung quy tic II: Ta 14n ligt c6:
Tipxacdinh D= R.
2 Pao ham:
y =2cos2x- 1,y =0 2c082x - 1 =0 < cos2x = ?15 & x=tZ+kn,keZ
y’ = -4sin2x = Y”(-%+knj = —4sin(—§+2knj =23>0
Do d6, ham s& dat cuc tiéu tai cdc diém x = —%+ kn, ke Z

» Lua chon dép 4n bing phép thii: Chon k = 0, ta 14n lugt tinh céc gid tri cia ham s6

. T T T T
taix=-—,X==,X=-—,X= —!
3 3 6 6
L 21 T \/g i
——|=sin|-Z= |+ = -2=-—+—= -2
y( 3j [ 3} 3 2 3
T 21 W 3 m
yl—|=sin= - = -2=— - —=-2
(3) 3 3 2 3
’It e
y[“’] Csin %)+ % 22 4 & 2 (aho nhiy)
6 3) 6 2 6
T n T 3 =
Tl_g T, N3 T,
y(6j n 2 6

Do d6, viéc lua chon dap 4n C1a dung dén.

& Nhén xét: Cho dit ham s6 da cho khong tudn hoan nhung ching ta van c6 thé st
dung phuong phép Iua chon ddp dn bing phép thit boi v6i moi k gid tri ciia ham s6 chi
hon kém nhau k.




BAITAP TRAC NGHIEM MON TOAN - KI THI THPT

Bai 17. Cho ham s6 y = ax® + bx? + cx + d, a # 0. Khang dinh nao sau day 2 sai?
A. D6 thi ham s6 ludn cit truc hoanh B. Ham s6 ludn ¢6 cuc tri
C. lim f(x) = o0 D. D6 thi ham s6 luon cé tim d6i xting
Dép s0 trac nghiém B.
» Loi gidi tu Iugn: Ta 1an lugt co:
= TapxdcdinhD = R
Dao ham: y’ = 3ax® + 2bx + ¢, Y =0&3ax +2bx+¢=0 (1)
Khi phuong trinh (1) v6 nghiém thi ham s6 khong ¢ cuc tri.
Do d6, khéng dinh B 12 sai.

%" Nhan xét: Nhu vay, d€ lya chon dugc ddp an dung cho bai todn trén cic em hoc
sinh can ndm viing tinh ch4t cia ham da thiic bac ba, cu thé:

D6 thi ctia ham da thic bac ba (cac ham da thiic bac 18) ludn cit truc hoanh (do
n6 12 ham s6 lién tuc va cic giGi han ctia ham s6 6 hai d4u -oo va +oo trai d4u).

= Ham s6 ludn c6 cuc tri 1a khing dinh sai (da dugc gidi thich & trén).

= (Gi6i han tai v cuc bang co la ding (tinh chét nay ding véi moi ham da thic).

= D6 thi ham s6 lu6n ¢6 tim d6i xiing bdi phuong trinh y” = 0 c6 dang 6ax + 2b =0

ludn c6 nghiém x = - 33 voia#0.
a

Bai 18. Ham s6 f(x) = ax® + bx® + cx + d dat cuc tiéu tai diém x = 0, f(0) = 0 va dat cuic dai tai
diemx=1,f(1) = 1. Ciché sd a, b, ¢, d béng:

A.a=-2,b=3,c=0,d=1. B.a=-2,b=3,c=1,d=0.
C.a=-1,b=1,¢c=1,d=0. D.a=-2,b=3vac=d=0.
Dap s6 trac nghiém D.

» Loi gidi tu luan: Pao ham: £(x) = 3ax? + 2bx + ¢, f ’f(x) = 6ax + 2b.

Dé ham s6 dat cuc tiéu tai diém x = 0, f(0) = 0 va dat cuc dai tai difmx =1, (1) = 1
diéu kién la:

d=0
£(0)=0 va f(1)=1 a+bcrd=1 a=-2
£(0)=0 va f(1)=0 < Jc=0 « {b=3
£'(0)>0va f'(1)<0  |3a+2b+c=0 c=d=0
2b >0 va 6a+2b<0

Vay, v6ia=-2,b =3 vi ¢ = d = 0 thoa mén diéu kién dau bai.




AC PHUONG PH.

» Lua chon ddp dn bang phép thii: Ta 14n lugt c6 danh gia:

Ham s6 di qua diém O(0; 0) nén d = 0, suy ra dép 4n A bi loai.
Ham s6 di qua diém A(1; 1) néna + b + ¢+ d = 1, suy ra dép 4n B bi loai.
2 Viy’(0) = 0 nén ¢ = 0, suy ra ddp 4n C bi loai.
Do d6, viéc lya chon dép 4n D la ding dan.
Bai 19. Ham s6 f(x) = x® + ax* + bx + ¢ dat cuic tri bing 0 tai diém x = -2 va d6 thi cia ham
s6 di qua diém A(1; 0). Cac hé s6 a, b, c bang:
A.a=2,b=0vac=-4. B.a=3,b=0vac=-4.
C.a=1,b=1vac=-3. D.a=5b=1vac=-2.
Dép s6 triac nghiém B.
» Loi gidi tu ludn: Ta 1an lugt co:
Tap xdc dinh D = R.
Pao ham: f’(x) = 3x> + 2ax + b.

DP&ham s6 dat cuc tri bing 0 tai diém x = -2 va d6 thi cia ham s6 di qua diém A(1; 0)

diéu kién la:
f(-2)=0 —-8+4a-2b+c=0 a=3
f'(-2)=0< 412-4a+b=0 &> 1b=0
f(1)=0 l+a+b+c=0 c=-4

Vay, v6ia=3,b = 0va c = -4 thoa man diéu kién dau bai.

» Lua chon ddp 4n bang phép thii: Ta 14n lugt c6 danh gia:

Ham s6 di qua diém A(1;0) néna+ b+ c+ 1 =0. Suy ra, cic dp 4n A va D bi loai.
Ham s6 di qua diém B(-2; 0) nén 4a - 2b + ¢ - 8 = 0. Suy ra, dép an C bi loai.

Do dé, viéc lya chon dép 4n B 1a ding dan.

x* —m(m+1)x+m’+1

Bai20. Him s6 y = c6 cuc dai va cuc tiéu khi:
X—m

Am=1 B.m=2 C.m=4 D. Moim
Dap s6 trac nghiém D.

» Loi gidi ty ludn: Ta lan lugt co:

= Tap xdc dinh D = R\{m}.
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= Viét lai ham s6 dudi dang:

o ’—1_._1—
x-m V" (x—m)*’

> 1

y=0<1- ) =0 (x-m)-1=0<<x ,=m+1eD.
Ttclay = 0 c6 hai nghiém phan biét thuéc D va d6i ddu qua hai nghiém nay, do dé

ham s6 ludn ¢ cuc dai va cuc tiéu.

y=x-m’+

» Lua chon ddp n bing phép thi: L&y m = 0, ham s6 c6 dang:

*Hloyrloyorily-0oe1- L s0ox-1=00x ,=21eD.
X X~ X ’

Y =

Tticlay’ = 0 c6 hai nghiém phan biét thudc D va d6i ddu qua hai nghiém nay, do d6
ham s6 ¢6 cyc dai va cyc tiéu tai m = 0 (chi c6 6 D).

Do d6, viéc Iya chon dép 4n D la ding dan.

Bai21. Cho ham s6 y = x* - 3x? - 9x. Dudng thng di qua cac diém cuic dai va cuc tiéu ctia d6
thi ham s6 c¢6 phuong trinh:

A.8x-y+3=0. B.x-8y+3=0.
C.8+y+3=0. D. x+8y+3=0.
Dap s6 trac nghiém C.

» Loi gidi tu ludn: Ta lan lugt cé:

= Tap xac dinh D = R.

Daoham:y =3x*-6x-9y =0 3x*-6x-9=0<x=- 1 hodcx=3.

Véy, d6 thi ham s6 c6 cic diém cyc tri A(-1; 5), B(3; -27) va phuong trinh dudng

thdng di qua cac diém cyc dai va cuc tiéu ctia d6 thi ham s6 dugc cho baéi:

(AB): JMAACES) - apy. X+1_ Y25 o (AB).gx+y+3=0.
quaB(3;-27) 3+1 -27-5

> Loi gidi ty ludn két hop phép thii: Ta lan lugt co:
= Tapxdc dinh D = R.
Pao ham: y’ = 3x* - 6x - 9, Y=03x"-6x-9=0<>x=-1hodcx=3.

Vay, do6 thi ham s6 c6 cac diém cuc tri A(-1; 5), B(3; -27) va toa d9 hai diém A, B
théa man phuong trinh trong C.

Do d6, viéc lya chon dap én C 13 diing din.

(39
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> Loi gidi tu Iugn két hgp tinh chat: Ta lan lugt c6:

s Tap xéc dinh D = R.

Pao ham: y =3x*-6x-9

Thuc hién phép chia y cho y; ta dugc: y = (3x* - 6x - 9)(%){ - %) - 8x - 3.

Tic 13, toa do cac diém cuc dai va cyc tiéu cung thod man y = -8x - 3.

Do do, viéc Iya chon dép 4n C la dGng dan.

» Lua chon dép 4n bing trich Iigc tut lun: Thyc hién phép chia y cho y; ta dugc:

y= (3X2—6X-9)(%X~ %) -8x-3.

Ttc 13, toa do cac diém cuc dai va cuc tiu cing thod man y = -8x - 3.

Do d6, viéc lua chon dép 4n C 1a ding dan. |

» Lua chon ddp 4n bing phép ddnh gid 1 két hop tu lugn: Ham s6 bac ba khi ¢6 cuc
dai, cuc tiéu thi phuong trinh dudng thing di qua hai diém nay phéi di qua diém uén
cua do6 thi. Ta cé:

Y =3x-6x-9,y=6x-6y =0 6x-6=0cx,=1=U(L;-11).

Chi c6 dudng thing trong C di qua diém U. Do dé, viéc Iya chon ddp 4n C la
dung dén.

> Lufa chon ddp 4n bing phép d4nh gid 2: Ham s6 bac ba vé6i a > 0 khi
c6 cuc dai, cuc tiéu thi phiong trinh dudng thang di qua hai diém nay sé
c6 huéng di xuéng (hinh vé) nén hé s§ clia x va y trong phuong trinh
dudng thing phai cling dau.

Do do, viéc la chon dép 4n C la ding dan.

& Nhén xét: Nhu vay, dé lya chon dugc dap 4n dung cho bai todn trén thi:

Trong cich gidi tu Iudn ching ta cin nhé dugc phuong phap lap phuong trinh
dudng thing di qua hai diém.

a Trong cdch gidi tu ludn két hop phép thit chiing ta trinh dugc viéc phai nho
dugc phuong phép 1ap phuong trinh dudng thing di qua hai diém, nhung cin than
trong khi thii va t6t hon 1a hay két hop véi may tinh CASIO fx-570MS dé€ thuc hién
t6t cong doan nay.

Cich giai tuf lugn két hop tinh chitluon 14 sy Iua chon t6t khi chiing ta khong nhé
dugc phuong phap 14p phuong trinh dudng théng di qua hai diém hoéc toa do hai di€m
cuc tri cia d6 thi ham s rat 1é.

~



BAI TAP TRAC NGHIEM MON TOAN - KI THI THPT

Viéc st dung cch Iua chon ddp 4n bang trich lugc tu ludn sé cho phép chung ta
Iya chon dugc dép dn diing mot cach nhanh nhét.

Trong cdch Iua chon ddp dn bang phép ddnh gid 1, ching ta st dung tinh chit
thang hang ctia ba diém cyc dai, cyc tiéu va diém uén d6i véi ham da thiic bac ba.

= Trong cdch Iya chon ddp dn biang phép ddnh gid 2 cAc em hoc sinh can nhé dugc
cdc dang d6 thi ciia ham da thiic bic ba, tit d6 xdc dinh dugc hudng ctia duong thang di
qua hai diém cuc tri cia d6 thi ham s6.

—x*+x-1

Bai 22.Cho ham s6 y = — Dudng thing di qua diém cyc dai va cuc tiéu ciia d6
X —

thi ham s6 ¢ phuong trinh:

A2x+y-1=0. B.2x+y+1=0.

C.x-2y-3=0. D.x-2y+1=0.

Dap s6 trac nghiém A.

» Loi giai tu' ludn: Ta lan lugt co:

Tap xac dinh D = R\{1}.

-x* +2x
(x=1"

Vay, d6 thi ham s6 c6 cac diém cyc tri A(0; 1), B(2; -3) va phuong trinh dudng thing
di qua cac diém cuc dai va cuc tiéu ctia d6 thi ham s dugc cho boi:

(AB): {qua A(0;1)

x=0

= Pao ham:y’ = x<?2

y’=0<::>—x2+2x=0<::>[

< (AB):2x+y-1=0
qua B(2;—3) (AB): 2x +y

> Loi gidi tu Iudn két hgp phép thii: Ta 14n lugt co:

= Tap xéc dinh D = R\{1}.

x=0

_ 2
X +2x y’=0<:>—xz+2x=0<:>L:2

=1’
Vay, d6 thi ham s6 ¢6 cac diém cuc tri A(0; 1), B(2; -3) va toa d6 hai diém A, B thoa
mén phuong trinh trong A. Do d6, viéc lya chon dép 4n A 13 ding dén.

Daoham:y =

» Loi gidi tu Iudn két hop tinh chat: Ta 1an lugt cé:
Tap xdc dinh D = R\{1}.

—x% +2x
(x—1)*’

Daoham: y’ =

> 52 — X
y=0&-x+2x 0<:>L(:2.




Ttic 13, ham s6 c6 hai cuc tri va toa do cac diém cuc tri thod man hé phuong trinh:
'=0 x> +x-1)'
{y Ly S )
y=1(x) (x-1)
Thiy ngay toa do cac diém cuc dai va cyc ti€u cung thoa man (*).

Sy=-2x+1 *)

Vay phuong trinh dudng thang di qua cic diém cuc dai va cuc tidu ctia d6 thi co
dangy=-2x+ 1.
» Lua chon dép 4n bing trich higc t Iugn: Phuong trinh dudng thing di qua hai
cuc tri ctia ham phén thic bac hai trén bac nhét lu6n c6 dang:
_ (-x*+x-1)'

(x-1)'
Do d6, viéc Iya chon dap én A la ding dan.

Sy=-2x+1.

» Lua chon ddp 4n bing phép danh gid 1: Ta lan lugt dénh gi:

Phuong trinh dudng thing di qua hai cuc tri ctia d6 thi ham phan thic bic hai
trén bac nhét phai di qua tAm d6i xting clia do thi, ticla di qua diém I(1; -1). Suy ra, cdc
dap én B va D bi loai.

Ham phan thiic bac hai trén bac nhit véi ad < 0 khi cé cyc dai, cuc tiéu thi phuong
trinh dudng thing di qua hai diém nay sé c6 huéng di xuéng nén hé s6 ctia x va y trong
- phuong trinh dudng thing phai ciing d4u. Suy ra, dép an C bj loai.

Do d6, viéc lva chon dap én A la dung dén.

> Luja chon ddp 4n bing phép ddnh gid 2: Ta lan lugt danh gid:

Ham phan thtic bic hai trén b4c nhét v6iad < 0 khi co cuc dai, cuc tiéu thi phuong
trinh dudng thing di qua hai diém nay sé c6 huéng di xuéng nén hé s6 ctia x va y trong
phuong trinh dudng thing phéi ciing d4u. Suy ra, cic ddp 4n C va D bi loai.

= Phuong trinh dudng thing di qua hai cuc tri ctia d6 thi ham phan thiic bac hai
trén bac nhét phai di qua tim ddi xting ctia d6 thi, tic 1a di qua diém I(1; -1). Suy ra, dép
an B bi loai.

Do d6, viéc Iva chon dap én A la ding dan.

N/
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CAG PHUONG PHAP il BAI TAP TRAC NGHIEM
GIA TR LGN NHAT VA GIA TRI NHO NHAT cOA HAM SO

Binh nghia: Cho ham s6'y = f(x) xdc dinh trén tap D.

a. Néu t6n tai mot diém x, € D sao cho: f(x) < f(x,) voi moix € D thi s6 M = f(x)
dugc goi la gid trj I6n nhit cta ham s6'y = f(x) trén tip D néu, ki hiéu M = max f(x).

b. Néu tén tai mot diém X, € D sao cho: f(x) = f(x,) véi moix € D thi s6 m = f(x,)
dugc goi la gid tri nhé nhét ciia ham s6'y = f(x) trén tap D néu, ki hiéu m = min f(x).

Viéc sti dung dao ham dé tim gié tri 16n nhit va nho nhét ctia ham s6 dugc chia
thanh cac dang sau:

Dang 1: Phuong phdp khdo sdt tryc tiép, dugc sti dung dé tim gid tri 16n nhit va nhd
nhét clia ham s6 trén mot khoang. Ta thuc hién theo cac budc:

Budc 1: Tap xéac dinh.

Budc 2: Dao ham y, rdi gidi phuong trinh y’ = 0.

Budc 3: Lap bang bién thién.

Budc 4: Két luén vé gid tri 16n nhét, nho nhat ctia ham s6 dya trén bang bién thién.

Dang 2: Gid trj I6n nhat va nhé nhét ctia ham s6 trén mot doan. Gia st 1a doan
[a; b], ta thuc hién theo cac buéc:

Budc 1: Tinh dao ham y, réi gidi phuong trinh y’ = 0 d€ tim cac nghiém xe(a, b).
Gia st cdc nghiém lax, x , ...

Budc 2: Tinh cac gid tri f(a), f(b), f(x ), f(x,), ..

Budc 3: Tt do:

a. Miny = Min{f(a), f(b), f(x,), f(x,), ...}

b. Maxy = Max{f(a), f(b), f(x ), f(x)), ...}.

Da;;;g: Phuong phdp khdo st gidn tiép, dugc thuc hién thong qua viéc stt dung dsi
$6 m6i t d€ dua ham s ban d4u vé& dang y = F(t) don gian hon.

Véy, d€ stt dung phuong phép ching ta thic hién theo cic budc sau:

Budc I: Bién d6i ham s6 ban ddu vé dang méi d€ xac dinh 4n phu

y = F(o(x)).




CAC PHUONG PHAP Ti

Bu6c 2: Datt = @(x),taco:

= Diéukién ciadntla D,
=y = F(t).
Budc 3: Tim gié tri 16n nhét, nho nhét ctia ham s6y = F(t) trén D,

CAC PHUGNG PHAP GIAI BAI TAP TRAC NGHIEM

[
B3i1. Cho ham s6y = -x + 2 - . Gid tri 16n nhét ciia ham s trén khoang (0; 2) béng:
X
A.-2. B.-1. C. 0. D. 1.
Dap s6 trac nghiém C.
> Loi gidi tu Iudn 1: Ta lan lugt co:
= Tap xac dinh D = (0; 2).

= Pao ham:

2
’ 1 _x+l, y=0-xX+1=0&x=1%]

= Bang bién thién:

X | -00 0 2 400

&)’c}\g\\\%

Duya vao bang bién thién, ta cé Maxy = y(1) =0.

<.

y

» Loi gii tu lugn 2: V6ix € (0;2), st dung bét déng thic Cosi ta cé:
X+ L>2my=2-(x+1)<2-2=0
X X

1 .
Suy ra Maxy = 0 dat dugc khix = = =lox=1

xe(0;2)
> Loi gidi ty lugn 3: Ta bién doi:
2
1 . 1
= [ Jx--L | <0= Maxy =0 dat digckhi Vx ——= =0 < x=1.
Y ['\/—_ \/;{-] xe(0:2) 3 ¥ \/;
Do d6, viéc lva chon dap én C la dung déan.
> Loi gidi tu lugn két hop tinh chat: Ta ldn lugt co:

Tap xac dinh D = R\{0}.
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1 2
" Paoham:y = -1+ — = 2L, V=0 X +1=0ex=+1
X X~

Viad <0 (vay’ =0 c6 2 nghiém phéan biét) nén ham dat cuc dai tai x = 1, tit d6 suy ra:
Maxy =y(1) =0.

xe(0;2)
» Lua chon ddp 4n bing phép thi: Ta lan luot thi:
" V6iy = 1, ta ¢6 phuong trinh:

x#0
X+2- L 1 & x*-x+1 =0, vo nghiém = Pdap an D bj loai.
X

Véiy =0, ta c6 phuong trinh:
xz0

X+ 2 - 1 =0 xX2X+1=0(x-1)=0<x=1€(0;2).
X

T6i day, chiing ta diing lai va khing dinh viéc lya chon d4p 4n C 1a dung din.
@ Nhan xét: Nhu vay, d€ Iva chon dugc dap an ding cho bai toén trén thi:

Trong cdch gidi ty Iudn 1 ching ta st dung phuong phdp da dugc trinh bay &
dang 1.

Trong cich gidi tu ludn 2 chung ta st dung kién thtic vé bt déng thic dé tim gia
tri 16n nhat ctia ham s6 (day 1a dang todn quen thudc ma cdc em hoc sinh di dugc lam
quen & cac Iép 9, 10).

Trong cdch gidi tu ludn 3 ching ta st dung phép bién d6i dai s6 thong thuong dé
danh gia ham s6.

Trong cdch gidi tu ludn két hop tinh chét cdc em hoc sinh c4n ndm viing tinh chit
cuc tri cia ham phan thiic bac hai trén bac nhét hodc hinh dung dugc bang xét ddu ctia
tam thiic bac hai.

® Trong cdch Iua chon ddp dn bang phép thit céc em hoc sinh cin luu y hai diéu:

- Bai todn hdi gia tri 16n nhét thi ching ta bit d4u tit gié tri 16n nh4t trong céc dap
an dé tht va nguogc lai néu bai todn hoi gié tri nhd nhat thi ching ta bt ddu ti gia tri nho
nhat trong cac dp én dé€ tha.

- Ham s6 c6 gié tri 16n nhat bing M thi sé phai ton tai x d€y(x ) = M.

Bai tiép theo cac em hoc sinh sé thdy sy thay déi & cau hai.
- . v 2 a4l a1 oA ) L1
Bai2. Cho ham s6 y = x* + = . Gid tri nhd nht ctia ham s trén khoang (0; 3) dat tai x bing:
X ,
A -1. B. 1. C.2. D. 4.

bap s6 trac nghiém B.




> Loi gidi tu lugn 1: Ta 1dn gt co:
= Tap xéc dinh D = (0; 3).

EDe_mhéun:y’zZX-%=g-(x—32:~~1—); y=0x-1=0x=1
x’ X
Bang bién thién:
X —o§0 3 +o0
Y \ \\
%ﬁk \\\\\\tCT/////JV%%K
y

Duia vao bang bién thién, ta co M}‘})y =vy(1) = 3 dat dugc taix = 1.

» Loi gidi tu Iudn 2:V6ix € (05 2), sti dung bt déng thiic Cosi ta co:

1 1
it - 23‘3}x2.l.»1~ =3
X X X X X

Suy ra Min y = 3 dat dugc khi: x* = 1.1 & xP=1<x=1-Ungvéidap an B.
xe(0: X_ X
> Loi gidi tu lugn 3: Ta bién doi:
2
y=(x2—2x+1)+2(x—2+1)+3:(x~1)2+2[f—~1—J +3>3
X Jx

Suy ra Min y = 3 dat dugc khi:

xe(0;3)

x—-1=0
\/——~1~=O = x=1 & x=1-tng véi dap an B.
Jx x—1=0
> Loi gidi tu lugn két hop tinh chat: Ta lan lugt co:
s Tap x4c dinh D = (0; 2).

2 2(x’-1)

s PDaoham:y =2x- — = ;5 V=0x-1=0x=1.
x?

Vi qua x = 1 thiy’ d6i ddu ti ﬁ)in sang duong nén ham dat cyc tiéu tai x = 1 (va do
ciing chinh 13 gi4 tri nho nhét ctia ham s6 trén khoang (0; 3)).

Do dé, viéc Ija chon dap 4n B la dung dén.

» Lua chon ddp én bing phép thii: Ta c6 cac dap &n Ava D biloaivix € (05 3).

Khi d0, ta c6 nhan xét:

y(z) =5 xe(0;3)
Do d6, viéc Iia chon dap 4n B 1a dung dén.

{y(l) =3 = Miny =3 dat dugc taix = 1.

1)
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Bai3.Cho ham s6 y = 2x + — v6ix > 0. Gié tri nhd nht ctia ham s6 bing:

XZ
A.-1. B.2. : C.3. D. 4.
Dap s6 trac nghiém C.

» Loi giai tu Iugn 1:Ta lan luot cé:

& Xét ham s6 trén tip D = (0; +00).

mDaoh:‘im:y’:2—;23— y’=0<:>2-—£23~=0<:>x=1.
= Bang bién thién:
X |- 0 1 +00
y N -0 +
\ +00 \3 /+OO
y CT

Duya vao bang bién thién, ta cé M})n y =3, dat dugckhix=1.

> Loi gidi tu ludn 2: V6i x > 0, sti dung bat ding thiic Cosi ta c6:

1 1 Cosi 1
Y=2X+ 5 =Xx+X+ — 2 3}xx.—5 =3
X~ X X

Suyra Miny =3 dat dugc khix = ~]T oxX=1ex=1
Xe X"
» Lya chon ddp 4n bang phép thir két hgp st dung may tinh CASIO fx - 570MS:
Ta lan luot tha:
8 V6iy = -1 bi loai bdi véi x > 0 ta ludn ¢ y > 0. Suy ra, ddp 4n A bi loai.

= VGiy = 2, ta c6 phuong trinh:

1 3 , ~
X+ 5 =22 -2x2+1 =0 x = -0.5651 (loai do x > 0) bang cach én:
X

MODH|[1

MODH MODH (MODE|[1][ »[3]

:B8:B8:8
Ro]]

Suy ra, dap an B bi loai.
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= V6iy = 3, ta c6 phuong trinh:

2X+L2 —3e 2% -3+ 1 =0 <> x=1hoicx = -2 (loai do x > 0) bang cach an:

X
Ack - |OK]-IJ-RY -
[v]

Téi day, chiing ta diing lai va khing dinh viéc Iya chon dép 4n Cla ding dan.

n

B3i4. Cho ham s y = %x4 - x*. Gi4 tri nhé nhét cfia ham s6 bing:

Al B.- 3. c.- L. D. 0.
! 4 4

Dép s6 trac nghiém C.

> Loi gidi tu lugn 1: Ta 14n lugt co:

@ Tap xac dinh D = R,

# Pao ham: y’ = 3%’ - 3x%,y = 0 <> 3%’ - 3x2=0<3x%(x-1)=0<>x=1hodcx=0.

Bang bién thién: Véi luu y ring d&u ctia y’ chi phu thudc vao ddu ctia x - 1:

X |- 0 1 + 0

y - 0 - 0 +

y +oo\CT /+oo
-1/4

Dua vio bang bién thién, ta c6 Miny = y(1) = - %

> Loi gidi tu Iudn 2: Ta bién déi:

y= %x‘*-)é & 4y =3xt- 4x° = [2(x* - 2% + %) + (x* - 2%° + 1) -1]
=2(x2-x)2+ (x*-1)-1=-1.

oy2 -211—.

SuyraMiny=y(1) = % dat dugc khi:

x?-x=0
5 =x=1
x°—=1=0

> Loi gidi tu lugn két hop tinh chét: Ta 1an lugt cé:
® Tap xdc dinh D = R.
Dao ham: y’ = 3%’ - 3,

y’:0<:>3x3-3X2=0<:>3x2(x—1)=0<:>x:1hoécx=0.
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Vi ddu ctia y’ chi phu thudc vao ddu ctia x - 1 nén ham dat cuc tiéu tai x = 1, tif d6

suyraMiny =y(1) = —%, ung voi dap an C.
# Lua chon ddp dn bang phép thii: Ta 1an luot thi:
= V6iy = -1, ta ¢6 phuong trinh:
%x‘*«x3=~1c>3x4—4x3+4=0
S2(x -2+ )+ (x*-2x2+ 1) +3=0
< 2(x*-x)* + (x*- 1)* + 3 = 0, vo nghiém => Dép 4n A bj loai.

v Voiy =- % , ta ¢ phuong trinh:

3
%x4—x3=-z©3x4—4x3+3=0

S2(x - 283+ x) + (x4 -2x2+ 1) +2=0
< 2(x* - x)* + (x* - 1)? + 2 = 0, v0 nghiém => Dép 4n B bi loai.

Véiy=- ?} , ta c6 phuong trinh:

%x‘th:-% S 4P +1=06 (x-1)BC-%-x-1)=0

= cé nghiém x = 1.

Toéi day, ching ta diing lai va khing dinh viéc Iya chon dap an C la ding dan.
Bai 5. Cho ham s6 y = sin“x + cos*x. Gid trj 16n nhét ctia ham s6 bang:

A.0. B. 1. C. 2. D. 3.

Dap s6 trac nghiém B.

> Loi gidi tiy Iudn 1: Ta 14n lugt co:

= Vi ham s6 tudn hoan véi chu ki 7 va 12 ham s6 chdn nén ta xét trén D = {0; E} .

DPao ham: y’ = 4cosx.sin’x - 4sinx.cos’x = 2(sin?x - cos’x)sin2x = -sindx,

vax

i

y’=0@sm4x=0©x=ﬁz>x=o,xz_} g
4




Béng bién thién:

x 0 /4 /2
y -0 +
y |1 1/2 1

CT

h e d N A 7 3 k
Dua vao bang bién thién, ta c6y,, = 1, dat dugc khix = L kez.
2
> Loi gidi tu ludn 2: Ta bién d6i:
. . . I
y = sin*x + cos’x = (sin’x + cos’x)’ - 2sin?x.cos*x =1 - —ism22x <1
T d6, suy ray,, = 1, dat dugc khi:
sin2x =0 < sin2x =0 2x=kn< x = _152.’3,1( € Z.
> Loi gidi tu Iudn 3: Ta c6 danh gia:
sin® x <sin” x
4 » . = y=sin’x + cos*x < sin’x + cos’x = 1.
cos X <cos" X
Tt d6, suy ray, = 1, dat dugc khi:
sin*x =sin’ x (1-sin’x)sin*x =0

& &> sin?x.cos’x =0
cos*x =cos’x (1-cos®*x)cos’x =0

= -}Isin22x=0<:>sin2X:0c>2x=kn<:>x= %,k €Z.
» Lua chon dép 4n bing phép thii: Ta 1an lugt thir:
= V6iy = 3, ta c6 phuong trinh:
sin“x + cos*x = 3, v0 nghiém bai |sinx| < 1va |cosx| <1
= DPép an D bj loai.
Véiy = 2, ta c6 phuong trinh:

sin*x=1

4

, v nghiém = Dép 4n B bi loai.
cos'x=1

sin*x + cos’x =2 < {

® V6iy = 1, ta ¢6 phuong trinh:

sin*x + cosx = 1 <> (sin*x + cos?x)? - 2sin?x.cos’x = 1
1. . k
—Esm22X=0<:>sm2X=0<:>2X=kn<:>x= —ZE’k € Z.

Téi day, chiing ta diing lai va khing dinh viéc Iuia chon ddp 4n B 1a diing ddn.
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Bai 6. Gia tri 16n nhat ctia ham s6 y =X+ 2x - 5 trén doan [-2; 3] la:

A. -5, B. 3. C. 10. D.19.
Dap s6 trac nghiém C.
» Loi gidi ty ludn I:Talan lugt co:
= Xét ham s6 trén tap D = [-2; 3].
® Dao ham:y = 2x + 2, V=02x+2=0x=-1.
Ta c6 y(-2) = -5, y(-1) = -6 va y(3) = 10. Khi doé:

é@ﬁly = Max({-5, -6, 10} = 10 dat dugc khi x = 3.
> Loi gidi ty Iugn 2: Ta bién d6i:

xe[-2; 3}

y=x*+2x-5=(x+1)*-6 = (3+1)-6=10.
T do, suy ra Max y = 10, dat dugc khi x = 3.

xe[-2;3]
» Lua chon ddp 4n bang phép thii: Ta 1an lugt thi:
= Voiy=19,tacé phuongtrinh: x>+ 2x - 5=19 <> x>+ 2x- 24 =0 <=

x=4¢[-2; 3]
=> Ddp an D bi loai.

[x =—6¢[-2; 3]
% V6iy = 10, ta c6 phuong trinh:
x=-5¢[-2; 3]

2 - 2 15 =
X*+2x-5=10=x*+2x-15 0<:>L=3e[—2;3]

T6i déy, chiing ta diing lai va khéng dinh viéc Ita chon dép 4n C la dting dn.

» Lya chon ddp 4n bing phép dénh gid: Ta 1an lugt dénh gia: -
Y/
@ Parabol y =x* + 2x - 5 c6 a = 1 > 0 nén quay bé [6m lén trén.
y(-2)
® Parabol y = x* + 2x - 5 c6 hoanh d¢ dinh x = -1&[-2; 3] véi luu y khoang céch tii

3 dén -1 xa hon so v6i khodng cach tii -2 dén -1.

Tt d6, suy ra h{{ezx;g]y =Y(3) = 10, ing v6i ddp én C.
“ Chuy:

1. Cdc em hoc sinh c4n rat than trong & phép ddnh gia &10i gidi tu ludn 2. D€ c6 duoc

li gidi thau ddo cdc em hoc sinh hdy xem phép bién d6i sau:

2<x<3 & -1<x+1<4
0<x+1<4 (x+1)*<16
-1<x+1<0 (x+1)?<1

2. O bai tiép theo cdc em hoc sinh sé thdy mét cach ddnh gid khéc.

& (x+1)2L16.




Bai 7. Gié tri nho nhét clia ham s6y = x - 4x - 5 trén doan [0; 1] a:
A.-10. B.-8. C. 8. D. 10.

Dap s6 trac nghiém B.

> Loi gidi tu lugn 1: Ta lan lugt co:
Xét ham s& trén tap D = [0; 1].
= Dao ham:y’ = 2x - 4, y=02x-4=0&x=2¢D.
Ta c6 y(0) = -5, y(1) = -8. Khi do: xl\e/g?]y = Min{-5, -8} = -8 dat dugc khix = 1.
> Loi gidi tu Iudn 2: Ta 1an lugt co:
s Xét ham s6 trén tap D = [0; 1].
Pao ham:
y =2x - 4< 0 VxeD = Ham s6 nghich bién trén D.
Tu d6, suy ra Miny = y(1) = -8, ting v6i dap an B.
> Loi gidi ty lugn 3: Ta bién ddi:
yoxt-dx-5=(x-20-9 2 (1-27-9=-8.
Tl d6, suy ra M&% y =-8,dat dugckhix = 1.
> Lua chon dép 4n bing phép thii: Ta lan lugt thi:
V6iy = -10, ta c6 phuong trinh:
X2 - 4x - 5=-10 <> x? - 4x + 5 = 0, v6 nghiém = Dép 4n A bi loai.

Véiy = -8, ta c6 phuong trinh:

x=3¢[0; 1]

x=1e[0;1]

T6i déy, chiing ta diing lai va khéng dinh viéc Iya chon dép 4n B 1a dung dan.

X2—4X~5=—8<:‘>X2—4X+3=0<:>[

» Lua chon dép 4n bing phép ddnh gid: Ta di phdc thdo

) =1, 012 5 X
Parabol y = x* - 4x - 5 va dinh vi cic diém x = 0, x = 1 cng

gi4 tri tuong ting ctia ching trén do thi.

Tl d6, suy ra Miny = y(1) = -8, ing v6i dap 4n B. y(1.)
& Nhan xét: Nhu vy, ndi dung cach lya chon dép dn dung
bing phép ddnh gid trong bai 7 c6 khac so v6i bai 6, cic em hoc sinh héy lua chon cho
minh mot cach thich hgp véi ban than. '
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Bai 8. Gia tri nho nhit ctia ham s6 y =%+ 6x* + 9x - 12 trén doan [-4; 0] la:

A, -11. B. -15. C.-16. D. -18.
Dap s6 trac nghiém C.
» Loi gidi tu Iudn: Ta lan luot c6:

= Xét ham s6 trén tap D = [-4; 0].

Pao ham:
Yy =3x*+12x + 9, y=0x+4x+3=0<x=-1hodcx=-3.
Ta c6 y(-4) = -16, y(-3) = -12, y(-1) = -16 va y(0) = -12.

Khi do, ta co:

Miny = Min{-16, -12} = -16 dat dugc khi x = -4 hodc x = -1.
» Loi gidi tu ludn két hop st dung mdy tinh CASIO fx — 570MS: Ta l4an lugt co:
Xét ham s trén tdp D = [-4; 0].
2 Pao ham:

Y =3¢ +12x+9,y =0 x>+ 4x + 3 =0 x = -1 hodc x = -3 bing cach 4n:
MODE

MODE MODE MODH
1-0-BH- —1
v] -3

Ta co:

f(-4) = -16, f(-3) = -12, f(-1) = -16 va f(0) = -12 bing c4ch 4n:

-16
~12)
~16
=12

Khi d6, ta co: Miny = Min{-16, -12} = -16 dat dugc khix = -4 hodcx = -1.
» Lua chon ddp dn bing phép thit két hop sti dung mdy tinh CASIO fx — 570MS:

Ta lan lugt thi:

= VGiy = -18, ta c6 phuong trinh:




C+6x24+9x-12=-18=x*+6x*+9x+6=0

< x =~ -4.1958 (loai do x € [-4; 0]) bang cach 4n:

ODE|[ 1] ' -

MODE MODE MODH

1-0-B-3-| —4.1958
R

® V6iy = -16, ta c6 phuong trinh:

B+6x+9x-12=-16 x> +6x*+9x+4=0

& x = -4 vax = -1 déu thudc doan [-4; 0] bang cach 4n:
-N-1cH-H-| )
[ -

T&i day, ching ta diing lai va khing dinh viéc lya chon ddp an Cla dting dén.

Bai 9. Gié tri 16n nhit cha ham s6 y = x + J2-5* bing:
A2 B. V2. C.1. D. 0.
Dap s6 trac nghiém A.
> Loi gidi ty Iudn 1: Diéu kién:
2-x20& ¥ < \/§:>TépxécdinhD= [-v2; V2],
s Pao ham:

X V2-x* —x

>=1_ — )
Y J2-x? J2-x2

>0
y’:O@\/Z—XZZXQ{X 2@){:1.

2-x*=x

Ta c6: y(-v2) = V2, y(1) = 2 va y(2) = 2.
Khi do, ta c6 Maxy = Max{-V2, 2, 2} = 2 dat dugc khix = 1.
> Loi gidi tu Iudn 2: Ta c6:

y=x4zon e A net 22 =2,

Suy ra Max y = 2 dat dugc khi:
x20

) 2<::>X=1.

x=+2-x" &
X*=2-%

Do d6, viéc Ia chon dép 4n A 1a dung dan.
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» Loi gidi tu' [udn 3: Ta c6 diéu kién:
2-x220 x| < V2 = Pitx= 2 sintvéit e { g g}

Khi d6, ham s6 dugc chuyén vé dang:

y= J2sint++v2-2sin’t = 2 sint + \/—]cost[ f (sint + cost)

= ZSIIl(t +—) <2.
4

Suy ra Max y = 2 dat dugc khi:

[72}
sin| t+ 2 =] < t+£z£<:>t=£¢>x: ZSiI’IE:l
4 4 2 4 4

» Loi gidi ty ludn 4: Ta c6 diéu kién:
2-x220¢ |x| < V2 = Pitx= V2 costvéit e [0 pl.
Khi do6, ham s6 dugc chuyén vé dang:

= 2cost+2-2cos’t = /2 cost + \/—lsmtl NG 2 (cost + sint)

= ZCOS(t——) <2
4

Suy ra Max y = 2 dat dugc khi:
te[0; w]
cos|t-2]=1 & t-Z=0=t="ox=v2cosZ =1
4 4 4 4
» Lua chon ddp dn bang phép thii: Ta 1an lugt thi:
& V6iy = 2, ta ¢é phuong trinh:

2-x20
X+ V2-x} =2 V2% =2—x¢:>{2 oSx=1

-x?=(2-x)
T6i déy, chiing ta diing lai va khang dinh viéc lya chon dép 4n A 13 dting dén.
» Luia chon ddp dn bing phuong phép ddnh gid: Lya chonx = % chiing ta nhén thay:

y(4)—4+ 16 4+3\/_~18047

3 3 9
Tu do, chling ta nhén thdy ring:

V2 < y(%) <2 = cac dép an B, C va D bi loai.

Do d6, viéc lya chon dép 4n A 1a ding dén.

» Lua chon ddp 4n bang phuong phdp dénh gid két hop st dung mdy tinh CASIO
fx - 570MS: Trudc tién, ta nhap ham s8 y =x + V2-x* vao mdy tinh bing cach 4n:

acrrdX B2 B AR EE
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Déthi véigia trix = g— ta 4n:
+ 28
Tt d6, chiing ta nhén théy rdng:
2 < y(gi) <2 = cac dép 4n B, C va D bi loai.
Do d6, viéc lya chon dp én A la dung dan.
Bai 10. Gid tri nhd nhét ctia ham s6 y = vx + 1-x bing:

A3, B.2. c.l. D.1.
2 2
Dap s6 trac nghiém D.

» Loi gidi tu lugn 1: Piéu kién:

x=20
<x< Ao vhc di — .
{1~x20©0—x—1:>T3PX3Cdth [0; 1].

= Pao ham:

, 1 1 , 1 1

e slew V=0 R s e
Khi d6, ta cé:

Miny = Min{y(O),y(%),y(l)} — 1, dat dugc khix = 0 hojcx = 1

> Loi gidi tu lugn 2: Ta lan lugt co:
y= Vx + =% SV=x+1-x+2yx(1-x) 21y21
= Miny = 1, dat dugc khi vx(I1-%) =0<>x=0hodcx=1

xeD

» Loi gidi ty ludn 3: Ta c6 diéu kién:

x20 “ Qg Lot 1
& 0<x<1=>Ditx=cos’tvit e | 0; =
1-x20 2

Khi do, ham s6 dugc chuyén vé dang:
tel 0;E
y= Jeos?t +4/1-cos’t =|cost| +[sint| = = cost + sint

k3
te] 0; —

3 . T 2} A o T n _3m
= «/2sin| t+ > 1,donhénthdy —<t+—<==
4 47 4 4

Suy ra Min y = 1 dat dugc khi:

n

4 t=0 x=1
3n & n <
:7{ t=”2“ x=0

x| t+
sin(t+§} = Q t[:;]

2 t+

Ha i3
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» Loi gidi ty udn 4: Ta c6 diéu kién:
>0 o . .
X @OSXSlbDatxzsmztvmte[O;EJ
1-x20 2
Khi d6, ham s6 dugc chuyén vé dang:

= ()LE

y= Vsin® t + /I =sin’t =|sint| + |cost| = = sint + cost

te| 0;
2sin(t+£j > 1, donhanthay_<t+n<3_ﬂ
4 4 4

Suy ra Min y = 1 dat dugc khi:

. \/-2- le|:() g:! t+
sin| t+ = —
( 4) 2

t+—=

r
4
3n

Hla &3

0
X =
S| T {
2 —
» Lyia chon ddp 4n bang phép thit: Ta 14n lugt thi:
V6iy = 1, ta c6 phuong trinh:
Vx +1-x =1 & 2x(1-x) =0 x=0hodcx=1.

Ttic 1a, ham s6 c6 gid tri nhé nhét bang 1.

Do dé, viéc Iya chon ddp 4n D la diing dén.

@ Chu y: D€ t6i uu thoi gian lya chon dép 4n dung cho mét cau hdi tric nghiém
thuén tiy cdc em hoc sinh déu da biét t6i phuong phdp trich Iugc tu ludn. Cu thé & day 1a
viéc bé qua budic “dat dugc khi” néu khéng dinh dugc sy ton tai gid tri x, thudc tap diéu
kién D sao cho y(x ) bang gid tri 16n nhit hoic nhé nhit cn tim.

Bai 11. Gid tri 16n nhét ctia ham s6 y = sinx + V3 cosx + 4 trén doan [0; ] bang:

A.Sdattaix—g B.6 dattaix =
T,

C.8dattaix =

ki
6
D. 6datta1x=§

Dap s6 trac nghiém B.

> Loi gidi tu ludn 1: Xét ham s6 trén tip D = [0; 7).
Dao ham: y’ = cosx - /3 sinx,

xeD

Y =0 cosx - /3 sinx = 0 <> cotx = V3 & x=
Ta c6:y(0) = 4+ 3, U 6,y(m)=4- 5.
Khi do, ta cé:

T
6




E e

Maxy = Max{4++3, 6,4-/3} =6, dat dugc khix =

xeD

r
6
> Loi gidi ty Tugn 2: Bién d6i ham s6 vé dang:

y= 2(%Sinx+i2g—cosxj+4 = 23in(x+§)+4 <2+44=6.

Suy ra 1\/[Ioe_1x}y = 6, dat dugc khi:

. T xef0; n] T TT
sinfx+—| =1 © X+ =7 &&Xx=
3 3 2

> Loi gidi tu lugn 3: Bién d6i ham s6 vé dang:

sinx + /3 cosx =y - 4. *)
Phuong trinh (*) ¢6 nghiém khi va chi khi:

1432 (y-4P < (y-4P <4 -2<y-4<262<y<6.
Suy ra xl\e/[[f)f]y = 6, dat dugc khi:

. 1, 3 . T
sinx + 3c03x=2<:>551nx+—2—c03x:1<:>s1n x+§— =1

xe[0; 7]

T W
& X+ — =T &X=
302

r
6
» Lua chon dép 4n bing phép thit 1: Ta 14n lu¢t danh gid:
» V6iy = 8, ta c6 phuong trinh:

8 = sinx + /3 cosx + 4 < sinx + /3 cosx = 4, vd nghiém do a* + b* < ¢?
=> Céc dap 4n A va C biloai.
® V6iy = 6, ta ¢6 phuong trinh:

1

. . ] 3
6 = sinx + V3 cosx + 4 <> sinx + Bosx=2 < ’2“sz+ —i“COSX:l

= Sin(XJrEj 1S ki 2ot ox=L
\ 3 3 2 6

Do do, viéc iua chon dép 4n B la ding dan.
» Lua chon ddp 4n bing phép thii 2: Ta c6:

y(g) =6va yg) =4+3 = Mf’éy =6,dattaix = %
Do d6, viéc Ija chon d4p 4n B 1a dung dan.
& Chti : Trong 16 gii ty ludn 3 ching ta sit dung kién thiic vé diéu kién c6 nghiém

clia phuong trinh a.sinx + b.cosx = cla a* + b* > c%.
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Bai 12. Gia tri 16n nhat ciia ham s6 y = SINX_ trén doan [0; 1] bang:
2—cosx
1 1 1 1
A. —. B. —. C. —. D. —.
3 2 NE) 2
Dap s6 trac nghiém C.
» Loi gidi tu' Iugn 1: Xét ham s6 trén tap D = [0; 7).
» Dao ham:
2cosx —1 [ P 7t
s ——— = -1= == ==
y (2_COSX)2,y 0 <> 2cosx - 1 = 0 <> cosx 5 X=3
1
Ta c6 y(0) = 0, y(ﬁj = 75 y(1) = 0, khi d¢:
1 yis
Maxy = Max<0,—=¢ = —  dat dugc khix = —.
xeD y \/5 \/P:; ‘ * 3
» Loi gidi tu Iudn 2: Bién d6i ham s6 vé dang: sinx + y.cosx = 2y. *)

Phuiong trinh (*) c6 nghiém khi va chikhi: 1 + y*> 4y’ < 3y* < 1 < |y| <

13 , dat dugc khi:

NG
. ) 1 ) T
sinx + ~1——.cosx= 2 <> gsmx+ E.cosx= 1 Sln(X+—6—j =1

V3 V3

xeD T T T
S X+ =T &x= =,
6 2 3

» Lua chon dép 4n bing phép thi: Ta 14n lugt danh gia:

n
NG

Suy ra Maxy =

1
5 Véiy = L ta c6 phuong trinh:

sinx . A LA
=L o V2sinx+ cosx = 2, vO nghiém do a> + b* < 2
2-cosx 2

= Dap an D bj loai.

5 Voiy = L , ta c6 phuong trinh:

N

sinx 1 . 3 1
= E <> /3 8INX + cosx = 2 <> — sinx + E.cosx=1

2-cosx 2

. T xel0; ] T T
Ssin|x+— | =1 & X+ - =—Sx=—.
6 6 2 3
Do d6, viéc Iua chon dép 4n C 13 diing dén.
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Bai 13. Gié tri nh6 nhat ctia ham s6 y = cos’2x - sinx.cosx + 4 bing;

A,3dattaix:_g+kn,kez. B..%dattaix=g+kn,keZ.

C°3dattaix——-—763+kn. D.%dattaix=%+kn.
Pap s6 triac nghiém B.

> Loi gidi ty Iugn 1: D3t t = sin2x, diéu kién [t|< 1. Ham s6 c6 dang:
1
y = (1 - sin?2x) - %sinZX +4=-1- ~2~t +5.

® Pao ham:
1
y=-2t-1, y’=0<:>-2t—§:0<:>t=~?}.

[\

. _9 1) _ 81 T
Tacoy(-1) = > y(——Z) = 16,y(l) =3 khi do:

. .19 81 7 . .
Miny = Min{=, —, —¢ = 7 dat digckhit=1<sin2x=1<x="1kn,ke Z.
xeR 216" 2] ~ 5 2
> Loi gidi tu Iugn 2: Dt t = sin2x, diéu kién [t|< 1.
Ham s6 dugc viét lai dudi dang:

. 1 1 81 1Y _ 81 1Y 7
= (1-sin?2x) - —sin2x+ 4= - ~t+5=— - |[t4—| 2 - [1+=]| ==,
y = (1 - sin?2x) 5 sin2x 5 T ( 4] 5

Suy ra Miny = %, dat dugckhi: t=1<sin2x=1<>x= %+kn,ke Z.
» Loi gidi tu Iugn 3: Bién d6i ham s6 vé dang:

1
y = (1 - sin*2x) - 5 sin2x + 4 = -sin?2x - %sian +5

2 2
:ﬁ- sin2x+—1— ZE~[1+l ==z.
16 4 16 4 2
Suy ra Miny = —g—, dat dugc khi:

sin2x=1<x= —Z+kﬂ:,keZ.
» Lua chon dép 4n bing phép thii I: Bién d6i ham s6 vé dang:

y = (1 - sin?2x) - %sian + 4 & 25in*2x + sin2x + 2y - 10 = 0.
Ta 1an lugt danh gia:

® V6iy = 3, ta c6 phuong trinh: 2sin?2x + sin2x - 4 = 0, v6 nghiém do |sin2x| < 1
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= Dép 4n A bi loai.
m Véiy = —;—, ta c6 phuong trinh:
Isin2x1<1
28in2x + sin2x-3=0 < sin2x=1<&x= §+kn,keZ.
Do d6, viéc lya chon dép 4n B 1a dung dan.

» Luta chon ddp dn bing phép thir 2: Ta c6:

) 17-3 ) 7 . 7 . oom
—|= vay|—|=— = Miny = —  dattaix= —+kn, ke Z.
y(6j 4 y(4) 7 7 G ) T 4

Do dé, viéc Iua chon ddp 4n B la dung dén.

Bai tip tuong tu: Gid tri I6n nhét ctia ham s6'y = 2sin?x + 2sinx - 1 bing:
A.3dattaix= %+2kn, kez. B.2 dattaix = g—+2kn,ke 7.
C.3dattaix= 12t~+2k1r,ke Z. D.2dattaix= -275+2kn:,ke Z.

Ddp s6 trac nghiém C.

Dé nghj hoc sinh thuc hién theo 5 cdch nhu trong bai 13.
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GAC PHUONG PHAP GIAl BAI TAP TRAC NGHIEM
BUONG TIEM CAN COA DO THI

KIEN THUC CO BAN
1. Dudng tiém cin ding va dudng tiém can ngang
Pinh nghia 1: Duong thing y = y, dugc goi Ia dudng tiém cin ngang (goi tit 1a
tiém can ngang) ctia d6 thj him s6'y = f(x) néu:
lim £(x) =y, hoéic lim f(x) =y,
Pinh nghia 2: Dudng thing x = x, duogc goi la dudng tiém cin ditng (goi tat 1a
tiém cin diing) ctia d6 thj ham s6'y = f(x) néu:

lim f(x) = o0 hodc lim f(x) = oo,

2. W Dudng tiém cin xién
Pinh nghia 3: Puong thingy = ax + b dugc goi Ia dudng tiém cdn xién (goi tat la
tiém can xién) ctia dé6 thi ham sO'y = f(x) néu:

xlinz}o [f(x) - (ax + b)] = 0 hodc xlirpw [f(x) - (ax+Db)] =0

. s

cAc PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

1

Bai1.Chohamsdy= 7 S6 dudng tiém can ctia d6 thi ham s6 bing:
X —
A. 0. B. 1. C. 2. D. 3.

Pép s6 tric nghiém C.

> Loi gidi tu Iudn: Ta c6 tap xac dinh D = R\ {1}.

Tl d6, ta nhan dugc két luan:

Dudng thing x = 1 1a tiém cin diing vi limy = co.

= Pudng thing y = 014 tiém cin ngang vi limy = 0.

Viy, d6 thi ham s6 c6 hai dudng tiém can.

» Lua chon ddp 4n béng phép dnh gi: Dya trén tinh chdt clia ham phan thiic bac

nhit trén bac nhét (ludn cé mot tiém can diing va mot tiém can ngang) nén ta két ludn
ngay ham s6 c6 2 dudng tiém can.

Do dé, viéc Iia chon dép an C la ding dan.
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@ Nhén xét: Nhu vay, d€ lua chon dugc dép an dung cho bai toén trén thi:

Trong cdch gidi tu Iudn ching ta stt dung phuong phap da dugc hoc d€ tim ra cu
thé hai duong tiém can cho d6 thi ham phan thiic bic nhét trén bac nhit.

= Trong cdch gidi bang phép ddnh gid chiing ta loai trit ngay dugc céc ddp én A, Bva
D thong qua tinh chat vé s6 dudng tiém cin ctia moi d6 thi ham phén thic bac nhét trén
béc nhit - Pdy la dang ham s6 co ban dugc trinh bay trong SGK.

Tuy nhién, dé€ ting d6 khé cho ciu hoi trac nghiém n6 thudng dugc phét biéu duéi

dang “Hay Iya chon phuong trinh cdc duong tiém can ctia d6 thj ham s&”.

2
Bai2.Cho ham sy = X —x-1 ¢4 tiém cin ctia d6 thi ham s6 bang:
X—2

Al B. 2. C.3. D. 4.
Dap s6 trac nghiém B.

> Ldi gidi tu ludn: Ta c6 tip xdc dinh D = R\ {2}.

T d6, ta nhan dugc két luan:

Dudng théng x = 2 14 tiém can ding vi lim y = oo.

= Puong thing y = x + 113 tiém cén xién vi lim [y —(x+1)] =0.

Vay, d6 thi ham s6 c6 hai dudng tiém cén.

» Lua chon dép dn bang phép ddnh gid: Dya trén tinh chit cia ham phan thiic bac
hai trén bac nhat (Iuén c6 mot tiém cén ding va mot tiém can xién) nén ta két luan
ngay ham s6 c6 2 dudng tiém can.

Do d6, viéc lya chon dap én B 1 dung din.

% Nhén xét: Nhu vy, d€ lya chon dugc dap 4n ding cho bai todn trén thi:

® Trong cdch gidi ty ludn, chung ta st dung phuong phdp da dugc hoc d€ tim ra cy
thé hai dudng tiém cin cho d6 thi ham phan thic bac hai trén bac nhit.

Trong cich giai bang phép ddnh gid, chung ta loai trit ngay dugc cdc dap 4n A, Bva
D théng qua tinh chét vé€ s§ dudng tiém cin ctia moi d6 thi ham phén thitc bac hai trén

béc nhat - Pdy Ia dang ham s6 co ban dugc trinh bay trong SGK.

e,

o

p
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2
Bai3.Chohams6y = 42X _11 . $& tiém c4n clia d6 thi ham s6 bing:
X+
A. 0. B. 1. C. 2. D. 3.
Dép s6 trac nghiém A.

> Loi gidi tu Iugn: Ta c6 tap xac dinh D = R\ {—%} .

2x-DR2x+1) —Jx -
2x+1

Vay, d6 thi ham s6 khong c6 tiém cén.

Ham s6 dugc bién déi vé dang: y = L.

@ Cht ¥: Rét nhiéu em hoc sinh khi thuc hién bai todn trén da Iya chon ngay ddp
4n C béi ngd nhan dé Ia ham phén thiic bic hai trén bic nhét. Do d6, dé tranh nhdm lan
khéng déng c6 cdc em hay thuc hién phép bién doi (chia da thiic):

ax’ +bx+c

= - = 1 .
Y dx+e el dx+e
Khi dé:

s Néu m # 0 thi d6 thi ham s6 méi c6 hai tiém can (tiém cin ding va tiém can xién).

s Néu m = 0 thi d6 thi ham s6 khong c6 tiém can.

Ngoai ra, dé t3i uu thoi gian ta di thay gid trix = -

% vao tii s6 dé xét tinh suy bién

ctia ham so. ‘

mx®> —(m+2)x+2
x—1

A.0. B. 1. C. 2. D. 3.

Pép s6 trac nghiém A.

Bai4.Cho ham sdy = . S6 tiém cén clia d6 thi ham s6 béng:

> Loi gidi ty Iugn: Ta c6 tap xac dinh D = R\ {1}.

x=D(mx-2)
x—1
Vay, d6 thi ham s6 khong c6 tiém can.

Ham s6 dugc bién d6i vé dang: y = =mx - 2.
» Lua chon dép 4n bing phép ddnh gid 1: Thay x = 1 vao tii s6, ta thdy:
m - (m + 2) + 2 = 0 = Ham s6 suy bién thanh ham bac nhat.
Vay, d6 thi ham s& khong c6 tiém can nén viéc lya chon dép 4n A la dung dan.

» Lua chon ddp 4n bdng phép ddnh gid 2: Nhén thdy phuong trinh TS = 0 c6
nghiém x = 1 (bdia + b + ¢ = 0) tlic ham s6 suy bién thanh ham bac nhét.

Vay, d6 thi ham s8 khong c6 tiém c4n nén viéc lya chon dép an A la ding din.

64)
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X+1
Bai5.Chohamsdy = 2.9 S6 tiém cén ctia d6 thi ham s8 bang:
Al B. 2. C.3. D. 4.

Ddp s6 trac nghiém C.
» Loi gidi tif Iugn: Ta c6 tap xac dinh D = R\ {+3}.
Tt d6, ta nhén duogc két luan:

= Céc duong thang x = +3 14 tiém cén diing vi lim y = oo,

Dudng thang y = 0 1a tiém can ngang vi limy = 0.

Véy, d6 thi ham s6 c¢6 ba dudng tiém can.

" Nhan xét: Nhu vy, d€ lya chon dugc dép 4n dung cho bai todn trén trong céch
gidi ty luén, chung ta st dung dinh nghia d€ tim ra cy thé ba duong tiém cén cho d6 thi
ham so6.

Tuy nhién, néu cic em hoc sinh c6 thém kién thiic vé tiém cin clia d6 thi ham phéin
thiic tong quaty = % v6i u(x) va v(x) khong c6 nghiém chung thi cé thé lya chon dugc
dép an ding bing phép dénh gi4, cu thé:

& Néu phuong trinh v(x) = 0 c6 nghiém x = X, thi dudng thing x = X, la tiém cén
ding ctia d6 thi ham s6. S6 nghiém phan biét clia phuong trinh v(x) = 0 14 s6 tiém can
diing ctia d6 thi ham s6.

= Néu bac u(x) nho hon hodc bing bac v(x) thi d6 thi ham s6 con cé tiém can ngang,
c6 phuong trinh y = a, dugc x4c dinh baia = lim y,

Néu bac u(x) 16n hon bac v(x) (gid st u(x) = g(x)v(x) + h(x)), thi lim [y-gx)]=0
< Dudng y=g(x) la tiém cin ctia d6 thi ham s6. Khi do:

- Néu béc g(x) bang 1 thi y = g(x) 1a phuong trinh tiém cin xién ctia d6 thi ham s6.

- Néu bac g(x) 16n hon 1 thiy = g(x) 1a phuong trinh tiém c4n cong cta dd thi
ham sé.

Bai6.Cho ham sy =

x—1

. §6 tiém can ctia d6 thi ham s& bang:
X

Al B.2. C.3. ‘D. 4.
Dap s6 trac nghiém B.

> Loi gidi ty ludn: Ta c6 tap xac dinh D = R\ {0}.

Tl do, ta nhan dugc két luan:

= Dudng thdng x = 0 1 tiém cin dting.vi lim y = oo,




= Dudng thdng y = 012 tiém cdn ngang vi limy = 0.

Vay, d6 thi ham s8 c6 hai dudng tiém can.

» Lua chon dip 4n bing phép dénh gid: Nhan thdy TS va MS khong c6 nghiém
chung va phuong trinh MS = 0 c6 mét nghiém nén d6 thi ham s6 c6 hai tiém cin (mot
tiém can diing va mot tiém can ngang).

Do d6, viéc Iva chon dap 4n B 1a dting dan.

x}-2x%—-x+4

Bai7.Cho hamsdy = . S6 tiém can ctia d6 thi ham s6 béang:
y g

X' —x =2
A. 1 B.2. C.3. D. 4.
Dép s6 trac nghiém C. ’

> Loi gidi tu lugn: Ta c6 tap xac dinh D = R\ {-1,2}

Viét lai ham s6 duéi dang:

y=x-1+ -—7-2—— Sy=x-1+ ——-—2——~—
X —x=2 x+D(ExE-2)

T d6, ta nhan dugc két luan:

Dudng thing x = -11a tiém c4n dling vi lim y = co.

Dudng thing x = 213 tiém cén ding vi lim y = co.

Duong thing y =x - 11a tiém cén xién vi lim [y—(x- l)} =0.

Vay, do thi ham s c6 ba duong tiém can.

» Lua chon dép 4n bing phép ddnh gid: Xét phuong trinh MS = 0, cu thé:

xX2-x-2=0<>x=-1hodcx=2.

Khi dé:

a Véi x = -1 thi TS = 2 nén x = -1 khong 12 nghiém ctia phuong trinh TS = 0.

= V§i x = 2 thi TS = 2 nén x = 2 khong la nghiém ciia phuong trinh TS = 0.

Nhu vay TS va MS khong c6 nghiém chung va phuong trinh MS = 0 ¢6 hai nghiém
phan biét nén d6 thi ham s6 c6 ba tiém can (hai tiém cin dting va mot tiém cén xién).

Do d6, viéc lya chon dap 4n C 1a dung dan.

> Lua chon ddp 4n bing phép dénh gid két hop stt dung mdy tinh CASIO fx -
570MS: Xét phuong trinh MS = 0, cy thé:

x*-x-2=0<x=-1hodcx=2.

g

A
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= Nhap TS =x*-2x* - x + 4 ta 4n:
ALPHAIX B 3 [ 2 [ALPHA X 8 B ALPHA X [ 4

= Khi dé, ta lan lugt v6i cdc gid tri x = -1 vax = 2

caild @ B -1
caLd 2[E] 2

Nhu vay TS va MS khong c6 nghiém chung va phuong trinh MS = 0 ¢6 hai nghiém

phén biét nén d6 thi ham s6 cé ba tiém can (hai tiém cin ding va mét tiém can xién).
Do d6, viéc Iua chon dép én C 1a dtng dén.
» Lua chon ddp dn bing phép dinh gid két hop stt dung mdy tinh CASIO fx - 570MS:
Ta lan lugt xét cac phuong trinh:
-2x* - X + 4 = 0 <> x = -1.2695 bing c4ch 4n:

MODE|[1]
MODE MODEHMODﬂ . [»][3

1E[E B8

—1.2695
Ro]

X*-x-2=0<>x=-1hodc x =2 bing cich 4n:

MODﬂ !MODE1 LODTIII

ll

Nhu véy TS va MS khong c6 nghiém chung va phuong trinh MS = 0 ¢6 hai nghiém
phan biét nén dé thi hAm s& c6 ba tiém can.

Do d¢, viéc lya chon dap an C 1a dung din.
Bai8.Cho ham s6 y = v/x* 1. $6 tiém can clia d6 thi him s6 bang;

A.0. B. 1 C.2. D. 4.

bap s6 tric nghiém C.

» Loi gidi ty ludn: Diéu kién:

1205 |2 1= D = (-0; -1] U [1; +00).

@ Gid st (d,): y =ax + b, J4 tiém cdn xién bén phdi clia 46 thi ham sé, ta co:

2
a =lim ¥ = lim YX' =1 _ jim E— 1“12—]=—1,

X—>—00 X X—>—00 X—»—00 X

X




. . e . -1
b':. llm(y—ax): llm( Xz—l +X): llm—\/:—z—:;i—‘—z(l
X—3—00 X——00 == fx“—1—-X

1

Vay, dudng thing (d ): y = -x 12 tiém cén xién bén phai ctia (C).

sGidsti(d):y=ax+ b, I tiém cén xién bén trdi ctia d6 thi ham s, ta co:

2
a,=lim ¥ = lim ALl T h_iz -1,
X—>+00 X X—>+0 X X400 X

b,= lim (y - ax) = lim (Vx* -1 -x) = lim e Y

e JxP —1+x

Vay, dudng thang (d,): y = x 13 tiém cén xién bén trai caa (C).

Vay, d6 thi ham s6 c6 hai dudng tiém cén.

& Nhan xét: Nhu vy, dé Iga chon dugc dap an ding cho bai toan trén trong cach
giai ty ludn, ching ta st dung dinh nghia dé tim ra cy thé hai didng tiém cin cho do thi
ham s6.

Tuy nhién, néu cac em hoc sinh c6 thém kién thiic vé tiém cin cta d6 thi ham vo ti
dangy = VAx? +Bx+C (A # 0)thi cé théIua chon dugc ddp 4n ding béng phép danh gid,
cu thé ta xét cac trudng hgp sau:

Trudng hop I: Néu A < 0 thi d6 thi ham s6 khong c6 tiém can bdi vi khi do ca tap
x4c dinh va mién gia tri cia ham s§ déu khong chita co.

Trudng hop 2 Néu A > 0 ta xét hai khd ndng:

= Khd ndng 1: Néu A = B? - 4AC = 0 thi ham s6 6 dang:

y=+A

x —~—2%} = D6 thi ham s6 khong cé tiém can.
= Khd ning 2: Néu A = B? - 4AC # 0 thi d6 thi ham s6 c6 hai tiém c4n xién, dugc xac
dinh nhu sau:
Giai st (d): y = ax + b 1a tiém cén xién bén phai ctia dd thi ham s6. Khi do:
a= lm JAABHC —JA.
X——eo X
b= lim [VAXC +Bx+C +XvA]

X—p=o0
. Bx+C B
= lim = —

== [Ax? 4 Bx + C — x/A 2JA

Gia sti (d): y = ax + b 1 tiém cén xién bén trdi ctia do thi ham s6.
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Khi dé:
i 2
a= lim YAX +#Bx+C _ JA .
Xy -teo X
b= lim [VAX? +Bx+C — XA ]
X—>too

. Bx+C B
= lim =

x> JAx? 1 Bx+C+xJA  2VA .

Néu viéc tim tiém cén xién khong phai 1a muc dich chinh ctia bai, thi c6 thé st dung
ngay két qua trén, nhu sau:

= Khi x — -0, d6 thi 6 tiém cin xién bén phaiy = - (xVA + % ).
Khi x — +00, d6 thi c6 tiém cin xién bén trdiy = x VA + EB—IX'
Phuong phap trén dugc md rong cho 16p ham s6 dang:
y=cx+d+ JAx? + Bx+C 5y = ‘\’/anx“ +an_ X" 4 +ag,
Bai9.Cho ham s8y = 2% $6 tiém can ctia d6 thi ham s& bing:
A0, Bl C.2. D.3,

Dap s6 tric nghiém C.
» Loi giai tur Iudn: Ta c6 tap xac dinh D = R\{0}.
Tl d6, ta nhan duogc:

Do thi ham s6 ¢6 tiém cin diing x =0 vi limy = oo,
1

. .
< — va llm — = 0= lim
Ixl 7" x| "

. |sinx sinx
Ta co:

=0

X
= y=01la tiém c4n ngang ctia d6 thi ham sé.
Viéy, d6 thi ham s6 ¢6 hai dudng tiém can.
Bai 10. Cho ham s6 y = 8°*'. S& tiém c4n clia d6 thi ham s6 bing:
A.0. B. 1. C.2. D. 3.
Dap s6 trac nghiém B.
» Loi gidi tr lugn: Ta ¢4 tip x4c dinh D = R nén d thi ham s6 khong c6 tiém cin diing,
Mait khéc, ta co:
lim y =0, suy ra dudng thdng y = 014 tiém can ngang bén phéi ctia d6 thi ham so.
lim y = oo, suy ra d6 thi ham s6 khong c6 tiém c4n ngang bén tréi.

Viéy, d6 thi ham s6 c6 mot dudng tiém can.

)



Bai11. Choham sy = —)—{—j-i- Phuiong trinh cdc dudng tiém cén ctia d6 thi ham s6 la:
X+
A.x=-2vay=-L B.x=-2vay=1
C.x=2vay=-1L D.x=2vay=1

Dbép s6 trac nghiém B.

» Loi gidi tu ludn: Ta c6 tip xac dinh D = R\{-2}.

Tt d6, ta nhan dugc két ludn:

Dudng théng x = -2 12 ti¢m can ding vi lim y = co,

Dutng thing y = 11 tiém cin ngang vi limy = 1.

ax+b

» Lua chon ddp 4n bing phép dinh gid 1: V6i ham phan thic y = ———,

ta lan luct co:

Tiém cin ngang ld y = — =1 nén cic dap an A va Cbi loai.

o0 |

@ Tiém cin diinglax = = -2 nén dap an D bi loai.

Do dé, viéc lya chon dép 4n B la dGng dén.
» Lua chon ddp 4n bing phép ddnh gid 2: Ta lan lu¢t danh gid:

= Ham s6 xé4c dinh tai x = 2 nén khong thé nhan dudng thang x = 2 lam tiém can,
suy ra cac dap an C va D bi loai.
' ax+b

= Ham phén thiicy = c6 tiém cAn nganglay = 2 _1neénd4 an A bi loai.
P y ganglay= " P

cx+d

Do d6, viéc lya chon dép 4n B 1a dung dén.

& Nhan xét: Nhu vay, dé lya chon dugc dép 4n diing cho bai toan trén thi:

Trong céch gidi tu ludn, ching ta thuc hién theo ding phuong phép da dugc hoc
trong SGK dé tim hai dudng tiém can ctia ham phén thiic bac nhét trén bac nhat.

Trong cich Iua chon ddp 4n bing phép thit 1, chiing ta st dung lan lugt cong
thiic vé hai dudng tiém c4n ctia ham phan thic bac nhiét trén bac nhét déloai bo dan
cac dap an.

Trong cach Itta chon dép dn bing phép thii 2, thi & nhén xét dau tién ching ta loai
dugc cac dap an C va D béi diém x = 2 van thudc tép xéc dinh ctia ham 6. Cubi cung,
bing viéc stt dung cong thiic vé phuong trinh dudng tiém can ngang, ching ta loai bo
dugc dap 4n A (3 day ching ta khong st dung cong thiic vé phuong trinh dudng tiém
can ddng bdi ching giéng nhau trong hai dap an).
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2
Bai 12. Cho ham s6 y = }—ixlti Phuong trinh cac dudng tiém cén ctia d6 thi ham s6 la:
A.x=-1vay=x-4. B.x=-lvay=-x+4.
Cx=lvay=-x-4. D.x=1vay=x+4.
Dap s6 trac nghiém A.

> Loi gidi tu Iudn: Ta c6 tap xac dinh D = R\{-1}.

A : A ~ Iy 8
Viét lai ham s6 dudi dang:y=x-4 + 1

Tl d6, ta nhan dugc két luan:

® Pudng thing x = -1 1 tiém can dling vi lim y = oo,

® Pudng thing y = x - 414 tiém can xién vi lim [y-(x-4)]=0.

» Lua chon dép dn bang trich Iugc tu ludn: Ta c6 phép bién d6i ham sé:

8 A A i
y=x~4+~?:>y=x—4léti¢mcanmencuad0thg.
X

Do d6, viéc lya chon dép én A 13 diing dén.

» Lua chon ddp 4n bing phép ddnh gi4 I: Ta 14n lugt danh gia:

" Ham s6 xac dinh tai x = 1 nén khong thé nhin dudng thing x = 1 1am tiém cén,
suy ra cac dap an C va D bi loai.

ax”> +bx+c

® Ham phén thicy = 3
X+e

cotiémcinxiénlay=Ax+B,voi A= % =1nén
dap 4n B bj loai.

Do d6, viéc lua chon dép 4n A 13 ding din.
ax’ +bx+c

» Lua chon ddp 4n bing phép dinh gid 2: V&i ham phan thiic y = e

ta 1an lugt cé:
" Tiém canxiénlay = Ax+ B, v6i A = % =1 nén cac dap an B va C bi loai.
Tiém can dingla x = —% = -1 nén dap an D bj loai.
Do d6, viéc lua chon dap én A 1a dung dén.
@~ Nhén xét: Nhu véy, d€ lua chon dugc dép 4n diing cho bai toan trén thi:

® Trong cdch gidi ty ludn chiing ta thuc hién theo dung phuong phap da dugc hoc
trong sgk d€ tim hai dudng tiém c4n cia ham phan thiic bic hai trén bic nhét.
® Trong cdch Iua chon ddp dn bang trich lugc tu lun, duigc hiéu 1a phép nhdp nhanh

(n
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dé dat dugc muc tiéu dé ra cho dang cau hoi nay véi moi ham phén thicy = g?% ,
v(x
cu thé ching ta thuc hién phép chia da thic d€ chuyén ham s6 vé dang:
y =1(x) + 11_1(9%) , v6iu,(x) c6 bac nhé hon v(x)
VX

Khi d6, ta thiy ngay:

- y = f(x) 1a mot tiém can ctia d6 thi.

- Céc duong tiém can diing 1a nghiém (néu c6) clia phuong trinh v(x) = 0.

Phuong phép nay lu6n dugc uu tién lya chon vi né giup chi ra dugc dap én ding
mdt cich nhanh nhét. Tuy nhién, d€ tranh sai st khong dang cd, cac em hoc sinh hay
than trong & budc chia da thic.

= Trong cdch Iua chon ddp 4n bing phép thii 1 thi & nhan xét du tién ching ta loai
dugc cac dép 4n C va D béi diém x = 1 van thudc tép xac dinh ctia ham s6. Cuéi cung,
bing viéc st dung cdng thiic vé phuong trinh duong tiém cén xién, ching ta loai bo
dugc dép an B (6 day chung ta khong sti dung cong thiic vé phuong trinh dudng tiém
can dling boi ching gidng nhau trong hai ddp 4n).

= Trong cdch Iya chon dép dn bang phép thii 2, ching ta st dung lan lugt cong
thiic vé hai dudng tiém cin clia ham phén thiic bac hai trén bac nhat dé loai bo dan
cac dap an.

Viéc lya chon d4p é4n dung bing nhiing phép thii khac nhau phu thudc rét nhiéu vao
cach cho cac Iya chon tric nghiém, chiing ta sé thiy dugc nhan xét nay & bai todn sau.

Bai13.Cho ham s8 y = VX’ +x +1. Phuong trinh cic dudng tiém cin clia d6 thi ham s6 1a:

A,y:x+%véy=-x~ B.y=x+1lvay=-x-1

4
C,y:x+%véy=—x—%. D.y=x+2vay=-x-2.
bap s6 triac nghiém C.
> Loi gidi tu ludn: Tap xac dinh D = R.
= Gid sti (d,): y = a,x + b, I tiém c4n xién bén phai ctia d6 thi ham 0, ta co:

Vx2+x+1

RESR2.S.2 Y I LIV Y
X—>~c0 X X—>—00 x X =300 X X

a:liml:lim

X—>—0 K->—00

. . x+1 1
b = lim [y-ax] = lim [VX* +x+1 +X] = lim —=————— =-—.
1o [ VP 4+x+1l-x 2

2 1
Vay, dudng thang (d,): y = -x - 5 12 tiém cén xién bén phai cta (C).
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=Gidst(d,):y=ax+ b, Ia tiém can xién bén trdi ctia d6 thi ham s6, ta co:

. : vV x*+x+1
= lim l = lim X2 "~ 27" 1 + + — 1
2 Xyt X X=r4on —H o0

b lim [y ax] = 1im [\/x‘ + X+ 1 —x} = lim —-—ﬁ-lw = J.
2o o x4 x+lex 2

A \ 2 1 \ A A A A & k]
Vay, dudng thang (d):y=x+ 5 la tiém can xién bén trdi cta (C).

a

I

> Lua chon ddp én bang trich lugc tu Iudn: Ta co tapxac dinh D = R,

= Gid st (d ):y=ax+b, Ia tiém cdn xién bén phéi ctia d6 thi ham s, ta cé:
VxP+x+1

. . 11
a = lim Y - Iim XX FX*1 _ lim | = f1+—+— | =-1,
1 Xy X—»=00 X X > X X

. - 1
b= lim [y -ax] = lim [{x*+x+1 +X]=—5.

Vay, dudng thang (d):y=-x- % 13 tiém can xién bén phai.

Do d6, viéc lya chon dép an Cla dung dén (b&i dudng tiém cin nay chi c6 duy nhét
trong dap 4an C).

» Lya chon dép 4n bing phép thii: Ta biét ring d6 thi ctia ham s6 luén c6 hai tiém
cinxiéndangy=ax+b,i=1,2 v6i:

l
b = +—J= =+— = Cacdap an A, B va D bi loai.

Do d6, viéc lya chQn dap an Cla ding dan.

©" Nhén xét: Nhu vay, d€ lya chon dugc dédp 4n dang cho bai todn trén thi:

= Trong cdch gidi tu ludn ching ta thyc hién theo ding phuong phap da biét d€ tim
cdc dudng tiém cin clia ham vo ti.

= Trong cdch Iua chon ddp 4n bang phép thii, chung ta ciing st dung kién thiic thu
nhan dugc trong nhan xét ctia bai 4.

Tuy nhién, cdc em hoc sinh dé nhin thdy ring:

- Phuong phép t ludn sé mét nhiéu thoi gian. Ngoai ra, rit nhiéu em hoc sinh
khéng cé dugc ki ning t6t dé thuc hién béi trong SGK trinh bay rét so lugc.

- Phuong phép nhap nhanh cho dii gidm dugc mot ntia thai gian (& bai toan nay)
nhung van dé gay nhim l4n trong tmh todn. Ngoai ra, néu c6 nhiéu hon mét két qua tric
nghiém chta phuong trinh y=-X-— th1 khong thé giam dugc thoi gian.

- Phuong phép lya chon dép 4n bang phép thii st dung kién thic khong dugc trinh
bay trong SGK nén hin nhiéu em hoc sinh khong biét hoic khong con nhé.




Do viy, chiing ta sé quan tim t6i viéc st dung dinh nghia dé lua chon dugc ddp dn
dung trong phuong phdp Iua chon ddp 4n bing phép thii & bai toén tiép theo.

2
Bai 14. Cho ham s6 y = (m +Dx+4 b thi ham s6 c6 tiém can khi:

_ X+2 :
A m=#-1. B.m=1. C.m=#=+1. D. Moi m.
Dap s6 trac nghiém C.
2
> Loi gidi tu Iudn I: Viét lai ham s6 dué6i dang: y=m?+ 1 - —2—11—5%
X+

Do thi ham s6 c6 tiém cin khi va chi khi:

2m?-2# 0 m# £l
Vay, v6i m # +1 d6 thi ham s6 cd tiém cén.
» Loi gidi ty lugn 2: D6 thi hAm s8 c6 tiém cén khi va chi khi:
TS va MS khong c6 nghiém chung <> (m* + 1)(-2) +4#0 < m# 1.
Vay, v6i m # +1 d6 thi ham s6 c6 tiém can xién.
» Lua chon ddp 4n bang phép thii: Ta 14n lugt danh gia:
Véim = -1, ham s6 ¢6 dang:

_ 2x+4

Y= =2 = D6 thi ham s6 khong c6 tiém cin

= Céc dap an B va D bi loai.

® V6im = 1, ham s6 c6 dang:

2x+4 Rl 1o X 11 A L opa A
= X:Z =2 => D6 thi ham s6 khong c6 tiém can
X
= Ddpan A bi loai.

Do d6, viéc Iua chon dép 4n C 1a ding dén.

mx? —mx +m?* +m

Bai 15. Choham sy = . . D6 thi ham s6 c6 tiém cin xién khi:
X_—
A m#-1lvam#2. Bm#1vam=2.
C.m=#-1vam=0. D.mz1vam=0.

bap s6 trac nghiém C.
> Loi gidi tu udn 1: Viét 1ai ham s6 dudi dang:
m’+m

y=mx+
x—1
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D6 thi ham s6 6 tiém can xién khi va chi khi:
m=0 {m #0
) = :
m-+m=0 m#—1
Vay, v6i m # 0 vam # -1, d6 thi ham s6 c6 tiém cin xién.
» Loi gidi tv Iudn 2: DS thi ham s6 c6 tiém cin xién khi va chi khi:
TS 1a tam thiic bac hai khong chia hét cho mau s6

m=0 {m;tO

< .
m#—1

m-m+m’+m=0
Vay, véi m # 0 va m # -1 d6 thi ham s6 c6 tiém cin xién.
» Lya chon ddp dn bang phép thii: Ta 1an lugt danh gié:
® V6i m = 0, ham s6 c6 dang:

y=0=> D6 thi ham s6 khong c6 tiém cin xién => Cac dap an A va B bi loai.
V6im = 1, ham s6 c6 dang:

X2 —x+2 2 Toai
y= Xl =X+ =y =xla tiém can xién = Dap én D bj loai.
x— _

Do dé, viéc Iua chon dap 4n C 1a dting dan.




CAC PHUONG PHAP Il BAI TAP TRAC NGHIEM
BIEM UGN COA BO THI - PHEP TINH TIEN HE TOA

) KIEN THUC COBAN

 Diém uén clia dd thi

Pé& tim diém udn clia d6 thi ta st dung két qua saw:

Dinh Ii: Cho ham s8'y = f(x) c6 dao ham cdp m¢t lién tuc trén (a; b) va cé dao ham
dén cép hai trén cdc khodng (a; x) va (x;; b). Néuf”(x) déi ddu khi x qua diém x_ thi
I(x,; f(x,)) la mot diém ubn ctia do thi ham s0y = f(x).

%" Nhan xét:

1. Tai diém udn, tiép tuyén ctia d6 thi phai xuyén qua d6 thi.

2. Diém x, khong nhit thiét phai 1a nghiém ctia phuong trinh y” = 0.

2. Phép tinh tién hé toa do

2.1. Céng thiic chuyén hé toa dé

Cho diém I(x,; y,) va di€ém M(x; y) trong hé toa d6 Oxy, khi d6 trong hé toa do IXY
diém M sé c6 toa do: {

Xy =X—Xq
YM =Y~ Yo
2.2. Phuong trinh ctia dudng cong y = f(x) d6i véi hé toa do IXY

Taco kétqua: Y =f(X +x) -y,

Cfic PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

&
Bai1.D6 thiham s0 y = %)8 +x% - 2 ¢4 s6 diém uén bang:
A.0. B. 1. C.2. D. 3.
Dbép s6 trac nghiém B.
» Loi gidi tu lugn: Tap xac dinh D = R.
= Dao ham: y’ = x* + 2x, Yy =2x+2. Y =02x+2=0. @)
Vi phuong trinh (*) luén c6 mdt nghiém nén d6 thi ham s6 c6 mot diém udn.

» Lua chon ddp 4n bing phép thi: S6 diém u6n cla cic ham da thiic bing
s6 nghiém ctia phuong trinh y” = 0 va ddi ddu qua nghiém dé. Véi ham s6 bac ba
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(y=ax’ +bx* + cx + d) thiy” = 6ax + 2b nén phuong trinh y” = 0 c6 mot nghiém va qua
d6 y” d6i ddu. Nén do thi ham s6 c6 mét diém udn.

Do d6, viéc lya chon dép 4n B la dung dan.

“ Nhan xét: Nhut vay, d€ Iua chon dugc dap an ding cho bai todn trén thi:

= Trong cdch gidi ty lugn ching ta thyc hién theo cic budc:

Budc 1: Tim tép xac dinh D.

Budc 2: Tinh dao ham y’ y” réi xét xem phuong trinh y” = 0 ¢6 bao nhiéu nghiém
va qua do6 y” d6i ddu.

Bude 3: Két luén vé s6 diém udn cia d6 thi ham sé.

u Trong cdch Iua chon dép 4n bang phép thir chiing ta nhén dinh réng cdc ham da
thtic bac ba luén ¢ y” 1a mot nhi thiic bac nhit (phuong trinh bic nhét ax + b = 0 véia = 0)
nén luén cé mét diém uon.

Tong qudt: Ham da thiic bac k (k > 2) sé c6 phuong trinh y” = 0 1a mot phuong trinh
back -2, do do sé c6 t6i da k - 2 diém uén.
Bai 2. D6 thi ham s6 y = x* - x? + 1 ¢6 6 diém u6n béng:

A.0. B. 1. C.2. D. 3.

Dép s6 trac nghiém C.

> Loi gidi ty lugn: Tap xac dinh D = R,

= Dao ham: y’ = 4x° - 2x, y =12x7- 2. Yy =0&12x2-2=0. *)

Vi phuong trinh (*) ludén c6 hai nghiém phéan biét nén dé thi ham s6 c6 hai
diém udn.

» Lya chon ddp 4n bing phép thi: V6i ham trung phuong (y = ax* + bx? + ¢) thi
y” =12ax* + 2b va via va b trdi ddu nén phuong trinh y” = 0 c6 hai nghiém phan biét va
qua dé do6i ddu. Nén d6 thi ham s6 c6 hai diém uén.

Do dé, viéc lua chon dap an C1a dung din.

= Nhan xét: Nhu vdy, d€ Iya chon dugc ddp 4n ding cho bai toan trén thi:

@ Trong cdch gidi tu lugn ching ta thyc hién theo hai budc nhu trong bai 1.

= Trong cdch Iya chon ddp 4n bing phép thit ching ta nhan dinh ring cdc ham da
thiic bac bon dang triing phuong ludn ¢6 y” 1a mot tam thiic bac hai dang 12ax? + 2b =0
v6ia#0) nén luon cé6 mot hodc hai diém udn, tiiy thudc vao d4u gitia a va b.




Bai3. D6 thi ham s6y = x* + 8% + 10 ¢6 s6 diém udn bing:

A.0. B.1. C.2. D.3.

Dap s6 trac nghiém A.

» Loi gidi tu Iugn: Tap xac dinhD=R.

= Pao ham: y’ = 4x° + 16x, Yy =12x* + 16. Y =0=1282+16=0. (%)
Vi phuong trinh (*) v nghiém nén d6 thi ham s6 khong c6 diém u6n.

> Lua chon ddp 4n bing phép thit: V6i ham tring phuong c6 ab > 0, nén do thi
ham s6 khong c6 diém uén.

Do d6, viéc lua chon dap én A la ding dan.

Bai 4. D6 thi ham s8y = Yx c6 s6 diém udn bing:
A.0. B.1. C.2. D. 3.
Dbép s6 trac nghiém B.

> Loi gidi tu lugn: Tp xic dinh D = R.

1 2
s Daoham:y = -/, Y=
3%/X72 Y 9x3/x

Viy” d6i d4u khi quax, = 0 € D nén d6 thi ham s6 c6 mot di€m uén.

@ Ch y: Rét nhidu em hoc sinh sau khi thyc hién tinh y’ va y’, r6i thiét lap phuong
trinh y” = 0 va thdy né vo nghiém nén da két luan ham s6 khong c6 diém udn.
Bai 5. D6 thi ham s8 y = cosx 6 s6 diém udn bang;: |

A.O. B. 1. C. 100. D. Vo s0.

Dép s6 trac nghiém D.

> Loi gidi ty lugn: Tap xdc dinh D = R.

Pao ham: y’ = -sinx, Yy~ = -COSX.

Y’ =0 -cosx =0 <> cosx =0 x=~72£+kn, ke Z vb s6 nghiém.

Viy, d6 thi ham 6 c6 v6 s6 diém u6n.
Bai 6. Cho ham s6y = x* - X + 4x - 1. Diém udn clia d6 thi ham s6 la:

A.,Ue?%j. B,UG;Q. C.UG%). . b U(l-,l’_].

Dap s6 trac nghiém D.
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» Léi gidi ty lugn: Tap xéc dinh D =

= Dao ham:
y =3x%-2x + 4,
y =6x-2,

V' =0&6x-2= O<::>XU-—1:>DlemuonU(§_277]

= Chuy:

1. Viéc sti dung mdy tinh CASIO fx - 570MS tinh tung d6 cia diém uén trong bai
toan trén digc thyc hién boi mot trong hai cach sau:

Céch I: Ta 4n:

(Rl EDIA K[

Cdch 2: Ta thuc hién theo cic buéc:

= Nhdp ham s6y =x* - x* + 4x - 1 ta 4n:

[ALPHAIX B 3 [ ALPHA X 8 [ 4 ALPEAKE 1

» Khi d6, dé c6 dugc y -;-) ta &n: |

156 B 7427

2. Trong bai tap 5 chiing ta c6 thé sti dung phuong phdp trich Iugc tu udn, béi trong
b6n dép én chi c6 dép 4n C chiia x = -1, con trong bai toan nay thi khong thé bai ca hai

dap énAVéDdé‘ucc’)x:%.

Bai7.Cho ham s6 y = x* - 4x? + 3. C4c diém udn clia d6 thi ham sé la:

(,i 7} vaUE\/_ 7] B.UI(—l;Z] VéUZG;Z).

39 3°9 39 39

UI(_ﬁ;i] [\F 5) D.Ul(-l;fj vi Uz(l;fj.
3°9 3°9 39 39

Ddp s6 trac nghiém A.
» Loi gidi ty ludn: Tap xac dinh D = R.
Dao ham:
y =4x° - 8%, y’ =12x*- 8, y”:0<:>12xz—8=0<::>x=i?.

Véy,dGthihémsc“)'céhaidié’mu(”)nléUl[ \/_7]V3U[‘/3_ ;]

a@




& Chu y: Viéc sit dung mdy tinh CASIO fx - 570MS tinh tung d% ctia diém u6n

trong bai toan trén dugc thuc hién béi mot trong hai cach sau:

Céch I: Ta thyc hién theo cic buéc:
Nhap ham s8 y = x* - 4x* + 3 ta an:

ALPHAIX [ 4 B 4 ALPEAI K8

\/—6 A kl N N
—— | nén ta chi c4n 4n:

Bai 8. Cho ham s8 y = x* - 3mx* + x + 4m. Diém U(1; 3) Ia diém uén cta d6 thi ham s6 khi

m nhén gia tri bang:
A.m=0. B.m=1 C.m=2. D. V6 nghiém.
Dép s6 trac nghiém B.
> Loi gidi tu lugn: Tap xac dinh D = R.
= Pao ham: y’ = 3x* - 6mx + 1, y’ =6x - 6m.
Dé& diém U(1; 3) 14 diém udn ctia d6 thi diéu kién can va du la:

{y”(l)=0 {6—6m=0

< m=1.
yd)=3 1-3m+1+4m=3

Vay, v6i m = 1 thod man diéu kién déu bai.
» Lua chon dép 4n bing phép thi: Ta 1an lugt danh gid:
= Véi m = 0 ham s6 c6 dang: y =x* + x.
Suy ra:

Y =32 +1,7 =6x,y =0< 6x=0<x,=0=>Dap én A bjloai.
8Véim=1hams6cédangy=x-3x> +x +4.
Suy ra: Y =3x2-6x+1,7 =6x-6,

7V =0c6x-6=0x%,=1vay,=3= UL 3), thda man.

Do d6, viéc Iia chon dép 4n B la ding dan.
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" Nhan xét: Nhu véy, dé lua chon dugc ddp an ding cho bai toan trén thi:

® Trong cdch gidi tu ludn, ching ta thyc hién theo cac budc:

Budc 1: Xac dinh cac dao ham y’ va y”.

Budc 2: Thiét lap diéu kién d€ d6 thi ham s6 nhan diém U lam diém uén.

= Trong cdch Iua chon dép dn bing phép thir, ching ta thuc hién tif trai qua phai va
cén t6i hai lan thii méi lua chon dugc dép 4n ding.

" Hoat dong: C4c em hoc sinh hay dé€ xuéit mot phép thit khac dua trén tinh chét
diém u6n ctia d6 thi ham s6 bac ba (Diém uén 1a tim d6i xting).

@ Chuy: Ta c6 cac két qua:
1. D6 thi ham s6 bac ba nhan diém udn lam tim d6i xtng.
2. D0 thi ham s6 béc bon dang trung phuong nhan truc Oy lam truc d6i xting.
3. D6 thi cdc ham phan thiic nhan giao diém hai dudng tiém can 1am tAm déi xting.
Bai9. Cho ham s6 y = x* + 3x? + 1. D thi ham s& c6 tAm d6i xiing la diém:
A. (1;4). B. (1;5). C.(-1;1). D. (-1; 3).
Dap s0 trac nghiém D.
» Loi gidi tu ludn: Ta 1an lugt co:
Yy =3x’+ 6%, Y =6x+6.
Y =06x+6=0x=-1=7y(-1) =3.
Vay, d6 thi ham s6 c¢6 tam d6i xting 13 diém 1(-1; 3).
" Hoat dong: 1. Ban An thyc hién phép thit nhu sau:
V6ix = 1, ta dugc y(1) = 5.
Do d6, viéc lya chon dap 4n B 1a ding dén.

Khi so v6i dap an ding, chiing ta théy ngay viéc lya chon B 14 sai. Cau hoi dit ra 2
“Sai [dm ctia An xudt phdt to dau?”,

2. Ban Minh thuc hién phép thit nhu sau:
V6ix = 1, ta dugc y(1) = 5 = Dép an A bj loai.
V6ix = -1, ta dugc y(-1) = 3 = Pap dn C bi loai.
Nhén thdy, diém M(-3; 1) thudc d6 thi. Do d6, viéc Iya chon d4p 4n D 1a dting dén.

Céu hoi dit ra la “Minh da dya trén co s6 gi dé tim ra diém M réi khing dinh tinh
dung dan trong Iua chon ctia minh?.




2x+3

Bai 10. Cho ham s y = T D6 thi ham s6 ¢ thm doi xting 1a diém:
X —
A. (1;2). B. (% 1). C. (1;-1). D. (_%; 1}.
Dép s6 trac nghiém A.

> Loi gidi ty ludn 1: Ta lan lugt cé:

@ Tiém c4n diingx = 1.

Tiém cén ngangy = 2.

Suy ra, d6 thi ham s8 c6 tAm ddi xting Ia diém 1(1; 2).

» Loi gidi ti lugn 2: Him phan thiic bic nhét trén b4c nhét luén c6 tim doi xing la:

I(—g-; i) =1(1;2), tng vGi dap an A.
cc

» Lua chon dép 4n bang phép thii 1: Ta lan lugt danh gid:

= Tap x4c dinh D = R \{1} nén tam déi xting c6 hoanh d¢ bang 1, suy ra cdc dap an
B va D bi loai.

= Nhén thdy diém M(0; -3) thudc d6 thi nhung di€m N(2; 0) khong thudc do thi,
suy ra dap an C b loai.

Do d6, viéc lya chon dap én A la dung dan.

» Lua chon ddp 4n bang phép thit 2: Tam d6i xting cé tung do y = 222 suy ra cac

¢
dap 4n B, C va D bi loai. Do d6, viéc lua chon dép 4n A la ding dan.
- Nhén xét: Nhu véy, d€ Iya chon dugc dép 4n ding cho bai todn trén thi:

= Trong céch gidi tu Iuén 1, ching ta chuyén né vé viéc tim toa do giao diém hai
dudng tiém cén chia d6 thi ham so.

Trong cdch gidi tu ludn 2, cdc em hoc sinh cdn nhé dugc cong thic vé tam déi
xiing ctia d6 thi ham s6 bac nhit trén bac nhat.

= Trong cich Iya chon ddp dn bing phép thii 1, ta thyc hién:

- Khing dinh dugc hoanh d¢ tim d6i xiing bang 1, ta loai diigc cic ddp an B va D.

- Pélya chon gitta A va C, ta 18y diém M thudc do thi va diém N d6i xting v6i M
qua diém I(1; -1). ViN khong thudc d6 thi nén ta da khéng dinh dugc rang, diém I(1;-1)
khoéng phai 13 tAm ddi xiing ctia d6 thi ham s6.

u Trong céch Iua chon ddp 4n bing phép thit 2, véi viéc khang dinh dugc tung do
tam d6i xting bing 2, ta chi ra dugc ngay dap an ding.

)
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y TE2xH2 i} . ag
Bai11. Cho ham s6y = -X—i—;%i— . D6 thi ham s6 ¢6 tim d6i xtng la diém:
X
A.(0;1). B. (0;-2). C. (-2;-2). D. (-2; 1).

Dap s6 trac nghiém C.

» Loi gidi ty ludn: Viét lai ham s6 duédi dang: y = x + Y
Tl d6, ta lan lugt co:

Tiém can ding x = -2.

® Tiém can xiény = x.

Suy ra, d6 thi ham s6 c6 tAm d6i xting 1a diém I(-2; -2).

» Lya chon dép 4n bing phép thii: Ta lan lugt danh gié:

Tap xac dinh D = R\{-2} nén tdm ddi xiing c6 hoanh d¢ béng -2, suy ra cic dap
an A va B bi loai.

= Nhan thdy diém M(0; 1) thudc d6 thi nhung diém N(-4; 1) khong thudc do6 thi,
suy ra dap an D bi loai.

Do d6, viéc Iya chon dép én C 1a dung dén.

Bai 12. Cho ham s6 y = x* - 2x + 3. P thi ham s6 c6 truc d6i xting la:
A.x=-1 B.x=0. C.x=1 D.x=2.
Dap s6 trac nghiém C.

. b .
» Loi gidi tu Iudn: D6 thi ham s6 nhan dudng thingx =1 (x = - E—a-) lam truc d6i
xung.

Bai 13. Cho ham s6 y = x* - x? + 1. D6 thi ham s6 c6 truc d6i xting l:

A x=-1 B.x=0. C.x=L1 D.x=2.

Dép s6 trac nghiém B.

» Loi gidi ty lugn: Him s6 12 ham chin nén d6 thi ham s6 nhan truc Oy:x=01lam
truc doéi xdng.
Bai 14. Cho ham s6 y = |x[*(x? - 1). D& thi ham s6 ¢6 truc d6i xting 14:

A.x=0. B.x=1. C.x=2. D.x=3.

Dép s6 triac nghiém A.




> Loi gidi tu lugn: Ham s6 x4c dinh trén D = R ]a tap d6i xting.
Ta cé: f(-x) = |-xP[(-x)? - 1] = [x] *(x* - 1) = {(x)
= y=|x]’(x* - 1) 1a ham s6 chan.

Do d6, d6 thi ham s& nhén truc Oy: x = 0 lam truc d6i xing.
Bai15.Choham s6y = JI=x + J1+x. D6 thi ham s6 cé truc ddi xting la:

A.x=-3. B.x=0. Cx=1. D.x=3.

Dbép s6 trac nghiém B.

> Loi gidi tu Iudn: Ham s6 x4c dinh trén D = [-1; 1] 1a tdp d6i xting.

Ta cb: f(-x) = V1+x + Vi-x =f(x) =>y=+1-x + J1+x 13 ham chin.

Do d6, d6 thi ham s6 nhan truc Oy: x = 0 lam truc d6i xting.

@ Cht ¥: Trong trudng hop tdng quat, dé ching minh d6 thi ham s6 nhan dudng
thdng x = a 1am truc d6i xting, ta thuc hién theo cic budc sau:

Budc 1: V6i phép bién déi toa do {}; o {? Z §+ :
ham s6 c6 dang: Y = f(X +a) <Y =1£(X) (1)

Buidc 2: Nhan xét ring ham s6 (1) 1a ham s6 chan.

Budc 3: Vay, d6 thi ham s6 nhan dudng thing x = a lam truc d6i xting.

Bai 16. Cho ham s6 y = x* + mx + 1. D thi ham s8 nhan dudng thing x = 3 lam truc doi
xting khi:

A.m=3. B.m=6. C.m=-6. D.m=-3.
bap s6 trac nghiém C.
> Loi gidgi tu lugn: D6 thi ham s6 nhan dudng thang:
X= ——I;—l lam tryc d6i xting = —% =3< m=-6.
Vay, v6i m = -6 thoa méin diéu kién déu bai.

Bai 17. Cho ham s6 y = x* + mx® - (m - 1)x? + (m? - m)x + 1. D6 thi ham s6 nhan tryc Oy
lam tryc déi xting khi:

A-m=0. B.m=1. C.m=2. D.m=3.

Dép s6 trac nghiém A.

.

T84

e
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» Loi gidi tu lugn: D6 thi ham s6 nhan Oy lam truc déi xting khi:
Ham s6 1a ham chin < Cac hé s6 bac é bang 0
m=0

, < m=0.
m -m=0

Viy, v6i m = 0 thoa man diéu kién dau bai.
Bai 18. Cho ham s6 y = x* - mx? - 2mx + 3m. D4 thi ham s6 nhan diém I(1; 1) lAm tam d6i
xung khi:
A.m=0. B.m=1. C.m=2. D.m=3.
Dép 56 trac nghiém D.
> Loi gidi tu luan 1: V6i phép bién d6i toa do:
=X - x=X+1
&:;—i@ {y=Y+1
hamsécodang: Y+ 1= (X +1)-m(X + 1)*-2m(X + 1) + 3m
=X+ (3-m)X?+ (3-4m)X + 1. (1)
Ham s6 (1) Ia ham s6 1 khiva chikhi:3-m=0<>m = 3.
Vay, v6i m = 3 d6 thi ham s6 nhén diém I(1; 1) la tAm déi xiing.
» Loi gidi tu lugn 2: D6 thi ham da thiic bac ba nhin diém uén lam tim déi xdng,
nén bai toan dugc chuyén vé “Tim m dé diém I(1; 1) 14 diém uén”
s Tapxacdinh D= R,
Dao ham: y’ = 3x* - 2mx - 2m, y” = 6x - 2m.
Dé diém I(1; 1) 1a diém udn cta d6 thi diéu kién cin va da la:

"(1) = 6-2m=0
y'()=0 Q{ m
y()=1 I-m-2m+3m=1

Vay, v6i m = 3 d6 thi ham s6 nhé4n diém I(1; 1) la tdm d6i xting.

< m=3.

» Lua chon ddp 4n bing phép thit két hop mét phdn tu Iudn: Ta 14n lugt cé:
= Pao ham: y’ = 3x* - 2mx - 2m, y” = 6x - 2m.

Y =0&6x-2m=0&x = ? =1=>m=3

= Cac dép an A, Bva Cbijloai.
Do d6, viéc lya chon ddp én D la ding dan.




mx—1

Bai 19.Cho ham sy = . D6 thi ham s6 nhan diém I1(3; 1) 1am tdm d6i xting khi:

X —
A.m=0. B.m=1. Cm=2. D.m=3.
Dép s6 trac nghiém A.
x=X+3

y=Y+1

X=x-3
> Loi gidi tu Iudn 1: V6i phép bién d6i toa do: {Y —y-1 = {

m(X+3)-1 _ (m-DX+3m-1
~13.3 &Y= X . (1)
Ham s6 (1) 12 ham s6 1& khi va chi khi:

m-1=0m=1.

ham s codang: Y + 1=

Vay, v6i m = 1 d6 thi ham s6 nhén diém I(3; 1) 1a tim d6i xting.
> Loi gidi tu lun 2: Him phan thitc bic nhét trén bic nhdt ludn c6 tam d6i xting la:
I= (_E; E) =(3;m) =(3; 1) > m = 1, ing v6i dap an A.
: c c
Bai 20. Goi I 1 dinh ciia parabol (P): y = 2x* - 3x + 1. Phudng trinh clia parabol (P) d6i v6i
hé toa do IXY c6 dang:
A Y =2X2 B.Y =X C.Y=-X% D.Y =-2X2
Dép s6 trac nghiém A.
> Loi gidi tu Iudn: Ta l4n lugt c6:
Toa do dinh I(—S—;—l .
A .
Cong thiic chuyén hé toa do trong phép tinh tién theo vecto OI la:
X=x —% x=X+ 3
Sl
Y = el o= Y —_——
Yty y 3
va khi d6 trong hé toa do IXY parabol (P) c6 phuong trinh:

2
(P):Y - % =2[X+%) —3[X+i—] +1<(P):Y =2X2

Bai 21. Goi I 1a tim déi xting ctia d6 thi ham s6 (C): y = x* + 3x* - 4. Phuong trinh clia
dudng cong (C) d6i v6i hé toa do IXY c6 dang:
AY=X+3X BY=X+X C.Y=X-X. D.Y=X-3X.

bap s6 trac nghiém D.
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» Loi giai tu Iugn: Ta 1an lugt co:
y =3x?+ 6%, Yy =6x+6,
Y =0 6x+6=0< x=-1= tim d6i xting I(-1; -2).
Cong thiic chuyén hé toa d6 trong phép tinh tién theo vecto Ol la:
X=x+1 x=X-1
{Y:y+2 < {y=Y—2
va khi d6 trong hé toa d6 IXY (C) c6 phuong trinh:
(Cr:Y-2=(X-1P+3(X-1)-4¢ (C): Y = X* - 3X.

Bai 22. Goi I la tam d6i xiing ctia d6 thi ham s6 (H): y = x=2 . Phuong trinh ctia duong
+

cong (H) d6i véi he toa do IXY c6 dang:

5
D.Y=—.

5
AY=-2. B.Y=-2. Cy=2. |
X X X

X
Dap s6 trac nghiém A.
» Loi giai ty ludn: Ta 1an lugt co:
= Hai dudng tiém cin la x = -1 va y = 3, suy ra tim d6i xdng I(-1; 3).
= Cong thiic chuyén hé toa d¢ trong phép tinh tién theo vecto OI la:
X=x+1 x=X-1

{Y=y~3 < {y=Y+3

va khi dé trong hé toa 0 IXY (H) c6 phuong trinh:

MXD=2 gy S

H):Y+3= .
X-1+1 X




CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
SU TUONG GIAO CUA HAI BO THI

KIEN THUC €O BAN
Dé& xét sy tuong giao ctia hai d6 thi: y = f(x) va y = g(x)
chiing ta thuc hién theo cac budc:

Buéc 1: Thiét lap phuong trinh hoanh d¢ giao diém: f(x) = g(x). (1)
Buéc 2: Gii hodc giai va bién luan (1), tii 46 dua ra 16i két uan.

1) CAC PHUGNG PHAP GIAI BAI TAP TRAC NGHIEM

Bai 3. Cho ham s8 y = 4x* - 6x + 1. S8 giao diém ctia d6 thi ham s6 va truc Ox bang:
A. 0. B. 1. C.2. D. 3.
Dép s6 trac nghiém A.
> Lei gidi ty Iuin: Phuong trinh hoanh d giao diém:

3£45

4
Vay, s8 giao diém ctia d6 thi ham s6 va truc Ox bang 2.

x*-6x+1=0&% ,=

> Loi gidi tu Iun két hop véi mdy tinh CASIO fx - 570MS: Phuong trinh hoanh
do giao diém:
4x* - 6x + 1 = 0 < x; = 1.3090 hodc x, = 0.1909, bang céch é&n:
[MODE| MODE| MODH
n-108-1- 1.3090
0.1909

Vay, s6 giao diém ctia d6 thi ham s6 va truc Ox bang 2.

Bai 4. Cho ham s y = x* - 3x* - x + 3. S§ giao diém ctia d6 thi ham s6 va truc Ox bang;:
A. 0. B. 2. C. 3. D. 4.
DPap s6 trac nghiém C.
> Loi gidi tu lndn: Phuong trinh hoanh d¢ giao diém:
X-3x2-x4+3=0 (x-1)(x*-2x-3)=0<>x=3 hodcx=%1.

Vay, s8 giao diém ctia d6 thi ham s6 va tryc Ox bang 3.
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~ Loi gidi tu ludn két hop véi mdy tinh CASIO fx - 570MS: Phuong trinh hoanh dé

giao diém:

3

X
MODE
-lo

-3x*-x+3=0<> x=3hodcx = £1, bing cich &n:

>

<]
m
— 2

Vay, s6 giao diém ctia d6 thi ham s& va truc Ox bing 3.

@ Chua y: D€ ting d kho cho bai fodn, nguoi ta ¢ thé phat biéu dudi dang:

Dang 1: Giao di€m ctia d6 thi ham s6 y = x* - 7x% + 11x + 3 v6i truc Ox c6 toa do la:
A. (2-+5;0). B. (3; 0). C. (2+/5;0). D.CiA,B,C.

Dang 2: Tong hoanh d6 cac giao diém ctia d6 thi ham s6 y = x* - 7% + 11x + 3 véi

truc Ox c6 toa do bang:

A.3. B. 4. C.5. D.7.

Bai5. Cho ham s6 y = x* - 2x* - 1. S8 giao diém ctia d6 thi ham s8 véi truc Ox béng;

Al B. 2. C. 3. D. 4.

Dap s6 trac nghiém B.

> Loi giai tu ludn: Phuong trinh hoanh d¢ giao diém: x* - 2x> - 1 = 0. (1)
bt t=x’, diéu kién t > 0. Phuong trinh ¢6 dang: t* - 2t - 1= 0. (2)

Phuong trinh (2) c¢6 ac < 0 nén c6 hai nghiém tréi dau (t, <0<t,t, biloai) va véi

- —
t,, ta dugc: x -t2<:>xl,2—ic\/g.

Vaéy, s6 giao di€m ctia d6 thi ham s6 vé6i truc Ox bing 2.
» Lua chon ddp 4n bang phép thit: Ta 14n lugt danh gié:
= Ham trung phuong nhén Oy lam truc d6i xding va y(0) = -1.

/

# Via=1>0nénné chicothéla:
YI y
d
- X
-1

X

Do dé, viéc Iya chon dap 4n B 1a dting dan.




Bai 6. 6 giao diém clia dudng cong y = x* - 2x* - 1 va dudng thang y = 1 - 3x bang:

A.0. B. 1. C.2 D. 3.

Dap s6 trac nghiém B.

> Loi gii tu lugn: Phuong trinh hoanh d¢ giao diém:
¥-2x-1=1-3x<x>-2x*+3x-2=0 *)
SE-DE-x+2)=0x=1

Vay, s6 giao diém ctia d6 thi ham s6 va duong thing bang 1.

& Chit y: D& sti dung méy tinh CASIO fx - 570MS giéi nhanh phuong trinh (*), ta &n:

MODE| MODE MODE|[1][ »][3]
1 0B -H [0B-

Bai 7. Cho ham s6 (C): y = x> + 3% + 1. Giao di€m ctia d6 thi ham s6 v6i duong thang (d):

y=2x+5c6toadd la:

A.(-1;3). B. (1-4/5;3-25).
C. (1++/5;3+2V5). D.CiA,B,C.
Dap s6 trac nghiém D.

> Loi gii tu lun: Phuong trinh hoanh d6 giao diém:

B+3X+1=2x+5x3+3x2-2x-4=0
x=-1

x=-1++/5

= Véix = -1 =y = 3, dugc giao diém A(-1; 3).

e Vgix=-1- V5 =y=3-2+5, dugc giao diém B(-1 - V5;3-245).
Véix = -1+ 5 =y =3+ 25, duoc giao diém C(-1 + 553 +2+/5).
Vay, ta dugce (d)N(C) =1{A, B, C}.

<:>(x+1)(x2+2x—4)=0<:>{

» Lua chon dép 4n bing trich Iugc ty Iudn: Phuong trinh hoanh d¢ giao diém:
X¥+32+1=2x+5x+3x*-2x-4=0
SE+DE+2x-4)=0&x=-1lhodcx=-1% J5.

T6i day, ta khing dinh viéc Iya chon dép 4n D 13 dting dan bdi ba gié tri trén tuong

ting v6i hoanh d¢ cic diém trong A, B, C.

50)
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» Lua chon ddp dn bing phép thii: Ta 1an lugt ddnh gia:

= Diém A(-1; 3) thudc ca (C) va (d) nén cac dap 4n B va C bi loai.

= Piém B(-1 - \/5; 3-245 ) thudc ca (C) va (d) nén dép an A bi loai.
Do d6, viéc lua chon dép 4n D la dting dén.

@ Chu y: D€ st dung mdy tinh CASIO fx - 570MS thit toa d6 clia cdc diém A va B
cho (C), ta l1an lugt thuc hién:

= Nhap biéu thiic x* + x>+ 1 - y, ta 4n:

B ArrAR B BRrriAy

= Khi 6, ta lan lugt v6i cac bd (-1;3) (-1 - V533 -25):
cacd@ 1 B 8 [ J
Tic la, dlem A thudc (C)

Ttic 13, diém B thudc (C).

Bai 8. Goi M, N 1a hai giao diém ctia dudng thing y = x + 1 va dudng cong y = 3—2 Khi
d6 hoanh d¢ trung diém I ctia doan thdng MN béng:

A2 B. 1. C.2. D. 2.
2 2

Dap s6 trac nghiém C.

> Loi gidi tu Iudn 1: Phuong trinh hoanh d¢ giao diém:
3x —1 x#2 Xx#2
2 =xt+le xz~—4x~—1=0<:> x=2i\/§

1
<:>XM,N=2i\/§DXI=E(XM+XN)=2.

X—.

Véy, hoanh d¢ trung diém I ctia doan thdg MN béng 2.

» Loi gidi ty lugn 2: Phuong trinh hoanh d9 giao diém:
3x-1 ] X#2 —4 __1_( )=2
2 SXTLIS L TR =A== (X, T X)) =2

Véy, hoanh d¢ trung diém I clia doan thing MN béng 2.

» Lua chon ddp 4n bing phép thi: Vi dudng thing y = x + 1 di qua tAm d6i xting
I(2; 3) clia duong cong nén I 12 trung diém ctia MN.

Do d6, viéc lya chon dap 4n C1a ding dan.




Bai 9. Cho ham s6 (C):y = fX_—iQ 8ng binh phuong cic hoanh d6 giao diém ctia d6 thi
X —

ham s6 (C) v6i dudng thang y = 6x + 5 bing:

> 7 c. 1 D. 2.

A, —. B. —.

36 36 36 36
Dap s6 trac nghiém D.
> Loi gidi ty lugn 1: Phuong trinh hoanh do giao diém:

x#1 1 va

4x —6 1
=6X+5<:>{ <:>X1=§ ax, =7

X —

2 2
= X +x = (1) +(_1_j = E
) 3 2 36
> Loi gidi tu Iugn 1 két hgp v6i mdy tinh CASIO fx — 570MS: Phuong trinh hoanh

do giao diém:

6x” —5x+1=0

-6 =6x+5& X ox =1y L b3 h &
<—1 = 0X 6X2—*5X+1=0 XI—EVG.X2 -3— angcac an:
MODE MODE [ MODE [1][»][2]
3-10H-H-| 0.5
0.3333

. 7 2 2 1 ’ 1 ’ 13 ™ 7 N
Khidé x; +x; = 5 + 3 =~3~6—,bangcachan:

l . _
o DY 2= 1336
> Loi gidi tu lugn 2: Phuong trinh hoanh d¢ giao diém:
4x — 6 x#1 X, +X,=5/6
=6x+5& ) =
2 2 5V ,1 13
= X +X;, = (X, +X)*-2x X, = (E —2'3 =36

» Loi gidi tu Iugn 2 két hop véi mdy tinh CASIO fx — 570MS: Phuong trinh hoanh
do giao diém:
4x -6

X -

x#1 X, +X,=5/6
=6x+5< ) =
6x" -5x+1=0 X,X, =1/6

2
Khi dé x> +x2 = (x, +x)-2xx, = [g) mz_—é— = —;%, bing cach 4n:
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gl
81 )l 2

Bai 10. Cho ham s6 y = x* - 3x* + 1. D6 thi ham s6 cit dudng thing y = m tai 3 diém phén
biét khi:

A.-3<m«<1. B.-3<m<1. C.m>1. D.m<-3.

Dap s0 trac nghiém A.

» Loi gidi tu ludn 1: Phuong trinh hoanh d6 giao diém:
X-3x+1=m<x*-3x%+1-m=0. (1)

Xétham s6 y=x*-3x*+ 1 - m, ta c6: '

" Tapxdc dinh D= R,

® Dao ham: y’ = 3x? - 6x, Y =0<3x*-6x=0<x=0hodcx=2.

= Bang bién thién:

X - 00

>

— _m\ /+OO

-00 -3-m

Tt d6, d€ d6 thi ham s6 cat dudng thing y = m tai ba diém phan biét thi (1) c6 ba
nghiém phén biét, tiic 1a: Yo ¥or <0 (1-m)(-3-m) <0< -3<m< 1.

Vay, v6i -3 < m < 1 thoa mén diéu kién dau bai.

> Ldi gidi ty ludn 2: Xétham s6 y = x* - 3x* + 1, ta co:

Tap xdc dinh D =R,

® Dao ham: y’ = 3x? - 6x, Y =0&3x-6x=0<>x=0hodcx=2.
Bang bién thién:
X -0 0 2 + 0
y + 0 -0 +
y 1 + 0
_OO/' \-3 -

Tt bdng bién thién, ta thdy d6 thi ham s6 cit dudng thing y = m tai ba diém phan
biétkhi-3<m< 1.

(.




» Lua chon ddp 4n bing phép ddnh gid: Dé duong thing y = m cét d6 thi ham 8
tai ba diém phén biét thi m phai nhan gid tri c6 dang y_ < m <y, (dang nay chicé &
trong A).

Do d6, viéc lua chon ddp én A la ding din.

> Lua chon ddp 4n bing phép thi: Phuong trinh hoanh d6 giao diém:

¥-3x+1l=mex*-3x%+1-m=0. ‘ @)

Khi do:

V6i m = -1, phuong trinh (*) c6 dang:

x-1=0 x=1
¥-3x2+2=0(x-1)E-2x-2)=0& LZ—ZX—Z:O@ lilei\/g
= C6 ba giao diém => m = -1 thoéa man = Cac dép 4n C va D biloai.

= V6im = 1, phuong trinh (*) cd dang: x°* - 38’ = 0 &> xX*(x - 3) =0 <& x =0 hodcx=3

= C6 hai giao diém = m = 1 khong théa man = Dép 4n B bi loai.

Do d6, viéc Iua chon dép 4n A 1a dung dan.

@ Nhén xét: Nhu véy, d€ Iya chon dugc dé’tpién dting cho bai toan trén thi:

= Trong cdch gidi tu ludn 1, ching ta thuc hién theo cdc budc:

Bu6c 1: Thiét 1ap phuong trinh hoanh do giao diém, ta dugc mét phuong trinh bac
ba (f(x) = 0).

Budc 2: D€ phuong trinh c6 ba nghiém phan biét, tiic 6 thi ham s6 y = f(x) cét truc
Ox tai ba diém pham biét, diéu kién la d6 thi ham s6 y = f(x) c6 CD, CT va y .y, <0.

= Trong c4ch gidi tu ludn 2, chung ta thuc hién theo cdc buéc: '

'Budc 1: Lap bang bién thién clia ham s6.

Buéc 2: DE d6 thi ham s6 cit dudng thing y = m tai ba diém phén biét, dié¢u kién 1a
YCT <m< YCD

s Trong céch Itia chon ddp 4n bing phép dinh gid, chiing ta sii dung nhéan dinh &
budc 2 ctia 16i giai ty ludn 2.

® Trong cich Iua chon ddp 4n bing phép thi, ching ta Iya chon cdc gia tri tuong
ling ctia m d& thuc hién cac phép thit va qua méi phép thii chiing ta sé loai bd dugc
cac dap 4n sai.

Céc em hoc sinh nén két hop st dung mdy tinh CASIO fx - 570MS dé nhanh chéng
tim ra nghiém ctia phuong trinh béac ba.

©
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Bai 11. Cho ham s6 (C): y = 2= P thi ham s6 cit dudng thing (d): y = mx - 1 tai hai
diém phan biét khi: ~ *~

A. Moi m. : B. me R\ {0}.
C. meR\{2}. D. me R\ {0; 2}.
Dap s6 trac nghiém D.
» Loi gidi tu ludn: Phuong trinh hoanh d¢ giao diém:
X—m X#2
x—2
Dudng thang (d) cit d6 thi ham s6 (C) tai hai diém phan biét khi:
Phuong trinh (*) ¢6 2 nghiém phan biét khac 2

sz_IQ{g(x)=mx2—2(m+1)x+m+2=0 )

m=0 m#0
S A >0 1150 o {Zigc»m e R\{0;2).
g(2)#0 2-m#0
Véy, v6im € R\ {0; 2} thoa man diéu kién déu bai.
> Lua chon ddp 4n bang phép thii: Phuong trinh hoanh d¢ giao diém:
X —m X#2
x—2

:InX‘IC?{g@):nm?—2@n+DX+n“+2:0 (*)

® V6i m = 0, phuong trinh (*) c¢6 dang:
-2x+2=0<x=1=(C) va (d) c6 mot diém chung
=> m = 0 khong thoa man = Céc dap 4n A va C bj loai.
® V6i m = 2, phuong trinh (*) ¢6 dang:
2x* - 6x+4=0<>x=1hodcx =2 (loai) = (C) va (d) c6 mot diém chung
=> m = 2 khong thoa man = Ddap én B bj loai.
Do dé, viéc Iva chon dap 4n D la dung dén.
@ Chuy: D€tang do khé cho bai todn, ngudi ta c6 thé phat bi¢u duéi dang:

Cho ham s6 (C):y = i_-r; Duong thang (d) di qua diém A(0; -1) c6 hé géc m cit
do6 thi ham s6 tai hai diém phan biét khi:

A. Moim. B. me R\ {0}.

C. me R\ {2}. D. me R\{0;2}.




CAG PHUUNG PHAP GIAI BAI TAP TRAC NGHIEM
SUTIEP X0C CUA HAI BG THI

) KIEN THU'C COBAN
St dung ménh de:

Hai d6 thj ham s6'y = f(x) va y = g(x) tiép xtic nhau khi va chi khi hé phuong trinh
f(x)=g(x)

f'x)=g'x)

Khi d6, nghiém ctia hé phuong trinh chinh 1a hoanh d9 ti€p diém.

sau ¢6 nghiém: {

CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

Bai 1. Toa do tiép diém ciia hai d6 thi ham s6 y =f(x) =x* - 2x* - 6x + 4, y = g(x) =x + 8 [a:
A. (-1;2). B. (-1; 7). C. (4;12). D. (4; -4).
baép s6 trac nghiém B. |
» Loi gidi tu Tudn: Xét hé phuong trinh:
f(x)=g(x) X’ —2x* —6x+4=x+8 X’ -2x*-Tx-4=0
{f'(x)=g’(x)®{3x?-4x—6:1 <:>{3x2—4x—7=0
& x=-1=y=7,tlic toa do tiép diém A(-1; 7).
Viy, toa d tiép diém ctia hai do6 thi la diém A(-1;7).
» Luia chon dép 4n bing phép thi: Phuong trinh hoanh d¢ giao diém:
X-2x-6x+4=x+8x-2x-7x-4=0 (x+1)(x*-3x-4)=0
< (x+1)2(x-4)=0=nghiémképx=-1=y=7.
Do d6, viéc Iya chon dép 4n B 1a dung dan.
Bai 2. Toa do tiép diém ctia hai d6 thiham sy = f(x) = x*+3x + 6, y=g(x) =X -’ +41a:
A. (2;8). B. (2; 4). C. (-1;2). D. (-1;1).
Dép s6 tric nghiém C.
> Loi gidi tu lugn: Xét hé phuong trinh:

{f(x)zg(x) X —-xt+4=-x+3x+6 x> —3x-2=0
\ ' < R
f'x)=g'(x) 7 |3x> —2x =-2x+3 3x2 -3=0
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< x=-1=y=2,tlctoa do tiép diém A(-1; 2).
Vay, toa do tiép diém ctia hai d6 thila diém A(-1; 2).
# Lua chon dép 4n bang phép thi: Phuong trinh hoanh d¢ giao diém:
X+3X+6=%X-2+4x-3x-2=0 (x+ 1)(x*-x-2)=0
< (x+1)M(x-2)=0=nghiémképx=-1=y=2.
Do d6, viéc Iya chon dép 4n A la dting dan.
~ Bai 3. Toa do ti€p diém clia hai do thi ham s6 y = f(x) = Ti—%’ y=gx) =x*+3xla
A. (0;0). B. (0;1). C. (5; 10). D. (-5;-10).
Ddp s6 trac nghiém A.

> Loi gidi tr ludn: Xét hé phuong trinh:

6x 3
{f(x):g(x) X+2 =X X X#E-~2 O
f'x)=g'®) <) 12 < X=

— _=2x+3

(x+2)

=y =0, tiic toa d¢ tiép diém O(0; 0).
Vay, toa do ti€p diém ctia hai d6 thi 1a diém O(0; 0).
» Lua chon ddp 4n bing phép thi: Phuong trinh hoanh d¢ giao diém:

6x

x+2
= nghiémképx=0=y=0.

=X +3x S +582=0x3(x+5)=0

Do d9, viéc Iua chon dép 4n A 1a dting dan.

Bai4. Cho ham s6 (C): y = x* + mx? - x - m. D6 thi ham s6 tiép xuc véi truc hoanh khi:
A.m=+1. B.m=+2. C.m=4+3. D. m=+4.
Dap s6 trac nghiém A.
> Loi gidi ty lugn: D6 thi ham s6 tiép xuc véi Ox khi sau c6 nghiém:

y=0 X 4+mx*-x-m=0 (1)
{y':0©{3x2+2mx—1=0 )
Tt (1), ta bién doéi:

X(x+m)-(x+m) =0 (x+m)(x*-1) =0<x=-mhodcx = £1.




@ Thay x = -m vao (2), tadugcm’ - 1 =0 < m = 1.
= Thay x = 1 vao (2), ta digc 3 +2m - 1 =0 m=-1.
= Thay x = -1 vao (2), taddgc1-2m-1=0m=1.
Vay, v6i m = +1 thoa mén diéu kién ddu bai.
» Lua chon ddp 4n béng phép thit: Phuong trinh hoanh do giao diém:
C4+mx-x-m=0< x+m)(x-1)=0 *)
X =-m
R .
[x ==l
Tti d6, ta théy ngay chi c6 véi cac gié tri chia m & A phuong trinh (¥) c6 nghiém kép
nén viéc lya chon dép 4n A 1a dung din.
> Lua chon ddp 4n bing phép thi két hop v6i mdy tinh CASIO fx - 570MS: Phuong
trinh hoanh d¢ giao diém:
X+ mx?-x-m=0. ()
Véim = 1 phuong trinh (**) c6 dang:

X* + %% - x - 1 = 0, c6 nghiém kép x = -1, béng cich &n:

MODH EMODJ MoDH|[1] l [»][3]
5 EE B

II
o

Do d6, viéc Iua chon d4p 4n A 1a ding dan.

& Nhan xét: Nhu vy, dé lua chon dugc dép 4n dung cho bai todn trén thi:

= Trong cdch gidi tu lugn, ching ta thiét 1ap diéu kién tiép xtc cho hai d6 thi. § day,
c4c em hoc sinh can luu y t6i phuong phép gidi mot hé phuong trinh da thiic bac cao.

a Trong cdch Iua chon dép 4n bing phép tht, ching ta st dung két qua “Hai do thj
ham s6'y = f(x) vay = g(x) tiép xiic nhau khi phuong trinh f(x) = g(x) c6 nghiém boi” -
Két qua nay khong dugc trinh bay trong SGK nén khong duogc su dung trong 15 gidi tu
Judn. Va béing viéc phan tich dugc da thic thanh nhén t, ching ta nhanh chéng chi ra
dugc dép an dang.

= Trong cich hia chon ddp dn bing phép thit két hop sit dung may tinh CASIO fx - 570MS
ching ta nhanh chéng tim ra dugc nghiém cho phuong trinh béc ba.
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Bai 5. Cho ham s6 (C): y =x*- 2x* + 1. D6 thi ham s8 tiép xtic v6i Parabol (P):y = 6x* - m khi:
A.m=-1hodcm=-2, B.m =-2hodcm = -15.
C.m=-1hoacm=15. D.m = +15.

Didp s6 trac nghiém C.

~ Loi gidi tu Iugn: D6 thi (C) ti€p xuc véi Parabol (P) khi hé sau c¢6 nghiém:

4 2 _
X 2% +1=6x% —m X' —8x"+1+m=0 e
4x} —4x =12x =q|x=0 m=15"
X =12

Vay, v6i m = -1 hodc m = 15 thoa min diéu kién dau bai.
» Lua chon ddp dn bing phép thit: Phuong trinh hoanh d9 giao diém:
-2+ 1=6x*-mext-8+m+1=0. (*)
% V6i m = -1 phuong trinh (*) ¢ dang:
x* - 8x* = 0 = nghiém kép x = 0 = m = -1 tho& mén
=> Cac dap an B va D bi loai.
= V6i m = 15 phuong trinh (*) c6 dang:
x* - 8x* + 16 = 0 = nghiém kép x = +2 = m = 15 thod man
= Dap an A bi loai.
Do d6, viéc lya chon dép 4n C l1a diing din.

2 *37 .6 thi ham s6 tiép xtc v6i dudng thing (d):y = x +m

B3i 6. Cho ham 56 (C): y =

khi:
A.m=-1hodcm =3. B.m=-1hodcm=-3
C.m=1hodcm =3. D.m=1hodcm =-3.

Dép s6 trac nghiém D.

» Loi gidi ti Iudn: D6 thi (C) tiép xtc véi dudng thing (d) khi hé sau cé nghiém:

2x -7 2x =7
= m= -
3+ tm x—3 m=-3
1 -1 < [x=4 = m=1
(x-3? x=2

Vay, v6i m = 1 hodc m = -3 thod man diéu kién dau bai.




» Lua chon ddp 4n bing phép thit 1: Phuong trinh hoanh d9 giao diém:
2x -7
X —
Véim = -1 phuong trinh (*) c6 dang:

=x+mxX+(m-5)x+7-3m=0. *)

x? - 6x + 10 = 0 = khong c6 nghiém kép = m = -1 khong thod mén
=> Céc dép an A va B bi loai.
= V6i m = -3 phuong trinh (*) c6 dang:
x* - 8x + 16 = 0 = nghiém kép x =4 = m = -3 thod man
Do d6, viéc lya chon dép 4n D la dang dan.
» Lua chon ddp 4n bing phép thit 2: Phuong trinh hoanh d¢ giao diém:
2x -7
x—3
Phuong trinh (**) c¢6 nghiém kép khi: I
D=0<:>(m—5)2v+4(3m—7)=O<:>m2+2m-3=0<:>[m .
Do d6, viéc lya chon dép an D la ding dén.

=x+meSxX+(m-5)x+7-3m=0. ()

’ 2
B3 7. Cho ham s8 (C): y = .aii;’%’?il P thi ham s6 tiép xic véi truc hoanh khi:
X+
A.a=1 B.a=1hodca=0.
C.a==l1. D.a=1hodca=2.

Pap s6 tric nghiém A.

> Loi gidi tu Iudn: Viét lai ham s6 dudi dang: y = ax + >
X+

D6 thi ham s6 tiép xtic vdi truc Ox khi hé sau cé nghiém:

1 0 X N 1 _0 |
w270 | x+2? x+2 X=-
R 1 =a=
1 | a=—
(x+2)

a—————==0 a=——

(x+2)7° (x+2)
Viy, v6i a = 1 thod mén diéu kién d4u bai.
» Lua chon diép 4n bing phép thit: Phuong trinh hoanh d9 giao diém:
ax’ +2ax +1

x+2
@ V§i a = 0 phuong trinh (*) khong thé cé nghiém kép, nén a = 0 khong thoa méan.
Suy ra, dap 4n B bi loai.

: ”’10\0}

=0=>ax’+2ax+1=0. *)




® VGi a = -1 phuong trinh (*) ¢ dang:
x*+2x - 1 = 0, khong c6 nghiém kép = a = -1 khong thod man
= Pap an C bi loai.
® V6i a = 2 phuong trinh (*) c6 dang:
2x* + 4x + 1 = 0, khong c6 nghiém kép => a = 2 khong thod méan
= Pap an D bi loai.
Do d6, viéc lya chon dap én A la dang dén.
@ Nhan xét: Nhu véy, d€ lua chon dugc dép 4n diing cho bai toan trén thi:

Trong céch gidi tu Iuan chiing ta thiét 1ap diéu kién tiép xtic cho hai d6 thi. & day,
cédc em hoc sinh cén luu ¥ t6i phuong phap gidi hé diéu kién.

® Trong cdch Iya chon ddp 4n bang phép thii ching ta khong lua chon phép thti véi
a=1béind c6 trong ci 4 lya chon nén chic chin sé 1a mot nghiém dung.

Bai 8. Parabol (P): y = 2x* + ax + b tiép xtc véi (H): y = 1 tai diém M(%; 2] khi:
X
Ala=6vab=-—-. B.a=6véb=—z-.

C.a:-6ve‘1b=-% D.a=-6vib=

SRR}

Dap s trac nghiém D.
N, 2. A ' « N ’ 7. N A 1 A 7 A ]
> Loi gidi tu Iudn: DE (P) tiép xtc v6i (H) diéu kién 12 hé sau cé nghiém x = 5
2
2x2+ax+b=l 2:2.(1] +a.—1—+b
X 2

=
Axta=-— 4.—1~+a:~4
X 2

\ 9
<a=-6vab= 5

Vay,véia=-6vab= —g— théa man diéu kién dau bai.

» Lua chon ddp 4n bing phép thti - Hoc sinh ty thuc hién.




CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
TIEP TUYEN CUA BO TH|

s KIEN THU'C €O BAN

&

V6i @6 thi ham s8 y = f(x), ta c6 cac két qua:

= Néu tiép tuyén tai diém M(x,; y,,) ctia d6 thi cé h¢ s6 goc bang k thi: y'(x,,) = k.

= Phuong trinh tiép tuyén tai di€ém M(x,; y,,) ctia d6 thi c6 dang:
(d):y=yx)x-x) + Y,

Céc dang toén lién quan t6i tiép tuyén ctia do thi la:

Dang I1: Tim hoanh d9 (tung d6 hoic toa do) ti€p di€m cta tiép tuyén.

Dang 2: Tim hé s6 goc ctia tiép myén.

Dang 3: Lap phuong trinh tiép tuyén biét ti€p diém.

Dang 4: Lap phuong trinh tiép tuyén biét hé s6 goc.

Dang 5:Lap phuong trinh tiép tuyén di qua mét diém cho trudc.

Dang 6: Tim diém ké dugc k ti€p tuyén t6i do thi.

L CAiC PHUGNG PHAP GIAI BAI TP TRAC NGHIEM

[

Bai 1. Cho ham sy =x?- x + 1 c6 d0 thi (P). Néu tiép tuyén tai di€ém M cla (P) c6 hé s6 goc
bang 3 thi hoanh d¢ cta di€ém M la:

A.0. B.2. C.4. D. 6.

Dbap s6 trac nghiém B.

> Loi gidi tu lugn:Ta co:y’ =2x - 1.

Tu gia thiétk , = 3, ta dugc: y'(x,) =3 = 2x, - 1=3 = x, =2,

Vay, hoanh d6 cta diém M bﬁng 2.

& Nhan xét: 1. Néu yéu ciu dugc d6i thanh “Tim tung df ctia tiép diém” thi ching
ta cing thuc hién nhu trén rdi 14y gid tri cha x,, thay vao ham s6 d€ nhan dugcy,,.

2. Vé6i yéu cau “Tim toa do ca tiép diém” trong mot vai tridng hop déc thu clia cdc
Iya chon tric nghiém, ching ta con c6 thé sti dung cac phép thu.

w“’?zl Oﬁ
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-

Bai 2. Cho ham s6 y = x* + 2x + 3 c6 d0 thi (P). Néu tiép tuyén tai diém M ctia (P) c6 h¢ s6

goc biang -4 thi toa do ctia diém M la:

A.M(1; 3). B. M(0; 3). C. M(-1; 2). D. M(-3; 4).

Dép s6 trac nghiém D.

» Loi gidi ty ludn: Ta c6: vy’ = 2x + 2.

Tu gia thiétk , = -4, ta dugc: y'(x,) = -4 2x, +2=-4=x, =-3=>y,=4

Vay, diém M(-3; 4).

» Lua chon ddp dn bang phép thi: Ta 1an lugt danh gia:

= Vi M(1; 3) ¢ (P) nén dép 4n A bi loai. ’

= Vi M(0; 1) thudc nhanh bén phai ctia (P) nén dudng thang (d) qua M v6i hé s6 goc
k = -4 < 0 sé khong thé 14 tiép tuyén cta (P). Do dé, dap 4n B bi loai.

® Vi M(-1; 2) 1a dinh ctia (P) nén tiép tuyén tai M c6 k = 0. Tic 13, dap an C bi loai.
Do do, viéc lya chon dép an D 1a ding dan.

% Nhan xét: Nhu vay, véi Parabol (P) thi luén tim dugc mot diém M thudc (P) sao
cho hé s6 gbc cia tiép tuyén ctia (P) tai M bang k cho cho trudc. Diéu nay goi y cho
dang toén “Phuong trinh tiép tuyén ctia d6 thj ham s0 biét hé s6 goc bang k™

Bai 3. Cho ham s6 (P): y = x* - 4x + 3. Tiép tuyén cta (P) c6 hé s6 gbc bing 2 c6 phuong

trinh:

Ay=x+6. B.y=2x+6. C.y=2x-6. D.y=x-6.

Dép s6 trac nghiém C.

> Loi gidi ty ludn: Ta cb:y = 2x - 4.

Gia stt M(x,,; y,,) 1a ti€p diém, khi do:
y(x,)=22x,-4=2x,=32y, =0

Tt do, suy ra phuong trinh tiép tuyén (d) cé dang:
(d):y=2(x-3)<(d):y=2x-6.

» Lua chon ddp 4n bang phép thi: Ta 1an lugt danh gia:

Vi hé s6 gdc tiép tuyén bing 2 nén céc dap 4n A va D bi loai.

V6i dudng thdng trong B, xét phuong trinh hoanh do giao diém:
X’ - 4x + 3 =2X + 6 < X - 6x - 3 = 0, khong c6 nghiém kép




GAC PHUONG

=y =2x + 6 khong phai la tiép tuyén = Dap an B bj loai.

Do d6, viéc lya chon dap an C la ding dan.

& Chuy: Détang d6 kho cho bai toan ngudi ta thudng phat biéu dudi dang “Phuong
trinh tiép tuyén ctia d6 thj ham s6 song song hodc vuéng géc hodc cé hé s6 goc thda man
diéu kién K nao dé (thi du hgp v6i chiéu duong truc Ox mdt goc 45°)”.
Bai 4. Cho ham s6 (C): y = x° - 3x? - 9x + 2. Néu tiép tuyén tai diém M ctia (C) c6 hé s6 goc

bang -9 thi toa d6 cua diém M la:

A. M(1; -9) hodc M(2; -20). B. M(1; -9) hodc M(3; -25).

C. M(0; 2) hodc M(2; -20). D. M(0; 2) hodc M(-1; 7).

Dbaép s6 tric nghiém C.

> Loi gidi tu ludn: Ta cdy’ = 3x* - 6x - 9.

Tt gia thiétk , = -9, ta dugc:

Y(x,)=-9< 3%, —6xy,-9=-9 & x}, -2x, =0 < [XM

Xy =
=> M(0; 2) hodc M(2; -20).
» Lua chon dép dn bang phép thtt két hop sit dung mdy tinh CASIO fx — 570MS:
Ta lan lugt danh gia:
= Vi M(1; -9) € (C) nén hé s6 gbc clia tiép tuyén tai M bang:
k=v(1) = -12 bang cach 4n:

oD 4
[SHIFT] |d/dx| [ALPHA] X] nﬁgﬂ 3 [ALPHA ]

=> Cdac dap an A va B bi loai.

3B o ATrHAR

ViM(-1;7) € (C) nén hé s6 goc ctia tiép tuyén tai M bang:
k =y (-1) = 0 bang cich thay 2 ¢ d6i dong 1énh trén bang -1:
ME_N o | - EINSTEE

' [ 4

[SHIFT] [d/dx| [ALPHA] X] né?! a

= Dép 4n D bij loai.

Do d6, viéc lya chon dép an Cla ding dan.

% Nhan xét: Nhu vay, v6i ham da thiic bac ba (C) thi phuong trinh hoanh 49 tiép
diém khi biét hé s6 goc k 1a mot phuong trinh bac hai (ki hiéu la (*)), do vay sé c6 ba
truong hop xay ra:

-~

104)
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® Néu (*) v6 nghiém thi khong c6 tiép diém, khi d6 bai toan thuong dugc phat bidu
duéi dang:

Cho hams6 (C):y = Ly —;xz -x + 1. Néu tiép tuyén tai diém M ctia (C) c6 hé s6 gbc
béng -2 thi toa d6 ctia diém M la;

A.(0; 1), B. (1; _éj

C. (6; 49). D. Ca A, B, C déu sai.

“ Néu (*) c6 modt nghiém thi c6 mot tiép diém, khi dé bai toan thuong dugc phat
biéu nhu trén (tim toa d6 tiép di€m) hodc dudi dang:

Cho ham s6 (C):y = %x3 - x*+2x + 1. Tiép tuyén ctia (C) c6 hé s6 goc bang 1 (hoic
song song vdi dudng thang y = x + 1 hodc vudng goc véi dudng thing x +y + 2 = 0) c6
phuong trinh:

A 3x-3y+4=0. B.2x-2y+3=0.

Cx-y+2=0. D.x-y+1=0.

® Néu (*) c6 hai nghiém phén biét thi c6 hai tiép diém, khi d6 bai toén thudng dugc
phét biéu duéi cdc dang:

Dang 1: Tim toa d6 céc tiép diém.

Dang 2: Gia sti céc tiép diém 1a A, B tim toa d6 (cting c6 thé chi 1a hoanh dé hoic
tung d¢) trung di€m ctia doan AB. Véi dang toan nay cic em hoc sinh c6 thé thém mot
phép thit xudt phat tii tinh chit ctia ham da thiic bac ba 13 “Pé thi ham da thiic bic ba
nhén diém uén U lam tim déi xting” suy ra U I3 trung diém cia AB.

Dang 3: Gid st cac tiép di€ém la A, B, 1ap phuong trinh dudng thing AB.

Bai 5. Cho ham s6 (C): y = x* - 3x® + 2. Hai tiép tuyén ciia (C) song song v6i dudng thing
Yy = 9% - 7 ti€p xtic v6i (C) tai A, B. Phuong trinh dudng thing (AB) c6 dang:
Ax+y+3=0. B.x+y-5=0. Cx-y-1=0. D.x-y+1=0.
Dap s6 trac nghiém C.
> Loi gidi t Iugn: Ta ¢6: 7’ = 3%% - 6x.

Gia st M(x; y) 1 tiép diém, khi d6:

YX)=93%-6x=9x-2x-3=0<

X, =3

Khi d6, phuong trinh dudng thing (AB) dugc cho boi:

xa==1  [AC-L-2)
= 1B3:2)

qua A(-1; =2) Xx+1 y+2
: Mk N X-y-1=0.
(AB) {quaB(3;2) < (AB) 33 1-243 < (AB):x-y 0




> Loi gidi tu Iudn két hop phép thii: Ta co: y’ = 3x* - 6X.

Gia st M(x; y) 1a tiép diém, khi do:
X, =—1
Y’(X)=9C>3XZ-6X=9<:>X2—2X-3=0C>\:A :>{

Xp =3

A-1;-2)
B(3;2)
Va toa do hai diém A, B théa man phuong trinh trong C.

Do dé, viéc Iua chon dap an C la diing dan.

> Lua chon ddp 4n bing phép ddnh gi4: Nhan xét ring dudng thdng (AB) sé phai

di qua diém uén U cta d6 thi ham so.

Bai 6

Ta lan lugt c6: y’ = 3x* - 6x, y =6x-6,
Y’ =0 6x-6=0<x=1=> Diém uén U(1; 0)

Va toa d6 U chi théa man phuong trinh trong C.

Do d6, viéc lua chon dap 4n C la diing dan.

.Cho ham s& (C): y = x* - 6x* + 8x + 1. Tiép tuyén ctia (C) vudng goc v6i duong thing
X - 4y + 4 = 0 c6 phuong trinh:

Adx+y-11=0. B.4x+y-9=0.

C.4x+y-6=0. D. Ca A, B, C déu sai.

Dbap s6 trac nghiém B.

> Loi gidi tu ludn: Ta c6:y' = 3x* - 12x + 8.

Gia stt M(x; y) 1a tiép diém, khi do:
y(x) =-4 < 3% - 12x+8=-4<>x-4x+4=0x=2=>M(2;1).

Tl d6, suy ra phuong trinh ti€p tuyén (d) c6 dang:
(d):y=-4x-2)+1<(d):4x+y-9=0.

» Lua chon ddp 4n bing phép thi két hop sit dung mdy tinh CASIO fx - 570MS: Ta

14n lugt danh gia:

s V6i dudng théng trong d4p 4n A, ta c6 phuong trinh hoanh do:

-6t +8x+1=11-4xx3-6x2+12x-10=0

3.2599 )
Re

Phuong trinh khong c6 nghiém bi, bang cach &n:
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= Dap an A bi loai.

V6i duong thang trong dép 4n B, ta c6 phuong trinh hoanh d¢:
X-6x+8x+1=9-4xx°-6x*+12x-8=0<(x-2)*=0
< x =2la nghiém bdi = y = 9 - 4x tiép xuc vdi (C).

Do do, viéc lya chon dép 4n B 14 dung dan.

Bai 7. Cho ham s6 (C): y = x* - 14x® + 13. Néu tiép tuyén tai diém M ciia (C) c6 hé s6 gbc

béng 24 thi toa d cia diém M la:

A. M(-3; -32), M(1; 0) hodic M(2; -27). B. M(3; -32), M(-1; 0) hodc M(2; -27).
C. M(3; -32), M(-1;0) hodc M(-2; -27).  D.M(-3;-32), M(1; 0) hoic M(-2; 27).
Dép s6 trac nghiém C.

» Lo gidi tu Iudn: Ta c6 v’ = 4x° - 28x.

Tu gia thiét k , = 24, ta dugc:

Y(x,) =24 < 4x3, -28x, =24 & x5, — 7%, —6=0

Xy =3

& (Xy =3)(xy +3x, +2) =0 X320 o[ xy=-1
M Xy +3%, +2=0 )

Xy ==

= M(3; -32), M(-1; 0) hodc M(-2; -27).

» Loi gidi tu lugn két hop st dung mdy tinh CASIO fx - 570MS: Ta c6:
y =4x° - 28x.

Tt gia thiét k, = 24, ta dugc:

V(x,) =24 & 4x}, —28x, =24 < X3 — 7%, —6=0
< x,,=3,x,,=-2hodcx = -1 bing cach 4n:
MODE MODE MoDH 1] ]3]
1-N-|oF-[0f-|
[v]
[¥]




Khi d6, chiing ta c6 toa d¢ cc tiép diém 1a M(3; -32), M(-1; 0) hodc M(-2; -27) bang

céch an:

[ALPHAIX 8 4 [ 14 [ALPHAIX/ G 8 13

g -

- ' [ 3§

M-

» Lua chon ddp 4n bing phép thi két hop sii dung mdy tinh CASIO fx - 570MS:
Ta l4n lugt danh gia:

Vi M(1; 0) € (C) nén hé s6 goc ctia ti€p tuyén tai M bang: k = y'(1) = -12
béng cach an:

SHIFT) [a/dx| [ALPHA| X (&

R 1310

= Céc ddp an A va D bi loai.
Vi M(2; -27) € (C) nén hé s6 goc clia tiép tuyén tai M bang:
k = y’(2) = 0 bing cach thay 1 & d6i dong 1énh trén bang 2:

[SHIFT] [4/dx [ALPHA| X| 8 4 [ 14 x B8 13020
B

—24.0000

= Ddp 4n B bi loai.
Do d6, viéc lya chon dép an C 1a ding dan.
Bai 8. Cho ham s6 (C): y = x* - 24x? + 25. Néu tiép tuyén tai diém M ctia (C) song song v6i
dudng thing 64x +y + 4 = 0 thi toa d¢ clia diém M la:
A. M(2; -55) hoiic M(-4; -103). B. M(2; -55) hoic M(4; -103).
C. M(-2; -55) hodc M(-4; -103). D. M(-2; -55) hosic M(4; -103).
Dap s6 trac nghiém A.
> Loi gidi tyf ludgn: Ta c6 y’ = 4x° - 48x.
Gid stt M(x; y) la tiép diém, khi do:
V() =-64<4x° - 48x = -64 & X - 12x + 16 =0
< (x-2)X+2x-8)=0 (x-2)(x+4)=0=x=2hodcx=-4
= M(2; -55) hodc M(-4; -103).

J

2
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» Loi gidi tu ludn két hop st dung mdy tinh CASIO fx - 570MS: Ta c6:
y =4x’ - 48x. 4
Tu gid thiét k , = -64, ta dugc: y'(x) = -64 <> 4x* - 48x = -64 <> x* - 12x + 16 = 0

< x = -4 hodc x = 2 bang cich 4n:

IMODE IMODE[ MoDE [1][ »][3]
BEoBE 88

» Lua chon dép dn bing phép thit két hop stt dung mdy tinh CASIO fx - 570MS:
Ta lan lugt danh gia:

= Vi M(2; -55) € (C) nén hé s6 gbc chia tiép tuyén tai M bing: k = y'(1) = -12
bang cach 4n:

\SHIFT] [d/dx| [ALPHA| [X]

25020

&

= Cdc dap an C va D bi loai.
Vi M(-4; -103) € (C) nén hé s6 goc clia tiép tuyén tai M bing: k = y'(2) =
bdng cach thay 1 & d6i dong lénh trén bing 2:

SHIFT] [d/dx| [ALPHA| X [ 4 [ 14 @ i-’

=> Dap 4n B bi loai.
Do dé, viéc Iia chon d4p 4n A la dting dan.

Bai 9. Cho ham s6 (C): y = x* - 4x? + 5. Tiép tuyén cta (C) song song v6i dudng thing
16x -y + 1 =0 cé phuong trinh:
A.16x-y-14=0. B.l6x-y-27=0.
C.16x-y+18=0. D.CaA,B,C.
Dép s6 tric nghiém B.




> Loi gidi tu lugn: Tacoy = 4x° - 8x.

Gia st M(x; y) 12 tiép diém, khi d6: y'(x) = 16 < 4x’ - 8x =16 < x*-2x -4=0<
(x-2)x*+2x+2)=0
&S x=2=M(2;5).
Tt d6, suy ra phuong trinh ti€p tuyén (d) c6 dang:
(d):y=16(x-2)+5<>(d): 16x-y-27=0.

» Loi gidi tu lugn két hop st dung mdy tinh CASIO fx - 570MS: Ta c6:

y =4x’ - 8x.
Tlig1ath1etkM—16 taduo’cy(x)--16<:>4x3 8x=16=x-2x-4=0x=2

bang cach an:

MODE l I! 3]
3-0-]o E o -
Khi dé, chiing ta c6 toa do cac tiép diém 1a M(2; 5), suy ra phuong trinh tiép tuyén

(d) c6 dang:
(d):y=16(x-2)+5<>(d): 16x-y-27=0.

» Lua chon ddp 4n bing phép thit két hop sit dung mdy tinh CASIO fx - 570MS: Ta
14n lugt danh gia:

= V6i dudng thing trong dép dn A, ta c6 phuong trinh hoanh do:
xt-4x2+5=16x-14<>x*-4x*- 16x+19=0
S E-DE+x2-3x-19)=0

Phuong trinh khong c6 nghiém boi, bing cach an:

MODE| MODE MODE[1]] »[3]

a-H-|oH-|o

2.705
[v] Re

= Cac ddp 4n A va D bi loai.

Véi dudng thing trong d4p 4n B, ta c6 phuong trinh hoanh do:
xt-4x2+5=16x-27 <> x*-4x* - 16x+32=0
< x-2)x+2x2-16)=0

Phuong trinh c6 nghiém béi x = 2, bang cach an:

Reﬂ
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S DY
=y = 16x - 27 ti€p xuc voi (C).

Do dé, viéc Iya chon dép an B la diing dan.

Bai 10. Cho ham s6 (H): y = X——z Hai tiép tuyén ctia (H) song song vdi dudng thing
X —

X - 4y + 1 =0 ti€p xtc véi (H) tai A, B. Toa d6 trung diém I cia AB la:

A. (o; _3_]. B. (1;2). c.l). D. [4; ij-
2 2
Dap s6 trac nghiém C.
» Loi gidi tu ludn: Ta c6: y’ = x _12)2 .
Gia stt M(x; y) 1a tiép diém, khi do:
, 1 1 1 .
Yy =7 o2 T3 S E-D=4ex,=0vix =4

= A[O; —;-) va B(4; —;—) = Trung diém I(2; 1).
Vay, trung diém doan AB1a1(2; 1).

» Lua chon ddp dn bang phép ddnh gid: Nhan xét rang hai diém A, B ddi xting qua
tam I ctia d6 thi ham s6, nén I(2; 1) 13 trung diém ctia AB.

Do d6, viéc lya chon dap 4n C la ding dan.

Bai 11. Cho ham s6 (H): y =

2x +11 . Hai tiép tuyén ctia (H) vudng géc véi dudng thing
X —

y = 3x + 2 ti€p xtc véi (H) tai A, B. Phuong trinh dudng thang (AB) c¢6 dang:

£.X-2y+3=0. B.x-3y+5=0.
C.x+3y+5=0. D.x+2y+3=0.
Dap s6 trac nghiém B.
» Loi gidi ty lugn: Ta c6: y = G
Gia stt M(x; y) 1a tiép diém, khi do:

oy 1 3 1 - Xa="2 _ [ACZD

y(x)-~§ = o1 =73 S E-1)P=9< LB:4 = {B(4;3)
Khi d6, phuong trinh dudng thing (AB) dugc cho béi:

qua A(-2;1) x+2 y-1
AB): B): = & (AB):x-3y+5=0.
(AB) {quaB(4;3) & (AB): S =37y < (AB)x-3y

@1
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> Loi gidi tu ludn két hop phép thii: Ta c6:

, 3

y (X _ 1)2

Gia st M(x; y) 1a tiép diém, khi do:
1 B3 1 e {XA =2 (A2

y®=-3 < e =3 o &-P=9e1, 4y B(4; 3)
Va toa do hai c’Ilem A, B théa man phuong trinh trong B.
Do d6, viéc Iua chon dép 4n B 1a dung dan.

2 — —
Bai 12. Cho ham s6 (P): y = E—EEE Néu tiép tuyén tai diém M ctia (H) song song voi
X

dudng thing 3x - 4y + 1 = 0 thi toa d6 ctia di€m M la:
A, M(l ———) hodc M[—S —~~2§) B. M(1; -4) hodc M(-5; -6).
C. M(O ——-2—) hoic M(-4 —gj D. M(0; -6) hodc M(-4; -4).

bap s6 tric nghiém C.
> Loi gidi ty lugn: Viét lai ham s6 dudi dang:
1 1
y=x-3+ Y Dy’:l—m
Gia st M(x; y) 1a tiép diém, khi do:

1 3

y’(X):~3-<:>1— =Z<::>(X+2)2:4<:>X=Ohoécx:—4

4 (x+2)

= M(O ——) hoac [ —4; —15-)
» Lua chon ddp 4n bing phép tht két hop st dung mdy tinh CASIO fx - 570MS:
Ta l4n lugt danh gié:

5 y y ’ :
Vi M(l; - -3—) € (H) nén d4p 4n B bi loai va hé s& gbc clia ti€p tuyén tai M bdng:

k=y'(1)= mbangcachan

MODH [1]
SHIFT] d/dx (§

= D4p 4n A bi loai.
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v Vi M(O; —gj € (H) nén déap 4an D bi loai.

Do d6, viéc lua chon dap dn C la ding dén.

Bai 13. Cho ham s6 (P): y = x* - 4x + 3. Tiép tuyén clia d6 thi tai diém cé hoanh do x =1, c6

hé s6 goc bang:

A 2. B. »’2_] c. U D. 2.

2
Dap s6 tric nghiém A.

» Loi gidi ty ludn: Ta co:
y=2x-4=>Hés6gock=y(1)=2-4=-2,
Viy, hé s6 goc ctia ti€p tuyén tai diém x = 1 béng -2.

» Lua chon ddp dn bang viéc sit dung mdy tinh CASIO fx - 570MS, béng c4ch thuc

hién theo thi ty:

Thiét lap moi trudng:

© Ta 4n:
SHIFT] [d/dx] [ALPHA] X[

Vay, ta dugc hé s6 gock =y(1) = -2.
Do d6, viéc lya chon dép 4n A 13 dung dén.
% Chu y: D€ tang d kho cho bai todn, ngudi ta c6 thé phét biéu dudi dang “Lap

phuong trinh tiép tuyén tai diém”

Bai14. Cho ham s6 (C): y =x - 6x* + 7x + 1. Phuong trinh tiép tuyén ctia db thi tai diém c6

hoanh d¢ x =2 ¢6 dang:
Ax+y-1=0. B.5x+y-9=0.
C.5x+y+9=0. D.x+y+1=0.
Dap s6 trac nghiém B.
» Loi gidi tu lugn: Ta ¢6: v’ = 3x> - 12x + 7.
Tt do, suy ra phuong trinh tiép tuyén (d) c6 dang:
(d):y= y’(z)(x -2)+y(2) < (d):y=-5(x-2)- 1< (d): 5x +y-9=0.




> Loi gidi tu luan két hop st dung mdy tinh CASIO fx - 570MS:
Ta c6 phuiong trinh tiép tuyén (d) c6 dang:
(d):y= y’(z)(x -2)+y2) = @d):y=-5(x-2)- 1< (d):5x+y-9=0.
trong d6 y'(2) va y(2) dugc xéc dinh bing cich én:
SHIFT) (@/ax[ALPHA] ] [ 3 [ o ALPHAl X B 4 7 Kl
A:08
tiép theo dung con tro déstia dong lenh trén thanh:
ALriA 7
cad 28

» Lua chon dép 4n bing phép thii: Ta 1dn lugt:

= V6i dudng thing trong d4p 4n A, ta c6 phuong trinh hoanh do:
-6 +7x+1=1-xx-6x+8x=0=x(x*-6x+8)=0
Phuong trinh khong cé nghiém boi x = 2, nén dap 4n A bi loai.
V6i duéing thing trong dap 4n B, ta c6 phuong trinh hoanh d¢:
6+ T7x+1=9-5x% -6+ 12x-8< (x-2)*=0.
Phuong trinh c¢6 nghiém boi x = 2, bdng cach dn:
Do d6, viéc lya chon dap 4n B la dung dén.
> Lua chon ddp 4n bing phép tht két hop sti dung mdy tinh CASIO fx - 570MS:
Ta l4n luot:
Tiép tuyén ctia (C) tai diém c6 x =2 c6 hé s6 goc k = y'(2) = -5 bing cach 4n:
SHIFT (d/dx] [ALPHA| X (8 3 [ 6 I B2 8 7 ] - B
A-08

Suy ra, cac dap an A va D bi loai.

a V6i dudng thing trong dép 4n B, ta c6 phuong trinh hoanh do:
-6 +7x+1=9-53x3-6x2+12x-8<= (x-2)*=0
Phuong trinh c6 nghiém bdi x = 2, bédng céch &n nhu & trén.
Do d6, viéc lua chon dép 4n B a dung dan.
> Lua chon dép 4n bing phép dénh gid: Ta lan lugt ddnh gia:
Diém c6 hoanh d6 x = 2 thude (C) 1 diém M(2; -1). Va chi c6 céc dudng thang &
cac dap an A va B di qua M, nén céc dép an C va D bi loai.
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" V6i duong thang trong dép 4n A, ta c6 phuong trinh hoanh do:
X-6x+7x+1=1-xx-6+8x=0<=x(x*-6x+8)=0

Phuong trinh khong c6 nghiém boi x = 2, nén dép 4n A bi loai.

Do d6, viéc lua chon dap én B la ding dén.

Bai 15. Cho ham s§ y = LI SOME S Tiép tuyén tai diém uén ctia d6 thi ham s6, c6
phuong trinh la:

11 1 1 11
Aly=x+ —. B.y=-x-—. Cy=x--. Diy=x+—.
y=%+7 y=%-3 . y=Xx-3 y=X 3
Dap s6 trac nghiém A.
» Loi gidi tu Iudn: Ta 14n lugt ¢6: y’ = x° - 4x + 3, y =2x-4,

. ’ 5
V' =05 2x-4=0<x,=2= Diémuén U(2; g).
Khi d6, phuong trinh tiép tuyén tai diém udn c6 dang:
, 5 11
Y=Y px-2)+ 3 SY=X+ R
> Lua chon ddp 4n bing phép thit két hop tu luan: Ta lan lugt:

Ham da thitc bac ba c¢6 a > 0 thi tiép tuyén tai U c6 hudng di xudng (hé s6 goc
k < 0). Suy ra, cdc ddp én C va D bi loai.

# Ham s6 c6: 7 =x - 4x + 3, Y =2x-4y =0c2x-4=0x,=2
= Diém uén U(2; % ) thudc dudng thing trong A.

Do d6, viéc lua chon dap dn A la ding dén.

» Lua chon dép dn bang phép thik: Ta 1an lugt danh gia:

® Ham da thiic bac ba c6 a > 0 thi tiép tuyén tai U c¢6 hudng di xuéng (hé s6 gock <
0). Suy ra, cac ddp én C va D bi loai.

) 1 8

—1—x3—2x“+3x+1:>—x+ll —x*=2x> +4x——=0

u Xéthé: 3 3 o193 3 ox=2
x?—4x+3=-1 x2—4x+4=0

Do d6, viéc lua chon dép én A 1a dung dén.

Bai 16. Cho ham s6 (C): y = x* - 3x* + 1. Cho diém A (%, y,) thudc (C), tiép tuyén véi (C) tai
A cit (C) tai diém B khac A. Hoanh do diém B tinh theo x, la:
A.XBZI-ZXO. B.x,=2-2x,. C,XB=3-2XO. D.x,=4-2x,.

Dap s6 tric nghiém C.




> Loi gidi tu Iugn: Xét ham s0, ta c6: y’ = 3% - 6x.

Phuiong trinh (d) tiép tuyén ctia (C) tai A c6 dang;
(d):y=y(x)(x - x) +y(x))
& (d):y=0(3x -6x)x-X)+ %X - 3% +1.
Hoanh db giao diém ctia tiép tuyén véi (C) 1a nghiém phuong trinh:

X -3+ 1=(3%; - 6X)(X-x,) + Xo - 3% +1

o E-xPx-342x) =0 |
X - X (X - X )=
0 0 x =3-2x,
Vay, hoanh d¢ diém Blax, =3 - 2x.
Bai17. Cho ham s6 (C): y = x* - ¥ - x + 1. C4c tiép tuyén tai giao di€m clia d6 thi ham s6 v6i
truc hoanh cé phuong trinh la:

A.(d):y=0va(d):y=4x+1). B.(d):y=0va(d):y=2(x+1).
C.(d):y=1va(d): y=3(x+1). D.(d):y=x-2va(d)y=x+1
Dép s6 trac nghiém A.

» Loi gidi tu lugn: Hoanh d6 giao diém ctia (C) v6i Ox 1a nghiém ctia phiong trinh:
X-x-x+1=0x-)E-1)=0<x ,==*1
= Tai diém c6 hoanh d¢ x, = 1, ta dugc tiép tuyén (d,) c6 phuong trinh:
d):y= y’(l)(x -D+y(l) < (d):y=0.
Tai diém c6 hoanh do x, = -1, ta dugc tiép tuyén (d,) 6 phuong trinh:
(d):y=7 &+ 1) +y(-1) < (d):y=4&x+1).
» Lua chon ddp 4n bing phép thit két hop tu Iuan: Ta 1an lugt:
= Phuong trinh hoanh d giao diém:
X-x-x+1=0& (x-1)(x*-1)=0= Nghiémképx =1

=> D6 thi ham s6 nhén Ox lam tiép tuyén

= Céc dép an C va D biloai.
s Xét hé:
X —x*—x+1=4(x+1) x*-x"-5x-3=0
{3){2—2)(—1:4 ©{3x2—2x—-5:0 ex=-1

Do d6, viéc lua chon dép 4n A la dung dan.

Ty
116)
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# Lua chon ddp dn bang phép thii I: Ta lan lugt:

® Voi Iga chon D, vi (d,): y = x - 2 khong ¢6 diém chung véi (C) trén Ox, nén
dap an D bi loai.

= Vi lya chon C, vi (d,): y = 1 khong c6 diém chung véi Ox, nén dép an C bi loai.

a Xét hé:
X —x?=x+1=2(x+1) X’ —x>=3x-1=0
, , , vO nghiém
3x"=2x-1=2 3x"=2x-3=0

=> Dap an B bi loai.
Do do, viéc lua chon dép 4n A 13 dung dén.
» Lua chon ddp dn bang phép thur 2: Ta l4an lugt:
Vi(d,): y = 0 c6 di€ém chung véi (C) trén Ox, nén xét hé:
X' =x*—=x+1=0
{3){2 -2x-1=0
Vi(d,): y = 4(x + 1) ¢6 diém chung véi (C) trén Ox, nén xét hé:

X =x—x+1=4(x+1) X’ —x*=5x-3=0
3> —2x—1=4 < 13x?—2x-5=0

<> x=1= Cacdap an C va D bj loai.

< x=-1.

Do do, viéc lua chon dap 4n A 1a dung dén.
Bai 18. Cho ham s8-y = x* + x* + 1. Tiép tuyén ctia d6 thi tai diém c6 hoanh do x = 1,
c6 hé s6 goc bang:

A.-6. B.-Z. c.2. D.6.
3 3
Dap s6 trac nghiém D.
> Loi gidi tu ludn: Ta c6:
Y =4’ +2x = Hésd gock =y (1) =4.1°+ 2.1 =6.

> Lua chon ddp dn bing viéc sit dung mdy tinh CASIO fx - 570MS, bing cach thuc
hién theo thu tu:

= Thiét 14p moi trudng: ,

Ta 4n:

[SHIFT] [d/dx|[ALPHA|[X]
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Vay, ta dugc hé s6 gock =y'(1) = 6.

Do d6, viéc lya chon dép an D la ding dan.

> Lua chon ddp 4n bing phép thii: Ta lan lugt:

Vif(1) khong thé 12 s6 4m nén ching ta loai trit ngay dugc cic dép an A va B.
a Vif’(1) phdi 12 s6 nguyén nén chung ta loai trli ngay digc dép an C.

Do dé, viéc lya chon dép é4n D la ding dan.

Bai 19. Cho ham s6 (H): y = 3XX_+31 . Phuong trinh tiép tuyén (d) ctia do thi tai di€m c6
hoanh d¢ x = 2 ¢ dang:
A.(d): 10x+y-1=0. B. (d): 5x + 2y - 13 =0.
C.(d):10x+y-13=0. D.(d):5x+2y+1=0.
Dép s6 trac nghiém C.
> Loi gidi tu Iudn: Ta c6:y = ():2)2 .

T d6, suy ra phuong trinh tiép tuyén (d) c6 dang:
(d):y= y’(z)(x -2)+y(2) < (d):y=-10(x-2) -7 < (d): 10x +y-13=0.
> Loi gidi tu luan két hp sit dung mdy tinh CASIO fx - 570MS: Ta ¢ phuong trinh
tiép tuyén (d) c6 dang:
(d):y= y’(z)(x -2)+y(2) = (d):y=-10(x-2)-7 < (d): 10x +y-13=0.
trong d6 y'(2) va y(2) dugc xéc dinh bing cach an:

MODE[] |
SHIFT] [d/dx|[@ 3 [ALPHA| X/ [ 1 [)

il

tiép theo dung con tré dé stia dong 1énh trén thanh: -

(@ 3 ArrrA X 8 1 ) B @ AcPHA X 8 3 6

» Luia chon dép 4n bing phép thi 1:Ta lan lugt:

= V6i dudng thing trong d4p 4n A, ta c6 phuong trinh hoanh do:
3x+1
x-3

Phuong trinh khong c6 nghiém bdi, nén dép dn A bi loai.

=1-10x< 10x*-28x+4=0.
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® V6i dudng thang trong dép 4n B, ta c6 phuong trinh hoanh do:
Xl _B2X se26x+41=0
x-3 2 2

Phuong trinh khéng c¢6 nghiém boi, nén dap an B bi loai.

® V6i dudng thing trong dép 4n C, ta c6 phuong trinh hoanh d¢:
3x+1
x=3
Phuong trinh c6 nghiém boi x = 2. Do do6, viéc lua chon dép an C 1a ding dan.

=13-10x < 10x* - 40x +40 =0 <> (x - 2)* = 0.

» Lua chon ddp dn bang phép thit 2: Ta 1an lugt dénh gia:

= V6i dudng thing trong dép én D, ta c6 phuong trinh hoanh d¢:
3x+1 1 5
a2 s 10x+5=0 (x-1)=0
x=-3 2 2

Phuong trinh khong c¢6 nghiém bdi x = 2, nén dap an D bi loai.

= V6i dudng thing trong dép 4n C, ta c6 phuong trinh hoanh do:

Xt 13 10x > 10x - 40x + 40 = 0 <> (x - 2> = 0.

x-3
Phuong trinh c6 nghiém boi x = 2. Do d6, viéc lya chon dap 4n C 1a dung dén.
» Lua chon ddp 4n bing phép thu két hop st dung mdy tinh CASIO fx - 570MS:
Ta lan lugt:
= Ti€p tuyén cta (C) tai diém c6 x = 2 c6 hé s6 goc k = y’(2) = -10 bang cach an:

MODE

SHIFT] [d/dx| [ 3 [ALPHA|[X] [

Suy ra, cac dap an B va D bj loai.
® V6i duding thing trong dap 4n A, ta c¢6 phuong trinh hoanh do:

Xl 10x > 10x2-28x + 4= 0,

Phucr)ig trinh khong c6 nghiém bdi, nén dap an A bi loai.

Do do, viéc lya chon dap an Cla dang dan.

» Lua chon ddp 4n bing phép dinh gid: Ta lan lugt danh gia:

Diém c6 hoanh d6 x = 2 thudc (H) 13 diém M(2; -7). Va chi c6 dudng thing &
dap an C di qua M, nén céc dép 4n A, B va D bi loai.

Do d6, viéc Iya chon dap an Cla ding dan.
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Bai 20. Cho ham s6 (C): y = -Zii—li Tiép tuyén tai giao diém ctia d6 thi ham sé véi
X f—
dudng thing y = 1 c6 phuong trinh la:
A.(d):x+y-5=0. B.(d):x+3y-5=0.
C.(d):3x+y-5=0. D.(d):x+y-3=0.

Dép s6 tric nghiém B.

» Loi gidi tu ludn: Phuong trinh hoanh d¢ giao diém:

o e xt1=2x-1ox=2=M(2 ).
2x—1
T ’ ) —3 - )(2) l
aco: y= =-5-

Tiép tuyén ctia d6 thi tai di€ém M(2; 1) c6 dang:

@y =yy-2) + 1 (ry=-3 (x-2) 41 @:x+3y-5=0.
> Loi gidi tu lugn két hop st dung mdy tinh CASIO fx — 570MS: Phuong trinh

hoanh d¢ giao diém:
x+1

2x -1
Ta c6 phuong trinh tiép tuyén (d) c6 dang:

(d):y=7,(x-2)+ 1 (D:y= —%(X—Z) 11 (d):x+3y-5=0.
trong d6 y’(2) dugc xac dinh bang cach an:
[SHIFT] 4/ ALPHA][X]|

=lex+1=2x-1<x=2=M(2;1).

» Lua chon ddp 4n bing phép thii 1:Ta lan lugt:
Vi dudng thing trong dép 4n A, ta c6 phuong trinh hoanh d¢:

x+1
2x—1
Phuong trinh khong c6 nghiém boi, nén dap an A bi loai.

=5-x2x%-10x+6=0.

® V6i dudng thing trong dap 4n B, ta c6 phuong trinh hoanh do:

x+1 5 x

5 x - _ oy AL
713 3<::>2X 8x +8 =0 < (x - 2)* = 0 => Nghiém boi x =2
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2+1
- 2) =
Y() 2.2

=1, thda man.

Do d6, viéc lua chon dép 4n B 1a dung dan.
# Lya chon ddp dn bang phép thii 2: Ta 14n luot:

" V6i duong thing trong dép 4n D, ta c6 phuong trinh hoanh do:

x+1
2x—1
Phuong trinh khéng c6 nghiém boi, nén dép 4n D bi loai.

=3-x28-6x+4=0.

= V6i dudng thing trong dép an C, ta c6 phuong trinh hoanh do:

+1
;X_] =5-3x< 65 - 12X+ 6= 0 <> (x - 1) = 0 = Nghiém boi x = 1
I+1
=y()= 5" 2, khong théa man = Pap dn C bi loai.

= V6i duong thing trong dép 4n B, ta c6 phuong trinh hoanh do:

+1 5
X :m__’i@2}(2_8X+8=0<:>(x-2)2:0::>Nghiémb(f)iX=2
2x—-1 3 3
2+1
=vy(2)= 221" 1, thoa man.

Do dé, viéc Iya chon ddp 4n B 1a dting dan.

» Lua chon ddp 4n bang phép dinh gid: Phuong trinh hoanh d¢ giao diém:

x+1
%1 =lox+1=2x-1x=2= M(2;1).
X._.

Ta lan lugt danh gia:

® Chi ¢6 cdc dudng thang ¢ cic dap 4n Bva D di qua M, nén cac dép 4n A va C biloai.
@ V6i duong thing trong d4p an D, ta c6 phuong trinh hoanh d:

x+1

2x -1
Phuong trinh khong ¢ nghiém boi, nén d4p 4n D bi loai.

=3-x2x2+6x-4=0.

Do dé, viéc Iua chon dp 4n B 1a dting d4n.
»> Lua chon ddp 4n bing phép dinh gi4 két hop stt dung mdy tinh CASIO fx - 570MS:
Phuong trinh hoanh d¢ giao diém:
x+1
2x~1

=lox+1=2x-1x=2=M(2;1).

(121



Khi d6 hé s6 goc clia tiép tuyén k = y'(2) = -—;: dugc xac dinh béng cach an:

| |
sarT (/e @ ALPHA X EE 1 B B @ 2 B
B:08

Do d6, viéc Iia chon dap 4n B 1a dung dan.

Bai21. Cho ham s6 (C): y = =+ 2% =L Tiép tuyén tai giao diém ctia d6 thi ham s véi truc
tung c6 phuong trinh la: - '
CAy=-x+2. B.y=3x+2. Cy=-=x+1 D.y=3x+1.
Dap s6 trac nghiém C. |

> Loi gidi tu Iudn: Toa d9 giao diém ctia (C) v6i Oy 1a nghiém hé:
X" +2x-1
y = ——— X= O
x -1 C?{ ~1¢$Nﬂ&1)
x=0 y=
o, xt=2x-1 ,
TaCOIY: —"&——1)5‘“’ :}Y(O)::—
Tiép tuyén chia d0 thi tai diém M(0; 1) c6 dang;
d):y= y’(o)(x -0)+1<d:y=x+1
» Lua chon ddp 4n bang phép thii 1: Ta lan Iiot:
Vi (C) Oy = M(0; 1) nén cac dap an A va Bbi loai do khong di qua M.
= St dung méy tinh CASIO fx — 570MS ta tinh y'(0) bang cdch an:

IMODH|[1] |
sarET /ax @ ALPrA X 58 [ 2 ALPHA X B 1

ok FL L - —

Ttic1a y’(0) = -1, suy ra dap an D bi loai.

Do d6, viéc lya chon dép 4n C la dting dén.
> Lufa chon dép 4n bang phép thii 2:'Ta lan lugt:
Stt dyng mdy tinh CASIO fx — 570MS ta tinh y’(0) bang cach &n:

|
SHIFT) (3/dx (@ (ALPHA X 8 [l 2 ALPHA acera K 1
HE A xE BEDE m




Ttclay'(0) = -1, suy ra céc dap én B va D bi loai.

= V6i két qua trong A thi (d) m Oy = M(0; 2) ¢ (C) nén dép 4n A bi loai.
Do doé, viéc hja chon dép an C la dting dan.

» Lua chon ddp dn bang phép thii 3: Ta lan IU(:)‘t:

= Stt dung mdy tinh CASIO fx - 570MS ta tinh y’(0) béng cach &n:

[MODE|[ 1]
[SHIFT] [a/d+] @ ALPHA] ] £ [ > XE
- |- RO B =

Ticlay'(0) = -1, suy ra céc dap 4n B va D bi loai.

= V6i dudng thing trong dép 4n A, ta c6 phuong trinh hoanh do:
ﬁi}—-);—il =2-x<2x2-x+1=0= Dap én A bi loai.

Do d6, viéc Iya chon dép dn C 1a ding dan.

» Lua chon ddp dn bang phép thit 4: Ta lan lugt:

® V6i dudng thing trong dép 4n A, ta c6 phuong trinh hoanh do:
x*+2x -1

=2-x&282-x+1=0.
x—1

Phuong trinh khong c6 nghiém boi, nén dap 4n A bi loai.
= V6i duong thang trong dap 4n B, ta c6 phuong trinh hoanh d¢:
x> +2x -1
x—1
Phuong trinh khéng c¢6 nghiém boi, nén dép 4n B bi loai..

=3x+2&2x2-3x-1=0.

» V6i duong thang trong ddp 4n C, ta c6 phuong trinh hoanh do:
2 —
fﬂl—i =1-x < 2x* = 0 => Nghiém bdi x = 0, théa man.
x a—
Do d6, viéc lya chon dép 4n C 13 diing dén.
> Lua chon ddp dn bing phép thit 5: Ta lan lugt:
= V6i duong thang trong d4p én D, ta c6 phiong trinh hoanh do:
x*+2x -1
——— =3x+1&2x*- 4x=0.
x-1
Phuong trinh khéng c6 nghiém boi, nén dap én D bj loai.

" BAITAP TRAC NGHIEM MON TOAN - KI THI THPT
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= V6i dudng thing trong dép 4n C, ta c6 phuong trinh hoanh do:
> +2x-1
§—+—}1——~ =1 -x <> 2x* = 0 = Nghiém bdi x = 0, thoa mén.

X

Do d6, viéc lua chon dép 4n C la dung dan.

3 2 .
Bai 22. Cho ham s5 (C): y = X X “*%2 Tiép tuyén (d) ciia 6 thi ham s6 tai diém c6
1

hoanh d6 x =2 sé:
A. Song song véi dudng théng y=x-1
B. Vudng goc v6i dudng thingy =x - 1.
C. Song song v6i dudng thang y = 3x + 5.
D. Vudng géé v6i duong thing y = 3x + 5.
Dap s6 trac nghiém C.
» Loi gidi tu Iugn: Viét lai ham s6 dudi dang:
y=x>-1+ ;{—1 =V =2x- 6;1—1)—2« = Hé s6 gock =y'(2) = 3.
Vay, tiép tuyén (d) song song v6i dudng thang y = 3x + 5.
» Lua chon ddp 4n béng viéc st dung mdy tinh CASIO fx — 570MS: D¢ tinh y'(2)

ta thuc hién:

Bai 23. Cho ham 6 (C): y =

[SHIFT [d/dx] [{[ALPHA|[X]|
1

Vay, ta dugc hé s6 gock =y'(2) = 3.

Do d6, viéc lua chon dap 4n C1a dung déan.

—— . Tiép tuyén tai giao diém clia d6 thi ham s8 véi truc
X" +1
hoanh c6 phuong trinh:

Ay=-x+1 B.y=-x Cy=x D.y=x+1.
Dép s6 trac nghiém C.

> Loi gidi tu lun: Phuong trinh hoanh do giao diém:

> =0<x=0= M(0;0).
x“+1
x* +1-2x 1-x°
Tach:y=————=—— =7(0)=1
YTy (L) y
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T do, suy ra phuong trinh tiép tuyén (d) cé dang:
(d):y =y, (x-0) +y(0) = (d): y=x.
» Lua chon ddp dn bang phép thii 1: Ta 1an lugt:
Vi (C) M Ox = M(0; 0) nén cac dap an A va D bi loai do khong di qua M.
= St dung mdy tinh CASIO fx - 570MS ta tinh y’(0) bing cach 4n:

[SHIFT] [d/dx][ALPHA]

Ttclay'(0) = 1, suy ra ddp an B bi loai.

Do dé, viéc Iya chon dap 4n C 1a dting dan.

» Lua chon ddp 4n bing phép thit 2: Ta lan lugt:

» St dung my tinh CASIO fx - 570MS ta tinh y'(0) bang cach 4n:

[SHIFT] [d/dx|[ALPHAJ[X]

0
Ttclay'(0) = 1, suy ra cic dép 4n A va B bj loai.
Véi két qua trong D thi (d) N Ox = M(-1;0) & (C) nén dép 4n D bi loai.
Do dé, viéc lya chon dép 4n C 1a dung din.
» Lua chon ddp dn bang phép thit 3: Ta lan lugt:
= Stt dung mdy tinh CASIO fx - 570MS ta tinh y’(0) bing cach 4n:

ISHIFT] |d/dx|[ALPHA|[X]

Ticlay'(0) = 1, suy ra cic dép an A va B bj loai.

V6i duong thang trong dép én C, ta c6 phuong trinh hoanh do:
X

x> +1

Do d9, viéc Iya chon d4p an C 1a dung dan.

=X <> x* = 0 < Nghiém kép x = 0, thoa mén.

» Lua chon ddp dn béing phép thi 4: Ta 1an lugt:
V6i duong thang trong d4p én A, ta c6 phuong trinh hoanh do:

i1 1 - x, khong c6 nghiém x = 0 = Ddp 4n A bi loai.

o,




» Vi duong thing trong ddp 4n B, ta c6 phuong trinh hoanh do:

T X <> % + 2x = 0, khong c6 nghiém bdi = Ddp 4n B bi loai.
X

= Vi duong thing trong dap én C, ta c6 phuong trinh hoanh do:

il x <> x2 = 0 = Nghiém bdi x = 0, théa mén.
Do d, viéc lua chon dép 4n C 13 ding dén.
» Lua chon d4p dn bing phép thir 5: Ta 1an lugt:

V6i dudng thing trong dap 4n D, ta ¢6 phuong trinh hoanh dé:

2X+1 =x + 1, khong c6 nghiém x = 0 = Dép 4n D bi loai.
X

Véi dudng thing trong d4p 4n C, ta c6 phuong trinh hoanh do:

N =x < x> = 0 = Nghiém boi x = 0, théa man.

Do d6, viéc lua chon dép 4n C 1a dung dan.

Bai 24. Cho ham s6 (C): y = Jx+3. Tiép tuyén clia d9 thi tai diém c6 hoanh do x = 6 song
song v6i dudng thing:
A.x-6y=0. B.x-4y=0. C.x-2y=0. D.x-y=0.
Dép s6 tric nghiém A.
» Loi gidi tu Iudn: Ta co:

,____1_._:3Hé36 4c tiép tuyén k = ’(6)“"‘“_1 ]
V=503 csogochieptiyen k=y )=, J6+3 6

Vay, tiép tuyén song song v6i dudng thang x - 6y = 0.
» Lua chon ddp 4n bing viéc st dung mdy tinh CASIO fx - 570MS : D€ tinh y'(6)

ta thuc hién:
SHIFT] [d/dx]| DL B

Vay, ta dugc y'(6) = 0.1666 =~ % Do d6, viéc lua chon dép én A 1a dung dan.
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Bai 25. Cho ham s6 (C): y = Vx° —x+1. Tiép tuyén ctia do6 thi tai diém c6 hoanh do x = 1
cat cdc truc Ox, Oy theo thit tu tai A va B. Dién tich DABC bing:

ALl B. <. C i D. 1.
8 4 2
Dap s0 trac nghiém B.

2X"1 3)[)(1)_ l
20x*—x+1 2

Tu do, suy ra phuong trinh tiép tuyén (d) cé dang:

» Loi gidi tu ludn: Ta c6: y'=

(@:y = - D+ y(1) & @y =5 (- D+ 1> (dix-2y +1=0,
Khi d6:

Toa do diém A ]a nghiém ctia hé phuong trinh:

X—=2yv+1=0 =1
Y ST S AL = 0A=1.
y=0 y=0

= Toa do diém B la nghiém ctia hé phuong trinh:

x=2y+1=0 < |y=1/2 [O’EJ:) 2
Dién tich AABC dugc cho bai:

1 1 1 1
S —0OAOB=7.1-=-— .
2OA OB 5 1 5= (dvdt)

AABC

Bai 26. Cho ham s6 y = In(1 + x?). Tiép tuyén ctia d6 thi tai diém c6 hoanh do x = -1, c6 hé

s0 goc bang:

A.ln2. B.-1. C. —_})j D.o.
Dap s6 trac nghiém B.
> Loi gidi tu ludn: Ta c6:y = s = Hés6 géck=y'(-1) = m“)z— =-1.

» Lua chon ddp dn bang viéc sti dung mdy tinh CASIO fx - 570MS: D€ tinh y’(-1)

ta thyc hién:

]

Viy, ta dugc hé s6 gock=vy(-1) = -1.

Do dé, viéc Iya chon d4p 4n B la dting dan.




X =X .

B3i 27. Cho ham s8 (C): y = i——-:_—Z— Tiép tuyén clia d6 thi tai diém c6 hoanh d¢ x = In2

tao véi chiéu duong clia truc Ox mdt géc a. Gid tri tana bang:

AL B. 2. c. 2. D. 19
4 9 16 25
Dbép s trac nghiém D.
> Loi gidi tu lugn: Viét lai ham s6 duéi dang:
x 1
_C _e—x-eb&*l _1 2 , 462)(
SR S B AT
eX
s tana=y(in2) = " =18 ngvéidap anD
al’la——y - (621112_!_1)2 - 25’ ngv 1 apa'n :
> Lua chon ddp 4n bing viéc st dung mdy tinh CASIO fx - 570MS: Dé tinh y'(6)
ta thyc hién: ’
ISHIFT]|[d/dx| [@ [ALPHA] 1[ALPHA|[X]

Vay, ta dugc tana = y'(In2) = %

Do d6, viéc lua chon dép 4n A la dung dan.
Bai 28. S6 du&ing thing di qua diém A(0; 2) va tiép xtic v6i d6 thi ham s6 y = x* + 1 bing:
A. 0. B. 1. C.2. D. 3.
Dép s6 trac nghiém A.
> Loi gidi tu lugn 1: Pudng thing di qua A c6 phuong trinh: (d): y = kx + 2.
(d) tiép xtic v6i d6 thi ham s6 khi hé sau c6 nghiém:

x? = -1, vd nghiém.

2,1
X +1—kx+2j
2x =k

Vay, qua A khong ké dugc dudng thdng nao tiép xtic véi d6 thi ham s0.
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» Loi gidi tu Judn 2: Goi M(x,; y,) 14 tiép diém, suy ra y, = x2 + 1 va phuong trinh
tiép tuyén (d) tai M c6 dang:
(d):y= Y (x)(x-x,)+ Y, & (d):y=2xx- 2X0 + X5+ 1
< (d):y=2xx- Xo + 1.
Dbé (d) di qua diém A diéu kién la:
2=-X +1& X = -1, vd'nghiém.
Vay, qua A khong ké dugc dudng thing nao tiép xtic v6i d6 thi ham s6.
» Lua chon ddp én bing phép dinh gid: Vi diém A nim trong Parabol y = x* + 1
(vixétddu 0+ 1 -2 =-1<0) nén qua A khong ké dugc tiép tuyén tGi d6 thi ham so.
Do d6, viéc lua chon dép an A 13 ding dan.
& Chtt y: Véi Parabol (P) thi:
= Néu diém A nim trong (P) sé khong ké dugc tiép tuyén téi (P).

“ Néu diém A nam trén (P) sé ké dugc dung mot tiép tuyén téi (P). Dic biét, néu A
la dinh ctia (P) thi tiép tuyén sé song song véi Ox.

Néu diém A ndm ngoai (P) sé ké dugc hai tiép tuyén t6i (P).
Bai29. S6 dudng thang di qua diém A(1; 2) va tiép xitic voi d6 thi ham s6 (P): y = 2x* bing:
A. 0. B. 1. C. 2. D. 3.
Dép s6 tric nghiém B.
> Loi gidi ty lugn 1: Dudng thing di qua A c6 phuong trinh:
(d):y=k(x-1)+2.
(d) tiép xuic v6i d6 thi ham s6 khi hé sau c6 nghiém:

2x* =k(x—1)+2
4x =k

Vay, qua A ké dugc diing mot dudng thang tiép xtic véi (P).

=2 =4xkx-1)+2<x=1.

> Loi gidi tu fugn 2: Goi M(x,; y,) 12 tiép diém, suy ray, =2 Xy va phuong trinh ti€p
tuyén (d) tai M c6 dang:
(d):y=yE)x-x)+ Yo = (d):y=4xx- 4%} +2x;
< (d):y=4xx-2x).




Pé (d) di qua diém A, diéu kién la:
2=4x -2% ©x =L
Vay, qua A ké dugc ding mot dudng thang ti€p xtc véi (P).

» Lua chon ddp 4n béng phép dinh gi4: Vi diém A € (P) nén qua A ké dugc ding
mdt dudng théng tiép xic véi (P).

Do d6, viéc lua chon d4p 4n B 1a dung dan.
Bai 30. Cho ham s (P): y = x? - 3x + 2. Phuong trinh tiép tuyén clia do thj ham s6 di qua
diém M(}— ~—1—J ¢6 dang:
2 2

A x+y-1=0vax-y-2=0. B.x+y-1=0vax+3y=0.
C.x+y-2=0vax-y-2=0. D.x+y-2=0vax+3y=0.
Dap s6 trac nghiém A.

> Loi gidi tu lugn 1: Dudng thing di qua M c6 phuong trinh:

R G A
(d).ywk( 2) 5

(d) tiép xtic v6i d6 thi ham s6 khi hé sau cé nghiém:

x2—3x+2:=k[x——3—j~l 3) 1
2) 2 :>X2-3X+2=(2X-3)(X—Ej—~-2—

2x—-3=k
Xl - 1 k] = _1

&x-3x+2=0& 2::> .

Khi do:

= V6i k, = -1, ta dugc ti€p tuyén (d,) c6 phuong trinh:
(d):y =—(X—-—i—j——;— < (d):x+y-1=0.

= V6ik, = 1, ta dugc tiép tuyén (d,) c6 phuong trinh:
(d):y =(x-——32~)———%— < (d):x-y-2=0.

Vay, qua M ké dugc hai ti€p tuyén (d)) va (d,) tai (P).

> Loi gidi tu ludn 2: Goi A(x; y,) 12 tiép diém, suy ra 'y, = X - 3%, + 2 va phuong
trinh tiép tuyén (d) tai M c6 dang:

(d):y=yE)x-x)+y,< (d):y=(2%;- 3)(x-x,) + Xg - 3%, + 2.

0)

13 0)
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bé (d) di qua diém M, diéu kién la:
% = (2x,-3) [%_xoj £ 3K 425 XD -3x +2=0
< x,=1hodcx, =2.

Khi do:

V6ix, = 1, ta dugc tiép tuyén (d,) c6 phuong trinh:
(d)y=@2-3)x-1)+1-3+2<(d):x+y-1=0.

V6ix, =2, ta dugc tiép tuyén (d ) c6 phuong trinh:
(dz):yz(4~3)(x—2)+4—6+2<:>(d2):x—y-2=0.

Vay, qua M ké dugc hai tiép tuyén (d) va(d,) téi (P).

» Lua chon ddp 4n bang phép thii: Ta 1an luot:

Vi dudng thing x +y - 2 = 0 khéng di qua M nén cc dap an C va D bi loai.
2 Vi dudng thing x - y - 2 = 0 trong dap 4n A, ta c6 phuong trinh hoanh do:
X}-3x+2=X-2<x - 4x +4 =0, cd nghiém boi x = 2, thdéa man.

Do dé, viéc Iyia chon dp 4n A la dting din.
% Nhan xét: Nhu vay, d€ lua chon dugc dép 4n ding cho bai toan trén thi:

® Trong cdch gidi ty ludn 1 d€14p phuong trinh tiép tuyén ctia d6 thi ham s6 y = f(x)
di qua diém A(x,, y,) chiing ta thuc hién theo cic buéc:

Budc 1: Duong thang (d) di qua A(x . Y,) ¢6 phuong trinh: (d): y = k(x - x NESA
Budc 2: (d) ti€p xtc v6i (C) khi va chi khi hé sau ¢ nghiém:

{f(x)zk(x—xA)erA {f(x)zf‘(x).(x—xA)+yA ) Sk

f'x)=k f'(x)=k
Budc 3: Két luan vé tiép tuyén (d).

Trong cdch gidi tu Iudn 2, d€13p phuong trinh tiép tuyén ctia db thi ham s8 y = f(x)
di qua diém A(x,, y,) chiing ta thyic hién theo cic buéc:

Budc 1: Gid st ti€p diém 1a M(x, y,), khi d6 phuong trinh tiép tuyén c6 dang:
(d):y=y(x)(x-x)+ Yo
Buéc 2: Diém A(x,, y,)€(d), ta dugc:

V.= y’(xo)(xA -X,) + Y, =X,

=

o

/f"



Buéc 3: Két luan vé tiép tuyén (d).

Trong céch Iuia chon ddp 4n béng phép thi, ching ta di kiém tra xem cac dudng
thing (d,), (d,) va (d,) cho béi cac lua chon tric nghiém c6 di qua A khong? Tt d6, suy
ra dugc dap an ding.

Bai 31. Cho ham s6 (P): y = x2 Hai tiép tuyén ctia d6 thi ham s§ di qua diém M[% - 2)
tiép xtic vdi (P) tai A va B. Phuong trinh (AB) c6 dang:

A.Y:x+6, B.y=x+2. Cy=-x+2. D.y=-x+6.

bap s6 trac nghiém B.

» Loi gidi tu lugn 1: Dudng thing di qua M c6 phuong trinh: (d): y = k(x - %} -2,

(d) tiép xic v6i d6 thi ham s6 khi hé sau c6 nghiém va nghiém x 1a hoanh d% tiép diém:

xzzk[x——)~2 1
2 :>X2=2x(x—~}-2<:>2X2=2X(2X"1)‘4
2x=k 2

ox-x-2=0<x=-1hodcx=2= A(-1;1) va B(2; 4).
Khi d6, phuong trinh duong thing (AB) dugc cho bdi:
qua A(-1;1) x+1 y-1
AB): B ——=" AB):y= .
(AB) {quaB(2;4)  (AB): =y & (ABkry=x+2
> Loi gidi tu Iuin 2: Goi A(x,; y,) 12 tiép diém, suy ray, = x; va phuong trinh tiép
tuyén (d) tai M c6 dang:
(d:y=yx)x-x)+y,< (d):y=2x(x-x)+ Xg.
Pé (d) di qua diém M diéu kién la:
-2:2x0(%_x0) +Xp < Xy -x,-2=0<x =-1hodcx =2
— A(-1;1) vA B(2; 4).
Khi d6, phuong trinh dudng thing (AB) dugc cho béi:

qua A(-L 1) x+1 _y-1
: B): ——=— y= .
(AB) {qua B: 4) < (AB) e < (AB):y=x+2

4-1
> Loi gidi ty Iudn 3: Goi A(x; y,) la tiép diém, suy ray = x; va phuong trinh
tiép tuyén (d) tai M c6 dang:
(d):y=yE)x-x)+y,& (d):y=2x(x-%)+7Y,
< (d):y=2xx- 2% +y, < (d):y=2xx-Y,

4

-
M.
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biém M € (d), ta dugc: < (d): -2 =x -y, <y, = X, + 2. @)
Nhan xét rang toa d¢ hai tiép diém A, B déu thod man (*), do d6 phuong trinh
duong thang (AB) c6 dangy = x + 2.
» Lua chon ddp dn bang phép thi 1: Talan luot:
= V6i dudng thing y = x + 6 trong dap 4n A, ta c6 phuong trinh hoanh d¢:
X¥=x+6x*-x-6=0<>x=3hodcx=-2.
Xét ti€p tuyén tai A(3;9) cta (P) c6 phuong trinh:
(d):y=y0)(x-3)+9<(d,):y=6(x-3)+9<(d,):y=6x-9.
Tiép tuyén nay khong di qua M nén dap 4n A bi loai.
= V6i dudng thang y = x + 2 trong dap 4n B, ta c6 phuong trinh hoanh do:
X*=x+2<x*-x-2=0<x=2hodcx=-1.
Xét tiép tuyén tai B(2; 4) ctia (P) c6 phuong trinh:
(dp):y=yY2)(x-2)+4<=(d):y=4(x-2)+4<(d,):y=4x- 4
Tiép tuyén nay di qua M (thdéa mén).
Do dé, viéc lua chon dép én B la dung déan.
> Lua chon ddp 4n bang phép tht 2: Ta lan lugt:
= Phdc thao hinh v& (hinh bén) ta thdy dudng thing (AB) co ya
huéng di 1én, do d6 cac dép an C va D bi loai.

V6i dudng thang y = x + 6 trong dép 4n A, ta c6 phuong trinh
hoanh dé: A

X¥=Xx+6=x*-x-6=0<x=3hodcx=-2.
Xét tiép tuyén tai A(3; 9) clia (P) c6 phuong trinh: | | M
(d):y=y03)(x-3)+9<(d,):y=6(x-3)+9<(d,):y=6x-9.

Ti€p tuyén nay khong di qua M nén dap an A bi loai.

Do d6, viéc lua chon dép 4n B la ding dan.

Bai 32. Cho ham s6 (P): y = x* - 1. Hai tiép tuyén ctia d6 thi ham s6 di qua diém M(—;— 1)
ti€p xdc véi (P) tai A va B. Toa do trung diém clia AB la:

3 3 3 33 3)
=1/ === e L=,
A,(z,l) B( > 2) C(Z 2] D( 7

Dap s6 trac nghiém C.




> Loi gidi tu lugn 1: Dudng thdng di qua M c6 phuong trinh: (d): y = k(x - %) +1.

(d) tiép xtc v6i d6 thi ham s6 khi hé sau c6 nghiém va nghiém x 1a hoanh do tiép diém:

xz—lzk[x—gj+l 3

2 :$x2—1=2x(x-—)+1<:>x2-3x+2=0
2

2x =k

< x=1hoicx =2=> A(1;0) va B(2; 3) = Trung diém I(%; %) .
> Loi gidi tu Iudn 2: Goi A(x; y,) 1a tiép diém, suy ray, = Xp - 1 v phuong trinh
tiép tuyén (d) tai M c6 dang:
(d):y=yx)x-x)+y,< (d):y=2x(x-x) + xg - 1.
Dé (d) di qua diém M diéu kién la:

3
1:2X°(5—X°J + x5 - 1< xg -3%,+2=0<>x, = 1hodcx =2

= A(1;0) va B(2; 3) = Trung diém IG; %) :

Bai 33.S6 dudng thing di qua diém A(3; 2) va tiép xtic v6i d6 thi ham s6 (C): y =x’ - 3x bang:

A.0. B. 1. C.2. D.3.

Dbap s6 trac nghiém D.

> Loi gidi tur Iudn két hop st dung mdy tinh CASIO fx - 570MS: Dudng thang di
qua A c6 phuong trinh: (d): y = k(x -3) + 2.

(d) tiép xtc v6i d6 thi ham s6 khi hé sau cé nghiém:

x’=3x=k(x-3)+2

{3x2 ~3=k

=x-3x=03x-3)x-3)+2<2x-9x* + 11 =0. @)

St dung mdy tinh CASIO fx — 570MS dé biét s6 nghiém ctia phuong trinh (*) bing
cich 4n:

IMODE MODE IMODE|
@B Bul |

1.314

1
[aa—y
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Ttc 1a, phuong trinh (*) c6 ba nghiém phan biét.
Vay, qua A ké dugc ba duong théng tiép xtic vdi d6 thi ham sé.
» Loi gidi tu Iudn két hop st dung mdy tinh CASIO fx - 570MS - Hoc sinh tu thuc hién.
Bai 34. S6 duong thing di qua diém A(2; 1) va tiép xtic v6i d6 thi ham s6
(C):y=x*-6x*+9x - 1 bang:
A.0. B. 1. C. 2. D. 3.
Dap s6 trac nghiém B. ‘
» Loi gidi ty Iugn 1: Duong thang di qua A c6 phuong trinh: (d): y = k(x -2) + 1.
(d) tiép xtic v6i d6 thi ham s6 khi hé sau c6 nghiém:
x> —6x"+9x—-1=k(x—2)+1
{3){2 -12x+9=k
=X-6x+9x-1=03x*-12x+9)(x-2)+1
SX-6x+12x-8=0 (x - 2)* =0 < x =2 la nghiém duy nhat.
Viy, qua A ké dugc ding mot dudng thang tiép xdc véi do thi ham sé.
> Loi gidi tu ludn 2: Goi M(x; y,) 1a ti€p diém, suy ray, = Xo - 6X2 + 9%, - 1 va
phuiong trinh ti€p tuyén (d) tai M c6 dang:
(d:y=yx)x-x)+Yy,
< (d):y=(3%; - 12x,+ 9)(x-x ) + Xp - 6% +9x, - L.
Pé (d) di qua diém A diéu kién 1a:
1= (3% - 12x, + 9)(2 - x,) + Xo - 6X; +9x, - 1
S Xg 6% +12x, -8 =0 (x,- 2P =0 <> x = 2.
Viy, qua A ké dugc diing mdt duong thing tiép xdc v6i d6 thi ham s6.
» Lua chon dip dn bang phép thii: Vi diém A chinh [a diém udn ctia (C) nén qua A
ké dugc dung mét tiép tuyén ti (C).
Do dé, viéc lua chon dép 4n B la ding dan.
Bai 35. S6 dudng thang di qua diém A(2; -3) va tiép xdc v6i d6 thi ham s6
(C): y=x*- 3x* + 2 bing:
A.0. B.1. C.2. D. 3.

bap s6 trac nghiém B.




CAC PHUONG PHAP T

» Loi gidi tu Iugn 1: Dudng thdng di qua A c6 phuong trinh: (d): y = k(x-2) - 3.
(d) tiép xuc v6i d6 thi ham s6 khi hé sau ¢ nghiém:
X -3x* +2=k(x-2)-3
3x% —6x =k =x-3x+2=03x*-6x)(x-2)-3
S23-9x%+12x-5=0 (x-1)(2x%-7x+5) =0
& (x-1)(2x-5)=0<>x=1hodcx = —52—
Vay, qua A ké dugc hai dudng théng tiép xtic véi d6 thi ham so.
» Loi gidi tu ludn két hop st dung mdy tinh CASIO fx - 570MS: Pudng thing
di qua A c¢6 phuong trinh:
(d): y=k(x-2) - 3.
(d) tiép xtic v6i d6 thi ham s6 khi hé sau ¢6 nghiém:
x*-3x*+2=k(x-2)-3
3x2 —6x =k =x-3x+2=03x*-6x)(x-2)-3

&2 -9x2+12x-5=0<>x=1hodcx= %béngcéchﬁin:

IMODE MODE MODH
d-|Of - |-

Vay, qua A ké dugc hai dudng thing tiép xuic v6i d6 thi ham s6.

= ||

> Loi gidi ty Tudn 2: Goi M(x; y,) 1a tiép di€m, suy ray, = Xy - 3X; + 2 va phuong
trinh tiép tuyén (d) tai M c6 dang:

(d:y=yE)x-x)+y,<(d):y=03 X - 6x,)(x - X)) + X5 - 3%, + 2.
bé (d) di qua diém A diéu kién la:
3= (3% - 6X)(2-X,) + Xo - 3% +2 > 2% - 9% +12% -5=0
< (x,- 1)(2xp - 7%,+ 5) =0 <> x, = 1 hodcx = %
Vay, qua A ké dugc hai dudng thing tiép xuic véi 46 thi ham sé.
Bai 36. Cho ham s6 (C): y = x* + 3x* - 2. Phuong trinh tiép tuyén ctia d6 thi ham s6 di qua
diém M[—%; —2) c6 dang:
Ay=-2vay=-3x-3. B.y=-2vay=3x-1
C.y=6xvay=-3x-3. D.y=6xvay=3x-1.
Dap s6 tric nghiém A. '
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» Loi gidi tu ludn 1:

2 1
Dudng thang di qua M ¢6 phuong trinh: (d): y = k(x + EJ -2.
(d) ti€p xtic v6i d6 thi ham s6 khi hé sau c6 nghiém:

x3+3x2—2=k(x+l)—2 i 1
3 :>X3+3X2—2=(3X2+6X)(X+—3~)—2

0 k, =
1:>

3x* +6x =k

1

X, =
<:32x3+4x2+2x:0<:>{X _
,=—

Khi do:
V6ik, =0, ta dugc ti€p tuyén (d,) c6 phuong trinh: (d):y=-2.
V6ik, = -3, ta dugc ti€p tuyén (d,) c6 phuong trinh:
(d):y= ——3(){ +—;~]~2 <(d):y=-3x-3.
Vay, qua M ké dugc hai tiép tuyén (d,) va (d,) t6i (C).

> Loi gidi ty ludn 2: Goi A(x; y,) 1 ti€p diém, suy ray, = Xo + 3x) - 2 va phuong
trinh tiép tuyén (d) tai A c6 dang:

(@):y=y(x)(x-x) +y, < (d):y= (3% +6x)(x-X) + Xo +3%; -2,

bé (d) di qua diém M diéu kién la:
2=03x + 6xo)(~—;——x0} + Xo +3X) -26 Xy +2X +%,=0
< X, =0hodcx = -1.

Khi dé:

= V6ix =0, ta dugc tiép tuyén (d ) c6 phuong trinh:
(d):y=0x-0)+0 -2&(d):y=-2.

= V6ix = -1, ta dugc ti€p tuyén (d,) c6 phuong trinh:
(d):y=0G-6)(x+1)-1 +3-2<(d):y=-3x-3.

Vay, qua M ké dugc hai ti€p tuyén (d,) va (d,) t6i (P).

» Lua chon ddp 4n bing phép thir 1: Ta lan lugt:

2 V6i dudng thing y = -2 trong dép 4n A, né di qua diém M va ta c6 phuong trinh
hoanh do:

N

J—t

/‘



X3+ 3x% - 2 = -2 <> xX° + 3%2 = 0, ¢6 nghiém bdi x = 0, théa méin
= Céc d4p 4n C va D bj loai.
Véi duong thdng y = 3x-3 trong d4p 4n A, n6 di qua di€ém M va ta cé phuong
trinh hoanh do:
X +3x2-2=-3x-3x+3x+3x+1=0
&> (x+ 1)* =0, c6 nghiém bdi x = -1, théa man
Do d6, viéc Ia chon dap 4n A 1a ding déan.
» Lua chon ddp dn bing phép thit 2: Ta lan lugt:
V6i dudng thing y = 3x - 1 trong dép 4n D, né di qua diém M va ta c6 ph&dng
trinh hoanh do.
B +3x-2=3x-1x+3x-3x-1=0 x-1)x*+4x+1)=0
khong c6 nghiém boi, nén cac dap 4n B va D bi loai.

= V6i dudng thing y = -2 trong ddp 4n A, né di qua diém M va ta c6 phuicing trinh
hoanh do:-

X +3%%- 2 = -2 & X + 3%* = 0, ¢6 nghiém bdi x = 0, théa mén

4

Do d6, viéc lya chon dép 4n A la dung dan.

Bai 37. Cho ham s& (C): y = x* - 3x* + 1. Phuong trinh tiép tuyén ctia d6 thi ham s6 di qua
m M(3; 1) c6 dang:

A.y=1vay=9x-26. B,yélvéy=x-2.
C.y=2x-5vay=9x-26. D.y=2x-5vay=x-2.
Dép s6 trac nghiém A.

> Loi gidi ty lugn 1: Dudng thing di qua M c6 phuong trinh: (d): y =k(x-3)+1.
(d) tiép xtic v6i d6 thi ham s6 khi h¢ sau c6 nghiém:
{;& ~3x? +1=k(x-3)+1

3 —6x K 3 -3x2+1=03x-6x)(x-3)+ L.

S28-12x2+ 18x =0 [
Khi do:
V6ik, = 0, ta dugc ti€p tuyén (d,) c6 phuong trinh: (d,): y = 1.

x, =0 k, =0
X, =3 - k,=9

Véik, =9, ta dugc tiép tuyén (d,) c6 phuong trinh:
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(d,):y=9(x-3)+1<>(d,): y=9x - 26.

Vay, qua M ké dugc hai tiép tuyén (d,) va (d,) t6i (C).

» Loi gidi ty lugn 2: Goi A(x; y,) la tiép diém, suy ray, = X, - 3%, + 1 va

phuong trinh tiép tuyén (d) tai A c6 dang:

(d):y =y (x)(x-x) +y, < (d):y= (3% - 6x)(x-x,) + X; - 3% + L.

bé (d) di qua diém M diéu kién la:
1=(3%; - 6x)(3-x) + X0 - 3% + 1> X -6X) +9x,=0
<> x,=0hodcx =3.

Khi do:

= V6ix, =0, ta dugc tiép tuyén (d,) c6 phuong trinh:
(d):(d):y=0(x-0)+1<(d)y=1

Véix, = 3, ta dugc tiép tuyén (d,) c6 phuong trinh:
(d,):y=(27-18)(x-3) +27-27 + 1 & (d)): y = 9x - 26.

Vay, qua M ké dugc hai tiép tuyén (d,)) va(d,) toi (P).

» Lua chon ddp dn bang phép thti 1: Ta lan lugt:

V6i duong thang y = 1 trong dép 4n A, né di qua diém M va ta c6 phuong trinh
hoanh do:

X -3%" +1=1<x* - 3x? = 0, c6 nghiém bdi x = 0, thda méan
= Cac dap an C va D bi loai.

@ V6i dudng thang y = 9x - 26 trong dép 4n A, n6 di qua diém M va ta c6 phuong
trinh hoanh do:

X¥-3x+1=9x-26%x-3x-9x+27=0 (x-3)(x*-9) =0
c6 nghiém boi x = 3, thda man

Do d6, viéc lya chon dép 4n A 1a dung dan.

> Lua chon ddp 4n bang phép thir 2: Ta 1an lugt:

= V6i dudng thang y = x - 2 trong dép 4n D, né di qua diém M va ta c6 phuong trinh
hoanh d¢:

¥-3x+1=x-2x-32-x+3=0= (x-1)(x*-2x-3)=0
S E-DE+1D)E-3)=0

khong c6 nghiém boi, nén céc dap én B va D bi loai.




s V6i dudng thing y = 1 trong dép 4n A, né di qua diém M va ta cé phuong trinh
hoanh do:

-3+ 1=1< x* - 3x2 =0, ¢ nghiém bdi x = 0, théa mén
Do d6, viéc lya chon dép 4n A 1a ding dan.
» Lua chon dép 4n bing phép thir 3: Ta lan ligt:
Vidiém M e (C) nén qua M c6 mot tiép tuyén (tai diém M) dang:
7=7YB)x-3)+1y=9(x-3)+1y=9x-26
= Cac dap an B va D bi loai.

= V6i dudng thing y = 1 trong dép én A, né di qua diém M va ta c6 phuong trinh
hoanh d¢:

-3x2+1=1<x° - 3x* =0, 6 nghiém bdi x = 0, théa méin
Do d6, viéc lya chon dap én A la ddng dan.
Bai 38. Cho ham's8 (C): y = ¥* - 3x* + 2. Phuong trinh tiép tuyén ctia d6 thi ham s6 di qua
diém A( E; -2) ¢6 dang:

A.(d):y=2,(d)y= 9x+25va(d)y~——5-x—-§—71—.
5 61

B.(d):y=-2(d):y= 9x+25va(d)y-——x—5;.
5 61

C.(d):y=2,(d):y=9x- 25va(d,):y= x+“§‘7‘

D.(d):y=-2,(d):y=9x-25va(d,):y= ——5-x+ %

bap s6 trac nghiém D.

> Loi gidi tu lugn 1: Duong thing (d) qua A c6 phuong trinh:
y=kix- 393)-2. (1)

Pudng thing (d) tiép xtc v6i d6 thi ham s6 khi hé hé sau c6 nghiém

23
x*=3x" +2=k(x—-7)=2 X3—3X2+2=(3x2—6x)(x——2—9—3-)—2

=
3x2—6x=k 3x?—6x =k
X=2
k=0
x=3 k=9
Sl x=1/3 <
k=-5/3

k =3x? —6x
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Khi dé:
® V6i k = 0 thay vao (1) ta dugc tiép tuyén (d):y=-2
= V6ik = 9 thay vao (1) ta dugc tiép tuyén (d,):y=9x-25.
y 5
Véik = - —2— thay vao (1) ta duogc tiép tuyén (d,): y = 3% + —.
Vay, t6n tai ba ti€p tuyén (d,), (d,), (d,) cha d6 thi thod man diéu kién.

» Loi gidi tyf lugn 2: Gia st ti€p diém 1a M(x,, y,), khi d6 phuong trinh tiép tuyén

c6 dang:

(d):y= Y (x-x)+y,
& (d):y= (3% - 6x)(x-x,) + X0 - 3x2 +2, 2)

biém A € (d), ta dugc: -2 = (3% - 6x0)(§ -X,) + Xg - 3% +2

Xy =2
, 20
< (x,-2)(-2%; + -3—x0-2) =0& [ x,=3

X, =1/3
Khi do: ’
" V6ix, =2 thay vao (2) ta dugc ti€p tuyén (d ): y = -2.
" V6ix, =3 thay vao (2) ta dugc ti€p tuyén (d,): y = 9x - 25.

61

8 Véix =ltha vao (2) ta dugc tiép tuyén (d,): =——5—x+-~«.

Vay, ton tai ba tiép tuyén (d)), (d,), (d,) ctia 46 thj thod man diéu kién.

» Lua chon ddp 4n bang phép thit: Ta lan lugt danh gi4:

Diém A khong thu¢c dudng théng (d,) trong lya chon A nén dép én A bi loai.
® Diém A khong thudc dudng thing (d,) trong lya chon B nén dép 4n B bj loai.
® Diém A khong thudc dudng thing (d,) trong Iita chon C nén ddp an C bi loai.
Do dé, viéc Iya chon dép an D 1a dung dén.

Bai 39. Cho ham s6 (C): y =x* - 4x* + 1. S§ dudng thing di qua diém A(0; 1) va tiép xtic

v6i d6 thi ham s6 bang:

A. 0. B. 1. C. 2. D. 3.
Dap s6 trac nghiém D.

»> Loi gidi tuf ludn 1: Duong thing di qua A c6 phuong trinh: (d): y = kx + 1.

(d) ti€p xtic v6i d6 thi ham s6 khi hé sau c6 nghiém:




s xt-dx? 4 1 = (4% - 8X)x + 1

x*—4x* +1=kx+1
4x° -8x =k

x=0
x=42/-3
Vay, qua A ké dugc ba dudng thing ti€p xtc véi d6 thi ham s6.

& 3xt - 4x =0<:>{

> Loi gidi tu Iudn 2: Goi M(x; y,) 12 ti€p diém, suy ra y, = Xs - 4% +1va
phuong trinh tiép tuyén (d) tai M c6 dang: (d): y = Y )(x-x%) +,
< (d):y= (4% - 8x)(x- X)) + Xo - 4% + 1.
Dé (d) di qua diém A diéu kién la:
1 =-(4% - 8K )x, + Ko - 4% + 1> 3% - 4% =0 & x, = 2 hodcx, = i%
Vay, qua A ké dugc ba dudng thing tiép xtc v6i d6 thi ham so.
» Lua chon ddp 4n bing phép thii: Vi diém A 13 diém cyctiéu

(& chinh gitfa) ctia ba diém cuc tri ctia d6 thi ham s6,dodé qua A A
ludn ké dugc ba tiép tuyén t6i d6 thi ham so.

Do d6, viéc lua chon dap 4n C 13 dung dan.
Bai 40, Cho ham s6 (C): y = x* - 2x + 3. S6 duong thing di qua diém A(0; 4) va ti€p xic
v6i d6 thi ham s6 bang:
A. 0. B. L. C. 2. D. 3.
DPép s trac nghiém A.
> Loi gidi tu luan 1: Duong thing di qua A c6 phuong trinh: (d): y = kx + 4.
(d) tiép xtic v6i d6 thi ham s6 khi hé sau c6 nghiém:

4 _ 2 - 3
4 —dx =k =xt-2x2+ 3 =x(4x> - 4x) + 4

{x4 ~2x? +3=kx +4
&> 3x* - 2% + 1 =0, vO nghiém.
Vay, qua A khong ké dugc dudng thing ndo tiép xic voi d6 thi ham s6.
> Loi gidi tu lujn 2: Goi M(x; y,) 12 tiép di€m, suy ray, = Xy - 2%, + 3 va
phuong trinh tiép tuyén (d) tai M c6 dang:

(A):y=y(x)x-X) +Y,
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& (d):y= (4% - 4x)(x - X)) + X0 - 2] + 3.
bé (d) di qua diém A diéu kién la:

4= -(4x; - 4x )X, + X; - 2%; +3 <> 3x) - 2x; + 1 =0, vO nghiém.
Viay, qua A khong ké dugc dudng thang nao tiép xtic véi do6 thi ham sé.

» Lua chon ddp dn bang phép thir: Vi diém A 1a diém & phia
trén diém cuic tiéu (6 chinh gitia) ctia ba diém cuc tri ctia d6 thi ham

s6, do d6 qua A khong ké dugc tiép tuyén téi d6 thi ham s6. g A
Do d6, viéc lya chon dép 4n A 13 ding dan.
Bai 41. Cho ham s6 (C): y = x* - 3x* + 1. Phuong trinh tiép tuyén ctia
do thi ham s6 di qua diém M(0; 1) c6 dang:
Ay=1 B.y=2x+1. Cy=-2x+1. D.CaA,B,C.

Dap s6 trac nghiém D.
» Loi gidi ty lugn 1: Dudng thang di qua M c6 phuong trinh: (d): y = kx + 1.
(d) tiép xtic v6i d6 thi ham s6 khi hé sau c6 nghiém:

x*=3x* +1=kx+1
=>x-3x*+1=4x*-6x)x+1

4x’ —6x =k
SX-3=0xF-1)=0=x=0,x=-1vax=1.
Khi do:

V6ix =0, ta dugc k= 0 va tiép tuyén (d ): y = 1.
V6ix =-1, ta dugc k =2 tiép tuyén (d,): y = 2x + 1.
V6ix = 1, ta dugc k= -2 tiép tuyén (d,): y = -2x + 1.
Vay, qua M ké dugc ba ti€p tuyén (d,), (d,) va (d,) t6i (C).
> Loi gidi tu lugn 2: Goi A(x; y,) 14 ti€p diém, suy ray, = X, - 3%; + 1 va phuong
trinh tiép tuyén (d) tai A c6 dang;
(d):y=yE)x-x)+y,< (d):y=(4x; - 6X,)(X - X,) + X - 3% + 1.
bé (d) di qua diém M diéu kién la:
1=-(4%; - 6x )X, + X¢ - 3%; + 1> 3%; -3%, =0

o X5 (X _1)=0<:>X0:0,x0=-lvéxo=l.




Khi do:
® V6ix, = 0, ta dugc tiép tuyén (d):y = 1.
Véix, = -1, ta dugc tiép tuyén (d,): y = 2x + 1.
V6ix, = 1, ta dugc tiép tuyén (d,): y = -2x + 1.
Vay, qua M ké dugc ba tiép tuyén (d,), (d,) va (d,) t6i (C).
> Lua chon ddp 4n bing phép thii: Ta lan lugt:
Véi duong thing y = 1 trong dép 4n A, n6 di qua diém M va ta c6 phuong trinh
hoanh do:
x4-3x2+1=1<x*- 3x*> = 0, c6 nghiém bdi x = 0, théa mén
=> Céc dap 4n B va C biloai. ,
Véi dudng thing y = 2x + 1 trong dép 4n B, né di qua diém M va ta c6
phuong trinh hoanh do:
o3+ 1l=2x+1x-3x-2x=0x(x+1)(x-x-2)=0
< x(x + 1)4(x - 2) = 0, c6 nghiém boi x = -1, thda mén
= Ddép an A bi loai.
Do d6, viéc lya chon dép 4n D 1a ding dén.
Bai 42. Cho ham s6 (C): y = x* - 1. Phuong trinh tiép tuyén ctia d6 thi ham s6 di qua diém
M(0; -4) c6 dang:
Aly=-4vay=-4x-4. B.y=4x-4vay=-4x-4.
Cy=-4vay=4x-4. D.y=x-4vay=-x-4

bap s6 trac nghiém B.

> Lo gidi tu lun 1: Pudng thing di qua M c6 phuong trinh: (d): y =kx - 4.
(d) tiép xtic v6i d6 thi ham s6 khi h¢ sau c6 nghiém:
x'~1=kx-4

{4){3:1{ =>x-1=4'-43x =3 x=11
Khi doé:
Véix = 1, ta dugc k = 4 va tiép tuyén (d,): y = 4x - 4.
= V6ix = -1, ta dugc k = -4 tiép tuyén (d,): y = -4x - 4.
Vay, qua M ké dugc hai tiép tuyén (d,) va (d,) t6i (C).
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» Loi gidi tu Iugn 2: Goi A(x; y,) 1a tiép diém, suy ra ¥, = Xo - 1 va phuong trinh
tiép tuyén (d) tai A c6 dang: (d):y = Y(x)x-x)+y, & (d):y= 4% (x - X,) + xg - 1.

Dé (d) di qua diém M diéu kién la: -4 = -4x{ + X; - 1 & 3%} =3 & x, = +1.

Khi do:

V6ix, = 1, ta dugc tiép tuyén (d ): y = 4x - 4.

“ Voix, = -1, ta dugc tiép tuyén (d,): y = -4x - 4.

Vay, qua M ké dugc ba ti€p tuyén (d,) va (d,) t6i (C).

» Lua chon ddp 4n bing phép thii: Ta lan luot:

= V6i dudng thang y = -4 trong dép 4n A, n6 di qua diém M va ta c6 phuong trinh
hoanh do:

x'-1=-4 < x'=-5,v0 nghiém = Cic dép an A va C bj loai.

" V6i dudng thing y = 4x - 4 trong dép 4n B, né di qua diém M va ta c6 phuong
trinh hoanh do:

-l=4x-4ox-&X+3=0 x- D)X +x2+x-3)=0
< (x - 1)*(x? + 2x + 3) = 0, c6 nghiém béi x = 1, thda méan
Do d¢, viéc Iya chon dép én B la dting d4n.

Bai43. Cho ham s6 (C): y = x* - 4x* + 2. Phuong trinh tiép tuyén clia d6 thj ham s6 di qua
diém M(2; 2) c6 dang:

32 10
Ay=1,y=16x-30,y= Z=x +—.
Y Y x y 27 27
32 10
B.y=1Ly=1 V= =X +—.
y=Ly=16x+30,y 27x+27
32 10
Cy=2,y=16x-30,y= —-x-—.
Y Y * Y 27X 27
210

D.y=2,y=16x+30,y=2—7-x~27.

Dap s6 trac nghiém C.

> Loi gidi tu ludn 1 két hop st dung mdy tinh CASIO fx - 570MS: Dudng thing
di qua M ¢6 phuong trinh: (d): y = k(x - 2) + 2.

(d) tiép xtic v&i d6 thi ham s6 khi hé sau c6 nghiém:




= xt-4x? + 2 = (4x° - 8x)(x - 2) + 2.

x' —4x> +2=k(x-2)+2
4x’ -8x =k

x=0
& 3x-8x8° - 4xP + 16x =0
* * {3x3—8x2—4x+16=0

<‘:>X=0,X=-§ vax=2.
Khi dé:
s Vi x = 0, ta dugc k = 0 va tiép tuyén (d,) c6 phuong trinh: (d)): y =2.

4 32
V61x=--3—,taduack=

> tiép tuyén (d,) c6 phuong trinh:

32 10
—X-—.
27 27

Véi x = 2, ta dugc k = 16 iép tuyén (d,) c6 phuong trinh:

(d):y=16(x-2)+2 < (d):y=16x-30.

Vay, qua M ké dugc ba tiép tuyén (d,), (d,) va (d,) téi (C).

> Loi gidi tu ludn 2: Goi A(x; y,) 1a tiép diém, suy ray, = Xy - 4X; + 2 va phuong trinh
tiép tuyén (d) tai A c6 dang:

(@)y=2o (-2 + 2 )y =

(d): 7=y E)(x-%) +7,< (d): 7= (4% - 8x)(x - %) + Xo - 4% +2.
Pé (d) di qua diém M diéu kién la:

2= (4% - 8x)(2- X,) + X6 - 4% +2<> 3% - 8% - 4X; + 16%,=0

Xy =0 4
| 3 _gxt _dx, +16=0 T o= OHTF VA=
Khi dé:
m Voix =0, ta dugc tiép tuyén (d.): y = 2.
0 p Y 1Y
. 4 « 32 10
= Voix, = -3 ta dugc tiép tuyén (d,): y = 7 X" >

= Vi x, = 2, ta dugc tiép tuyén (d,): y = 16x - 30.
Vay, qua M ké dugc ba tiép tuyén (d,), (d,) va (d,) t6i (C).
» Luta chon dép dn bing phép thii 1: Ta 14n lugt:

- = Véi duong thing y = 1 trong d4p 4n A, n6 khong di qua diém M nén cac ddp dn
A va B biloai.
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® Vi dudng thing y = 16x - 30 trong dap 4n C, n6 di qua diém M va ta c6 phuong
trinh hoanh do:

X'-4x*+2=16x-30 = x'-4x*- 16x+32=0
S X-2)E+2x2-16)=0< (x-2)(x-2)(x*+3x+8) =0
c6 nghiém boi x = 2, thoa min
Do d¢, viéc Iya chon dép én C 1a dung dén.
» Lua chon ddp dn bing phép thi 2: Ta l4n lugt:
= V6i duong thing y = 1 trong ddp 4n A, né khong di qua diém M nén céc dép 4n
A va B bi loai.
= Vidiém M € (C) nén qua M c6 mét tiép tuyén (tai diém M) dang:
Y=Y (2)(x-2)+2<y=16(x-2)+2 <y =16x - 30 = Dép 4n D bi loai.
Do d6, viéc Iya chon dép 4n C la dting dén.

Bai44. Cho ham s6 (C): y = x* - x%. Phuang trinh tiép tuyén clia d6 thi ham s& di qua diém
A(-1; 0) c6 dang:

‘ 4 4
A.(d):y=x+1, (dz):y=2x+2va(d3):y: o7 X+ 57

B.(d):y=-x-1,(d):y=3x+3va (d):y=4x+4.
C.(d):y=0,(d):y=-2x-2va (d):y=2x+2.
4 4

D.(d):y=0,(d):y=-2x-2va (d):y= 57X >

Dap s6 trac nghiém D.
> Loi gidi ty Iugn 1: Duong thing (d) qua A cé phuong trinh: y=k(x +1). (1)
Dbuong thing (d) ti€p xtic véi do thi hé.m s6 khi hé hé sau c6 nghiém

{x“ -x*=k(x+1) {x“ —x? =(4x* = 2x)(x +1)

4x’ -2x =k 4x’ -2x =k
x=~1
5 ~0 k=-2
X(X+DBx +x-2)=0 X=
&> & ) < k=0
4x° ~2x =k x=2/3
" k=-4/27
k=4x"-2x

Khi dé:




V6ik = 0 thay vio (1) ta dugc ti€p tuyén (d): y =0.
V6ik = -2 thay vao (1) ta dugc ti€p tuyén (d,): y = -2x - 2.

w4 . ‘x 2 o 4 4
Vé6ik = > thay vao (1) ta ddgc tiép tuyén (d):y= 27X >

Viy, t6n tai ba tiép tuyén (d ), (d,), (d,) ctia d6 thi thod mén diéu kién.
» Loi gidi tu lugn 2: Gid st tiép diém 1a M(x,, y,), khi d6 phuong trinh tiép tuyén
codang: (d):y= 7', x-X) +Y,
& (d):y= (4% - 2x)(x- X)) + Xo - . )
Piém Ae(d), ta dugc:
0= (4%} - 2x)(-1-x) + X5 - %o < x(x,+ D)BX +%,-2)=0
©x,=0,x =-1vax = ~23-
Khi do:
= V6ix, = 0 thay vao (2) ta dugc tiép tuyén (d,): y = 0.
V6ix, = -1 thay vao (2) ta dugc tiép tuyén (d): y = -2x - 2.
4
27
Vay, t6n tai ba tiép tuyén (d,), (d,), (d,) cta d6 thi thoa man diéu kién.

V6ix, = % thay vo (2) ta dudc tiép tuyén (d)):y = - % T

» Lua chon dép dn bdng phép thit 1: Ta lan lugt danh gia:
= Vi dudng théng (d,) trong Iva chon A ta xét hé phuong trinh:
{x4~x2:2x+2 {x4—x2—2x~2:0 {x4—x2—2x—2=0

43 —2x =2 2x° —x—1=0 x=1

Hé trén vo nghiém, ttic 1a (d,) khong 14 tiép tuyén ctia (C), suy ra cic dap an A va
C biloai.

= V6i dudng thing (d,) trong Iya chon D ta xét hé phuong trinh:

x'—x*=0 ) o
, = x = 0 (tic la c6 nghiém)
4x° -2x =0

Ttc la (d,) 13 tiép tuyén ctia (C), suy ra dép 4n B bi loai.

Do d6, viéc Iya chon dép 4n D 1a dung dan.

» Lua chon dip dn bdng phép thii 2: Ta lan lugt danh gid:
Paohim:y = 4x* - 2%,y =0 <> 4x* - 2x=0=>x=0vay(0) =0

J

=

kY
ey
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Diéu do chitng t6 d6 thi ham s6 tiép xuc véi truc tung, tic cé mot tiép tuyén di qua
diém Alay = 0. Suy ra, cdc d4p 4n A va B bi loai.
= Véi dudng thang (d,) trong lua chon C ta xét hé phuong trinh:

47 = 2x =2 2%} —x-1=0 x=1

{X4—X2=2X+2 {x4-x2—2x—2=0 {x“—xz—Zx—2:0
=
He trén v6 nghiém, tdc la (d,) khong la ti€p tuyén ctia (C), suy ra ddp 4n C bi loai.
Do d6, viéc lua chon dép an D la ding din.
Bai 45. Cho ham s6 (C): y = x*. Hai tiép tuyén clia d6 thi ham s6 di qua diém M[% —8]
ti€p xic véi (C) tai A va B. Phuong trinh (AB) c6 dang:
Ay=x B.y=5x+6. C.y=-5x+6. D.y=-x

Ddp s6 trac nghiém B.
> Loi gidi tu Iugn 1: Dudng thang di qua M c6 phuong trinh: (d): y = k(x -—%) ~8.

(d) tiép xtic v6i d6 thi ham s6 khi hé sau c6 nghiém va nghiém x 13 hoanh do
tiép diém:

-8

) :

:>X4=4X3(X“—) -8 3x4-5x-8=0
4x* =k . 4

S E+1)3Bx3-8x+8x-8) =0 (x+1)(x-2)(B3x*-2x+4)=0
< x=-1lhodcx=2= A(-1; 1) va B(2; 16).
Khi d6, phuong trinh dudng thing (AB) dugc cho béi:

(AB): {quaA(~1;1> Cx+1 y-1

e AB):yv=5 6.
qua B2 16) < AB): 57 = {77 < (AB)y=5x+

> Loi gidi tu Iudn 1 két hop st dung mdy tinh CASIO fx - 570MS: Dudng thing di
qua M c6 phuong trinh:

(d): y=k(x—i~]—8.

(d) tiép xic v6i d6 thi ham s6 khi hé sau c6 nghiém va nghiém x 13 hoanh do tiép
diém:
5

x* :k(x——)—-S 5
4 ::>X4=4x3(x———)-8<::>3)é—5x3-820
3 4
4x” =k




& (x+1)(3%3 - 8x2 + 8x - 8) = 0 <> <> x = -1 hodc x = 2 béng cich an:

MoDE MoDE| MODE|[1]] >3]
d-]-8-E

- .

Khi d6, ta c6 hai tiép diém A(-1; 1) va B(2; 16) va phuong trinh dudng thing (AB)
dugc cho bai:

) qua A(-1 1) .x+1 y—
(AB): {quaB(2; 16)©(AB)' 2+1 16-1

<> (AB):y=5x+6.
» Lua chon dép 4n bing trich Iugc ty lugn: Dudng thing di qua M ¢ phuong trinh:

5
d): y=k| x-=|-8.
(d):y (x 4)
(d) tiép xtic v6i d6 thi ham s6 khi hé sau c6 nghiém va nghiém x 1a hoanh d6 tiép diém:

x4=:'k[x~—5~)—8 5
4 :>x4=4x3£x—~)—8<:>3x4—5x3-8=0
4x% =k 4

< (x+1)(3x%- 82+ 8x - 8) =0 <> x =-1 hodcx =2 => A(-1; 1) va B(2; 16).
Nhén xét ring toa d¢ cic diém A, B théa man phuong trinh dudng thing trong B.
Do dé, viéc lya chon d4p 4n B 1a ding dan.
> Loi gidi tw Iugn 2: Goi A(x; y,) 1a ti€p diém, suy ray, = X, va phuong trinh tiép

tuyén (d) tai A c6 dang:

(d):y =y (x)(x-x) +y, < (d):y=4%(x-x) + X.
Dé (d) di qua diém M diéu kién 1a: -8 = 4x; (%—xoj + X5 <>3Xg -5%5 -8=0

< x,=-lhodcx =2= A(-1;1) va B(2; 16).
Khi d6, phuong trinh dudng thing (AB) dugc cho béi:

qua A(-L 1 kel y-1 -
(AB) {quaB(Z; 16) & (AB): =15 < (AB):y=5x+6.

» Lua chon ddp 4n bang phép thii 1: Ta lan luot:

V6i dudng thing y = x trong ddp dn A, ta c6 phuong trinh hoanh d6:
x*=x<>x=0hodcx=1.

Xét tiép tuyén tai A(0; 0) ctia (C) c6 phuong trinh:
(d):y=y(0)x<(d,):y=0.
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Tiép tuyén nay khong di qua M nén dép an A bi loai.

V6i dudng thdng y = 5x + 6 trong dap 4n B, ta c6 phiong trinh hoanh do:
x'=5x + 6 = x = -1 1a mdt nghiém.

Xét ti€p tuyén tai B(-1; 1) ctia (C) c6 phuong trinh:
(d):y=y(DEx+1)+1e(d):y=-4x+1)+1<(d,): y=-4x-3.

Tiép tuyén nay di qua M (thda mén).

Do d6, viéc lua chon dap 4n B 1a dung dén.

» Lua chon ddp dn bang phép thir 2: Ta lan lugt:

Phac thao hinh vé (hinh bén) ta thdy dudng thing (AB) c6

huéng di lén, do d6 céc dép dn C va D bi loai. g

® V6i duong thang y = x trong dép 4n A, ta c6 phuong trinh B
hoanh do:

x*=x<>x=0hodcx=1. X

Xét tiép tuyén tai A(0; 0) ctia (C) ¢6 phuong trinh: ™ M
(d):y=y(0)x < (d,):y=0.

Tiép tuyén nay khong di qua M nén dap 4n A bi loai.

Do d6, viéc lua chon dap én B 1a dung dén.

Bai 46. Cho ham s6 (C): y = X+2 . S8 dudng théng di qua diém M(2; 1) va tiép xtic v6i do
. 1 ~ ¥ X -
thi ham s6 (C) bang:
A.0. B. 1. C.2. D. 3.

Dap s6 trac nghiém A.

> Loi gidi ty lugn 1: Pudng thing di qua M c6 phuong trinh:
(d):y=kx-2)+1. ‘

(d) tiép xtc v6i d6 thi ham s6 khi hé sau c6 nghiém:

X+2

—k(x=2)+1
2 L S S
4 X2 k-2 %
(x-2)*

& X+2=-4+X-2S 2= -6, mau thudn.
Viay, qua M khong ké dugc dudng thing nao tiép xic v6i d6 thi ham sé.
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> Loi gidi tu ]uan 2: Goi A(x,; y,) 1a tiép di€m, suy ra phuong trinh ti€p tuyén (d)
tai A c¢6 dang: o

():y =Y (x-%) +y,< (d:y= ?-‘4._2.(}( -x) +

i X, —2) X, —
biém Me (d) ta dugc:

x0+2.
0 0

2
1= @- x)+X°+ o %ot6

=1 < -2 = 6, miu thuan.
(x, —2)Z -2 Xy —2

Vay, qua M khong ké dugc dudng thdng nao tiép xtic véi d6 thi ham sé.

> Lua chon dép 4n bing phép dénh gié: Vi diém M chinh la tim déi xing ctia d6
thi ham s& nén qua M khong ké dugc tiép tuyén t6i d6 thi ham sé.

Do d6, viéc lya chon dép 4n A 13 ding dan.
& Chu y: V6i Hypebol (H): = iz thi:

s Néu diém M nidm trong (H) hodc M chinh 1 tim d6i xting ctia (H) sé khong ké
dugc tiép tuyén t6i (H).

Néu diém M nidm trén (H) sé ké dugc diing mét tiép tuyén t6i (H).

Néu diém M ndm & mién ngoai clia (H) sé ké dugc hai tiép tuyén ti (H).

Bai47.Cho ham s6 (C): y = -1 gq dudng thdng di qua diém M(1; -1) va ti€p xtc véi
d6 thi ham s6 (C) béang:
A.0. B. 1. C.2. D.3.

Dap s6 trac nghiém A.
> Loi gidi tu Iudn 1: Dudng thing di qua M c6 phuong trinh:
(d):y=kx-1)-1.

(d) tiép xtic v6i d6 thi ham s6 khi hé sau c6 nghiém:

Zx“llzk(x—l)q .

+ _

X3 :>2x 1 _ _(x-1)-1
=k x+1 (x+1)

(x+1)°

Sx-DE+1D)=3x-1)-x+1)P2<3x*=-3,v0 nghlem
Vay, qua M khong ké dugc dudng thing nao tiép xtic véi d6 thi ham sé.
> Loi gidi tu lugn 2: Dudng thing di qua M ¢6 phuong trinh (d): y = k(x- 1) - 1.

(d) tiép xuic vdi d6 thi ham s6 khi hé sau c6 nghiém:
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2ol -1 |2 ek -2k -1
x+1 ) X +1
=

3 _k 3 = (:}:)

x+1)? (x+ 1)’
I
S 3 D)2kl = —(2k+3)
x+1 (x+1)” X +1 6

Khi dé, phuong trinh (*) c6 dang:
Tli(zk +3)? =k <> 4k? - 2k + 9 = 0, v6 nghiém.
Vay, qua M khong ké dugc dudng thing nao tiép xic véi do thi ham sé.

» Loi gidi ty Iugn 3: Goi A(x; y,) 1a tiép diém, suy ra phuong trinh tiép tuyén (d)
tai A c6 dang:

oy Lo 3 2x, ~1
(d). Y - y (xa) (X — XO) + YO @ (d). Y - (XO + 1)2 .(X . XO) + XO +1 ’
biém Me(d), ta dugc:
3 2x, —1 ) o
T k1) AL-x)+ xo0 & 3x¢ =-3, v nghiém.

Vay, qua M khong ké dugc dudng thang nao tiép xtic v6i d6 thi ham sé.

» Lua chon ddp 4n bing phép d4nh gid: Phic thio qua d6 thi cia ham s6 (hoc sinh
ty thyc hién) va nhan thdy ring diém M thudc mién trong ctia do6 thi ham s6 nén qua
M khong ké dugc tiép tuyén tdi d6 thi ham sé.

Do d6, viéc Iita chon dép 4n A 1a dang dén.

" Nhén xét: Nhu vdy, d€ lya chon dugc ddp 4n diing cho bai toén trén thi:

Trong cdch gidi tu Iudn 1, 2, 3 chiing ta thuc hién theo hai phuong phap da biét.
Tuy nhién, cic em hoc sinh cin dic biét luu y t6i phép bién d6i dai s6 cho hé diéu kién
dugc st dung trong céch 2, boi d6 1a cdch bién déi rét hiéu qua, nhit 1a d6i v6i nhiing
bai toan chifa tham sé.

® Vi cdch Iua chon dép 4n bang phép ddnh gid, chiing ta st dung két qua trong chu
y cua (Bai 46).

Bai 48. Cho ham s6 (C): y = 3x+2 g5 duong thang di qua diém M(1; 1) va tiép xtc véi
x+4
d6 thi ham s6 (C) béng;
A.0. B. 1. C.2. D. 3.

Dap s6 trac nghiém B.

™

G
ey

pe



> Loi gidi tu Iugn 1: Dudng thing di qua M c6 phuong trinh:
(d):y=k(x-1)+ 1.

(d) tiép xtic v6i d6 thi ham s6 khi h¢ sau c6 nghiém:

3X+2 px—-1)+1
X L2 10 e
= (x-
10 _ x+4  (x+4) '
(x+4)°

SBx+2)x+4)=10x-)+Ex+4) <X -2x+1=0=x=1
Vay, qua M ké dugc mét duong thing tiép xtic v6i d6 thi ham s6.
> Loi gidi tu Iudn 2: Pudng thing di qua M c6 phuong trinh:
(d):y=k(x-1)+1.
(d) tiép xtic v6i d6 thi ham s6 khi h¢ sau c6 nghiém:

3x+2 10

;5 ~Kex=D+l 3—— =k(x+4)-5k+1
- x+4
10
7= 0 = )
(x+4) (x +4)
10 10 1 1
- = - -———~=—-5k+2
=3 — (X+4)2.(x+4) 5k+1<:>X+4 20( ).

Khi dé, phuong trinh (*) c6 dang:

1
LK+ —k 250 20k + 4=0 k= _i-

Vay, qua M ké dugc mét duong théng tiép xtc véi d6 thi ham sé.

> Loi gidi tu ludn 3: Goi A(x,; y,) 12 ti€p diém, suy ra phuong trinh tiép tuyén (d)
tai A c6 dang:

(d:y=y' &x-x)+y, < @):y=

10 _(x-x)+ 3X0+2.
(X, +4) X, +4
Piém Me(d), ta dugc:

10

1= _—___7'(1 "X0)+ 3x,+2
(x, +4) X, +4

& xp-2%,+1=0 &x =1

Vay, qua M ké dugc mot dudng thing tiép xtic v6i d6 thi ham s6.

» Lua chon ddp 4n béng phép danh gid: Nhén thdy ring diém M thudc do thi ham
s6 nén qua M ké dugc ding mot tiép tuyén t6i d6 thi ham so.

Do d6, viéc lua chon dép 4n B 1a dung dan.

™~
154
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Bai 49. Cho ham s6 (C):y = X—l_—l— S6 duong théng di qua diém M(0; 4) va tiép xic véi dé
thi ham s6 (C) bang:
A.0. B. 1. C.2. D. 3.
Dap s6 trac nghiém C.
» Loi gidi ty Iudn 1: Dudng thing di qua M ¢ phuong trinh: (d): y = kx + 4.

(d) tiép xuic voi d6 thi ham s6 khi hé sau ¢ nghiém:

=kx+4
1
- - =
_ 1 - x—1
(x-1)

¢:>x—1=—x+4(x—1)2<:>4x2—10x+5=0<:>x1,2= 5i4‘/§.

Vay, qua M ké dugc hai duong thing tiép xtic v6i d6 thi ham sé.

X— 1

C(x-1y

X+4

> Loi gidi ty ludn 2: Dudng thing di qua M ¢6 phuong trinh: (d): y =kx + 4.

(d) tiép xuc v6i d6 thi ham s6 khi hé sau ¢ nghiém:

1
=kx+4 L kx=Drk+4
x—1 x—1 ( )
1 g
-——— =k I S %
(X"l)z (X_I)Z k ( )

1 1 1
— = E-D+k+d4e — =
x—-1  (x=1) (&x-1) x—1

Khi dé, phuong trinh (*) c6 dang:

(k+4)

[N

"AII(k+4)2 =kokR+12k+16=0<k ,= -6+20.
Viy, qua M ké dugc hai duong théng tiép xtic v6i d6 thi ham sé.
> Loi gidi tuf ludn 3: Goi A(x; y,) 1a tiép diém, suy ra phuong trinh tiép tuyén (d)
tai A c6 dang:
(@) y= v, (x-x) +y, < iy = (—1— (x-x)+ -—1_7
biém Me(d), ta dugc:

1 1
4=- T X, + &> 4%5 - 10x +5=0@x};2:5i‘/§.

(%, =1 X, 1 0 4
Viy, qua M ké dugc hai dudng thing tiép xtic v6i d6 thi ham sé.




> Lya chon ddp 4n bing phép ddnh gid: Phéac thao qua d6 thi ctia ham s6 (hoc sinh
ty thuc hién) va nhén thdy ring diém M thudc mién ngoai ctia d6 thi ham s6 nén qua
M ké dugc hai ti€p tuyén t6i d6 thi ham s6.

Do do, viéc lya chon dap an Cla idt’mg dan.

B3i 50. Cho ham s6 (C):y = = i . Phuong trinh tiép tuyén ciia d6 thi ham s& i qua diém
A(-6; 5) c6 dang: B
A.y:—x~1ve‘1y=-%‘:x+%. B.yz-x-le:‘iyzx+11.
7

C,y=-2x~7_véy=—i-x+5. D.y=-2x-7vay=x+11.

bép s6 trac nghiém A.

> Loi gidi tu lugn’1: Phuong trinh tiép tuyén di qua A(-6; 5) c6 dang:
(d):y=k(x+6)+5. (1)

Duong thing (d) tiép xtic v6i d6 thi ham s6 khi hé sau c6 nghiém

4
=k 0+5 [ 4 ) askes
x—2
4 =
— 2: - 4 wk
(x-2) (x-2)
4 4
11+ 5= 2+8k+5 2 okl k=-1
X X2 =l x=—1/4
2k ey =k Y
(x-2)
Khi dé:

= Véik, = -1 thay vao (1) dugc ti€p tuyén (d):y=-=x-1

Vi k, = -1 thay vao (1) duige tiép tuyén (d,):y = X+

Vay, qua A ké dugc hai tiép tuyén (d,), (d,) tiép xtic voi d6 thi.

> Loi gidi tu lugn 2: Phuong trinh tiép tuyén di qua A(-6; 5) c6 dang;

(d):y=k(x+6)+5. *)
Dudng thing (d) tiép xtic v6i d6 thi ham s6 khi hé sau c6 nghiém
X*z —k(x+6)+5
X —
4 x+2 (x+6)+5

_ —k x—2  (x=27°
(x-2y
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S (X+2)(x-2)=-4(x+6)+5(x-2) < 4x-24x=0=x2-6x=0
< x=0hodcx=6.

Khi do:

® V6ix =0, ta dugc k = -1 va thay vao (1) dugc ti€p tuyén (d ): y = -x - 1.

. . 1
= VGix =6, ta dugc k = % va thay vao (1) dugc tiép tuyén (d):y= —Zx+ %

Vay, qua A ké dugc hai ti€p tuyén (d,), (d,) tiép xuc véi d6 thi.

» Loi giai ty' ludn 3: Gid st tiép diém la M(x,, y,), khi d6 phuong trinh tiép tuyén
c6 dang:

(d):y= Y’(XO)(X -X,) Y,

-4 Xy +2
< (d):y= (x - 0., 2
(d):y - (x-x)+ 2 (2)
biém Ae(d), ta dugc:
_ *4 X0+2 2 _ x0=
5= o27 (-6-x) + - & X -6x, =0 Lo=6
Khi do:

V6ix, =0 thay vao (2) ta dugc tiép tuyén (d,): y = x - 1.

" Vi x, = 6 thay vao (2) ta dugc ti€p tuyén (d,): y = -i—x + % .

Vay, qua A ké dugc hai ti€p tuyén (d,), (d,) tiép xtic v6i do thi.

» Lua chon dép dn bing phép thit: Ta l4n lugt danh gia:

® V6i dudng thdng y = -x - 1 cho trong lya chon A (né di qua diém A(-6; 5)), ta c6

phuong trinh hoanh d¢ giao diém:

x+2
x—2

Ticla, dudng thing y = -x - 1 12 mot tiép tuyén thod man, suy ra cac dp 4n Cva D
bi loai.

=-x - 1 = x? = 0 ¢6 nghiém kép.

Vé6i dudng thing y =x + 11 cho trong lua chon B (n6 di qua diém A(-6; 5)), ta co
phuong trinh hoanh d¢ giao diém:

X+2
5 =x+11 = X’ - 8x + 24 = 0 khong c6 nghiém kép.

X p—
Ttc 13, duong thang y = x + 11 khong 12 tiép tuyén, suy ra dap an B bi loai.
Do dé, viéc lya chon dap én A 1a ding dén.




» Lua chon ddp 4n bing phép tht két hop tu Iudn: Ta lan lugt ddnh gia:

Paoham:y’ =- —— <0, v6i moix.
(x-2)
Ttic 13, moi tiép tuyén ciia (C) déu c6 hé s6 gbc nho hon 0, suy ra cic dép 4n B va
D bi loai.

Véi duong thing y = -x - 1 cho trong lya chon A (n6 di qua diém A), ta c6 phuong
trinh hoanh d giao diém:
X+2

5 = %" 1 = x* = 0 c6 nghiém kép.
X_—

Ttic 13, duong thing y = -x - 1 1a mdt tiép tuyén thod mén, suy ra dap an C bi loai.
Do d6, viéc lua chon dap 4n A la ding dan.




- HAM SO LOY THUA,
HAM SO MU VA HAM SO LOGARIT

CAC PHUONG PHAP GlAI BAI TAP TRAC NGHIEM
HAM SO M0 VA HAM SO LOGARIT

L KIEN THUC €O BAN

5
1. Ham sé mi

Djnh nghia 1: Him s6 mii co s6 a (0 < a # 1) Ia ham s6 xdc dinh béi cong thiic

y=a%
Dao ham ctia ham s6 mit: Ta ghi nhan cac két qua sau:
X
a lim &1 =1,
x>0 X

b. V6imoi x € R, ta co: (¢¥)’ = e* va (a*) = a*.Ina.
¢. Néu u = u(x) [a ham s6 c6 dao ham trén J thi véi moix € J, ta c6 (e*) = wle"
va (a%) = vaIna.
Xétham sé y = a*, 0 < a # 1, ta c6 cdc tinh chat sau:
1. Lién tuc trén R.
2. Sy bién thién: Ham s6 don diéu v6i moi x.
sVia>1thi a" > a" & X, > X,, ttic 1a ham s6 dong bién.
V6i0 <a<1thia" >a" & x <x, ticla ham s6 nghich bién.
3. D6 thi ctia ham s6 ¢6 2 dang va:
= Ludn cit truc Oy tai A(0; 1).
= Ndm 6 phia trén truc hoanh.

Nhan truc hoanh lam tiém cin ngang.
L 2 'Ham sé Logarit

Dinh ngbia 2: Ham s6 logarit co' s6 a (0 < a # 1) Ia ham s6 xdc dinh béi cong thic:
y =log x.

Qs




'CAC PHUONG PHAP

Pao ham ctia ham sé mi: Ta ghi nhan cac két qua saw:

a. lim DG+ _ g
x—0 X

b. Véi moi x € (0; +00), ta c6: (Inx)’ = 1 va (log x)" = b
X 2 x.Ina

¢. Néu u = u(x) 1 ham s6 c6 dao ham trén J thi v6i moi x € J, ta co:

,_u' ,__u
(Inu) = ova (log,u) TR

Xét ham s6'y = log x, v6i 0 < a # 1, ta c6 cdc tinh chit sau:

1. Ham s6 lién tuc trén D = (0, + o) va tip gid tril = R.

2. Su bién thién: Ham s6 don diéu v6i moi x.

= V6ia > 1 thilog x, > log x, < x, > x,, ttic1a ham s6 dong bién.

= V6i 0 < a < 1 thilog x, > log x, < x, <x,, tiic 1a ham s6 nghich bién.
3. D6 thi clia ham s6 ¢6 2 dang va:

Lu6n cat truc Oy tai A(1; 0).

= Nim & bén phai truc tung.

Nhén tryc tung lam tiém cén ding.

Dinh nghia 3: Him s6 Iy thiia Ia ham s6 x4c dinh béi cong thiicy = x*, v6ia Ia hang
so tuy y.

Pao ham ctia ham s6 mii: Ta ghi nhan cac két qud sau:

a. Ham s6 y = x* c6 c6 dao ham tai moi difm x> 0va: (x*) =ax*" L.

b. Néu u = u(x) 12 ham s6 c6 dao ham va u(x) > 0 trén J thi:

(¥ =aww* L, véimoix € J.

Chu ¥:

1. V6in 1a s nguyén tiy ¥, ta ¢6 (x*)’ = n.x""! v6i moi x # 0; va néu u = u(x) la ham
$6 c6 dao ham va u(x) # 0 trén J thi (u*)’ = n.wlu” ', v6imoix € J.

7 1 7,0 . 1 7, . e 2
2. Ta co: (Q/—)Z)’= —;\/ﬁ,vdlmolx>Onéunchan,vo’lmc_nxatoneunle.
nvx

3. Néu u = u(x) 12 him s6 ¢6 dao ham trén J va théa mén diéu kién u(x) > 0 v6i moi x

thuoc J khi n chin, u(x) # 0 v6i moi x thudc J khi n 1é thi:

e L
=




BAI TAP TRAC NGHIEM MON TOAN - KI THI THPT

L CAC PHUGNG PHAP GIAI BAI TAP TRAC NGHIEM

&

Bai1.Cho ham s6 y = (x - 1)**!. Tap x4c dinh ctia ham s6 la:

A. R\{2}, B. (1; +00)\{2}. C. [1; +0)\{2}. D. R\{1}.
Dap s6 trac nghiém B.

» Loigidi ty lugn:Pi€ukiénla: 0<x-1# 1 1 <x#2.

Vay, tap xdc dinh ctia ham s6 1a (1; +00)\{2}.

Bai2.Cho ham s6 y = In(x* - x + 1). Tap x4c dinh ctia ham s6 la:

A R, B. [0; +00). C. [1; +o0). D. (-00; 0).
Dap s6 trac nghiém A. ,
> Loi gidi tu lugn: Diéu kiénla: ¥* -x+1>0 & (x —é—] +§: > 0, luén dung.
Vay, tap xac dinh cia hAm s61a R .
> Lua chon ddp 4n bing phép thit: Ta lan lugt ddnh gié:
= Xudt phat tit dap 4n B, ta thay x = 0 vio ham s& dugc:
y =1nl =0, ttic 1a ham s6 x4c dinh tai x = 0.
Do d6, cdc dap an C va D bi loai. T6i day ta chi con phai lya chon A va B.
Lay mot diém thudc A nhung khong thudc B, cu thé x = -1, ta dugc:
y=1In(1 + 1+ 1) =1n3, tiic 1d ham s6 xac dinh tai x = -1.
Do d6, viéc lya chon dap én A 1 ding dan.

> Lya chon ddp dn biang phép thit véi mdy tinh CASIO fx - 570MS, bing cach thuc

hién theo thi tu:

= Nhap ham s6 y In(x?-x + 1) ta 4n:

= Khi d6, ta lan lugt véi céc gid tri x = 0, x = -1 béng c4ch 4n:

o | [ 9
-1E 1.098

= ham s6 xdc dinh taix=0vax =-1.

Do dé, viéc Iya chon dép dn A la ding dén.




& Nhén xét: Nhu vdy, d€ lua chon dugc dap 4n dung cho bai todn trén thi:

= Trong cdch gidi tu Iudn, ching ta thiét 1ap diéu kién c6 nghia cho bi€u thic trong
ham logarit. V4 & d6, viéc gidi mot bt phuong trinh bac hai dugc thyc hién bang phép
danh gia.

a Trong cdch Iuia chon d4p 4n béng phép tht, ching ta dinh huéng tif noi dung bon
dap 4n A, B, C, D, cu thé ta chon xudt phét diém la x = 0 hodcx = 1.

Khi chon x = 0 d€ thay vao ham s, ta cé:

- Néu x = 0 thudc tap x4c dinh thi cdc dép an C va D bi loai, do d6 chi con phai lua
chon giita A va B. T6i d4y, ching ta thi ti€p mot phén ti x, thudc A\B (cu thé ta chon
x, = -1). Khi d6, néux; thudc tap xdc dinh thi ddp 4n A 13 dtng, trdilai dép an B 14 dung.

- Néu x = 0 khong thudc tap xac dinh thi cdc dép dn A va B bi loai, do d6 chi con
phii Iya chon gitia C va D. Téi day, chiing ta thii ti€p véix = 1. Néu 1 thudc tap xac dinh
thi dap 4n C 14 diing, trdi lai dép an D la dung.

® Cich Iua chon ddp 4n bing phép thi véi mdy tinh CASIO fx-570MS sé giup ching
ta giam thiéu dugc thdi giam tinh toan. Cac em hoc sinh cén lvu y cdch khai bdo ham
s0 logarit.

ex+1 —e

Bai 3. Gidi han lin(l)
x—> X
A. 3e. B. -e. C.e. D. 3e.

Dbép s6 triac nghiém C.

bang:

» Loi gidi tu ludn: Ta bién d6i:

x+1 X X
. e —e . oe(e—1 . e -1
lim = llm—_——( ) = e.lim
x—0 X x—=0 X x—0 X

» Lua chon dép 4n bing phép thii két hop sii dung mdy tinh CASIO fx - 570MS:
bang cach thyc hién theo thi ty:

= e, ing v6i dap 4n C.

ex+1 —e .
ta an:

Nhép

= Khi do, talan lugt véicacgid trix=1vax = % bang cach 4n:
card1E 4.6707
CALd 1 i s B 2.8954

Do d6, viéc lya chon dép 4n B 1a ding dan.
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" Nhén xét: Nhu vay, d€ Iya chon dugc dép 4n ding cho bai toan trén thi:

® Trong cdch gidi tu Iudn, chiing ta cin st dung phép bién d6i dai s§ (dit nhan ti
chung) dé¢ lam xut hién gi6i han co ban ctia ham s6 ma.

® Trong cdch Iua chon ddp dn bang phép thii st dung mdy tinh CASIO fx-570MS,
chting ta thyc hién phép dy doan gia tri gi6i han lim £(x) béng céch thuc hién theo hai buéc:

Budc 1: Nhap ham s6 f(ﬁx) vao may tinh.

Budc 2: Stt dung ham CALC dé tinh:

- Gid tri ctia f(x) néu ham s6 xac dinh tai diém X,

- Cdc gia trj ctia f(x) v6i cho x xung quanh gid trj cia x, néu ham s8 khéng x4c dinh

tai diém x .

e3x _ er .
Bai 4. Gidi han lim & bing:
x—0 X

A. 0. B. 1. C. 2. D. 3.

Dap s6 trac nghiém B.

» Loi gidi ty Iuan: Ta bién déi:

3x 2X 3% 1 a2 3x x
lim e -¢ = llmw — hm 3(6 1) _ llm 2(6 1)
x—0 X x—=0 X X0 3X 0 2X

> Lua chon ddp dn bing phép thtt két hop sti dung mdy tinh CASIO fx - 570MS:
Hoc sinh tu thyc hién tuong tu Bai 3.
2x
Bai 5. Gidi han lim &1
x>0 ginx

A.0. B. 1. C. 2. D. 3.

Dap s6 trac nghiém C.

=3-2=1.

bang:

» Loi gidi ty Iudn: Ta bién déi:
2x
e _1 2x 2x
imS— = & L X 2D X o0
x=0 s x =0 x  sinx x>0 2x x-0 gin X

» Lua chon ddp 4n bing phép thit két hop st dung mdy tinh CASIO fx — 570MS:
Hoc sinh tu thuc hién tuong tu Bai 3.

Bai 6. Gi6i han 1im "0+2%) ping.
x=0 . . 3x
A.0. B. L.
2
Dap s6 trac nghiém C.




> Loi gidi ty luan: Ta bién doi:

lim In(1 + 2x) _ -z—lim In(1+2x) _ 2

x—0 3x 3 x—=0 2x

» Lua chon ddp 4n bing phép thit két hop sit dung mdy tinh CASIO fx - 570MS:
Hoc sinh ty thuc hién tuong tu Bdi 3.

W |

Bai 7. Gi6i han hm—l;(-l—;% bing:
A. 0. B.1. C.2. D. 3.

Dap s6 trac nghiém B.

> Loi gidi tu Iuan: Ta bién d6i: E
e -1 . et -1 X *—1

. e X
im——— = lim——.———— = lim lim —11=
x—0 h’l(l—f— X) xlj;% X m(l"“X) -0 X X0 ln(l+X) 1.]. 1.

Bai 8. Gidihan lim In(1+3x) bang:

x>0  g§in2x
A.O. B. L. c 2 D. 3.
2 3 2
DPép s6 trac nghiém D.
> Loi gidi ty lugn: Ta bién d6i:
lim ln(.l +3%) _ lim In(1+3x) — X m 3In(1+ 3x) lim 2x _3_ .
x>0 gin2x x>0 X sin2x  x—0 3x 50 2sin2x | 2

B3i 9. Cho ham s f(x) = (x - 1)In*x. Ta ¢4 £(1) bang:

A.0. B. 1. C.2. D. 3.
Ddp s6 trac nghiém A.
> Loi gidi tu lugn: Ta c6: £(x) = [(x - DIn%k] = In’x + (x=Dlnx

— £(1) =121 + LZDIL g

> Lua chon ddp 4n béng viéc stt dung mdy tinh CASIO fx - 570MS, bing cach thuic

hién theo thi ty:
a8 ‘)
. 9

MODE[1
BfﬂFljld/cbdllALPHPJ@Ellll

Vay, ta dugc £°(1) = 0.

Do d6, viéc Ia chon d4p 4n A 13 ding dén.

)
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@ Nhén xét: Nhu vay, dé lya chon dugc dép 4n diing cho bai toan trén thi:

® Trong cdch gidi tu ludn, ching ta thuc hién theo hai budc:

Budc I: Tinh dao ham ctia ham sé.

Budc 2: Tinh gié tri ctia dao ham tai diém X,-

® Trong cdch gidi bang mdy tinh CASIO fx-570MS, chuing ta thuc hién theo hai budc:
Budc 1: Thiét lap moi trudng cho méy tinh (thudng cé thé bé qua).

Budc 2: Khai bdo ham s6 va diém can tinh dao ham.

Bai 10. Cho ham s6 f(x) = (In2) bing:
AL B2, c.2 16
4 9 16 25:
Dap s6 trac nghiém B.
» Loi giai tu ludn: Ta c6:
, el +h)—e'(e -1  2¢ ey 2e‘“2 _ 4
f (X) - (ex + 1)2 - (ex + 1)2 = f (lnz) - ln2 + 1)2 - 9 .

> Lua chon dap an bang viéc stt dung mdy tinh CASIO fx 570MS, bang cach 4n:

Vay, ta dugc f’(In2) =

Do do, viéc lya chon dép 4n B 1a diing dén.

Bai 11. Dao ham clia ham s6 y = x.Inx bing:
A.lnx. B.Inx + 1. C.lnx + 2. D.Inx + x.
bap s6 trac nghiém B.

> Loi gidi ty' ludn: Ta cé: y = Inx + x X =Inx+1.

X
Bai 12. Pao ham ctia ham s6 y = M+ D by
A X-(x+DIn(x+1) X Bl
X(x+1) x(x+1)
C._ln(x+1). D. 1n(x+1).

XZ

Dap s6 trac nghiém A.

X




——)—(——u—ln(x +1)

> Loi gidi ty lugn: Ta co:y' = x+1 - - x—(x:l)ln(x+1)
X X“(x+1)
> Luia chon ddp 4n bing phép tht két hop tu Iudn: Viét lai ham s6 dui6i dang:

=1 Inx+1)
X

Ta 14n lugt danh gid v6i dang ham s6 y = uv:

Dép 4n D bi loai b&i v6i dang ham nay khong thé coy’ =y.

= P4p 4n C bi loai béi no 1a dang w’v.

D4p an B bi loai boi né la dang viu.

Do d6, viéc lya chon dép 4n A 1a dung dan.

» Lua chon ddp 4n bang phép thii: Ta 14n lugt danh gia:

= V0’1 ham s6 dangy = — ta ludn c6 dao ham v6i mau s6 binh phuong (cu thé
y = ) thi ching ta loai trit ngay dugc cac dap an Bva D.

= le ham s6 dang y = uv thi ching ta loai trif ngay digc dap an C bdl né ladang uw'v.

Do d6, viéc lya chon dép 4n A 13 dung dan.
Bai 13. Ham s6 ndo sau d4y 13 ham s6 dong bién trén R?

A.y = log,(x+1) B.y = log, (X +1)

C.y= log;(x +1) D.y= log;(x2 +1)

bap s6 tr:“izc nghiém B. e

» Loi gidi tu ludn: Ta lan lugt:

V6ihamsoy = log, (x +1) x4c dinh trén D = (-1; +o0) nén khong thod man, do d6
dap an A bi loai. °

Véiham s6 y = log, (x* +1) x4c dinh trén R va c6:

a=§~> 1 = Ham s§ dong bién trén R.
Do d6, d4p 4n B la ding, t6i day ching ta diing lai.
> Lua chon ddp dn bang phép thir 1: Ta lan lugt danh gia:

Trudc tién, ham s& d6ng bién trén R thi phai xac dinh trén R. Do dé, cac dap 4n
A va Cbi loai. T6i day ta chi con phai Iya chon B va D.

) »N r e e d ~
@ Vi ham s6 cho trong Bcda = 5 >1,suyra théa man.

Do d6, viéc lua chon dap 4n B 1a dung dén.

~,

66)

o

S
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» Lua chon ddp 4n bang phép thit 2: Ta 1an lugt danh gia:

= Trudc tién, ham s6 y = log f(x) dong bién khia > 1. Do d6, cdc ddp an A va D
bi loai. T6i déy ta chi con phai lya chon B va C.

= Vi ham s6 cho trong C khong xac dinh trén R, suy ra dap an C khong thoa man.

Do do, viéc lua chon dép an B la ding dan.

% Nhan xét: Nhu véy, d€ lua chon dugc dap an ding cho bai toan trén thi:

= Trong cdch gidi tu ludn, ching ta 14n lugt thit cho cac ham s6 bang viéc thuyc hién
theo hai buéc:

Budc 1: Chi ra tép xdc dinh ctia ham sé.
Buéc 2: Danh gia co s6 a d€ xét tinh déng bién ctia né trén R.

T6i ham s6 trong B, ching ta thdy thda man nén diing lai & d6. Trong trudng hop
trai lai ching ta sé tiép tuc véi C.

= Trong cdch Iuia chon ddp dn bang phép thir 1, chiing ta loai trii ddn bang viéc thuc
hién theo hai budc:

Buéc 1: St dyng diéu kién cin d€ ham s6 don diéu trén D la phai xac dinh trén D,
chiing ta loai bo dugc cac ddp an A va C bdi cac ham sd nay déu khong xac dinh trén R.
Budc 2: Danh gia co s6, d€loai bo duge dap an D.

= Trong cach Iua chon dédp 4n bang phép thi 2, chﬁng ta Jam nguogc lai so v6i phép
thu 1.

Bai14.Ham s6 y = x.¢e* &Sng bién trén cac khoang:
A. (-o0; 1]. B. [-1; +00).
C.[-1;1]. D. (-o0; -1] va [1; +00).
bap s6 trac nghiém B.
» Loi gidi tu lugn: Ta 1an lugt co:
= TapxdcdinhD = R,
= Dao ham: y’ = e* + x.* = (1 + x)e~.
= Ham s6 dong bién khi: Y20 (1+x)e 20 1 +x20< x> -1.
Viy, ham s6 dong bién trén khoang [-1; +o0).
> Lua chon ddp 4n bing phép thii: Ta lan lugt ddnh gia:
y(2) =2e*vay(l) =e = y(2) > y(1)




=> trén doan [1; 2] ham s6 d6ng bién = Cac dép an A va C bi loai.
y(O) =0=y(0) <y(1)
= trén doan [0; 1] ham s6 dong bién.

Do dé, viéc lya chon dép 4n B 13 ding dan.

Bai 15. Cho ham s6 y = x - 2Inx. Ham s c6:

A. Mot cuc dai va mot cuc tiéu. B. Mot cuc dai.
C. Mot cuc tiéu. D. Khong c6 cuc tri.

Pap s6 trac nghiém C.
» Loi gidi tu lugn 1: Ta lan lugt c6:
Mién x4c dinh D = (0; +00).

m1—)2_10he‘1m:y’=1--?1, y=0&x=2.
X
Bang bién thién:
X | -0 0 2 +00
y 7 - 0 +
+00 +00
2-2In2

Vay, ham s6 c6 mot cuc ti€u.

» Loi gidi tu ludn 2: Ta 1an lugt cé:
Mién x4c dinh D = (0; +00).

8 Paoham:y' =1 - —)‘?‘(—,y’:O<:>x:2.

» 2 » 1 Y ~ w4 .
= ;—5:>y (2)= ) > 0 = Ham s6 dat cuc ti€u tai x = 2.

Vay, ham s6 c6 mot cuc tiéu.

Bai tap tuong tu: Cho ham sy = xe’**. Ham s0 ¢6:

A. Mot cuc dai va mot cuc tiéu. B. Mot cuc dai.
C. Mbt cuc tiéu. D. Khéng c6 cyc tri.

bap s6 trac nghiém B.

Dé nghi hoc sinh thuc hién theo 2 cach nhu trong Bai 15.
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. SRS s

CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
PHUONG TRINH MO VA PHUONG TRINH LOGARIT

L KIEN THU'C CO BAN

B
Lugc d6 dé giai tu luén cdc phuong trinh m va logarit ¢6 thé dugc minh hoa so bo
theo cac budc:

Budc I: Dit diéu kién c6 nghia cho phuong trinh.

Budc 2: Lya chon phuong phap thuc hién:

Phuong phép I: Bién d6i tuong duong.

Phuong phdp 2: Logarit hod va dua vé cling co sé.

Phuong phdp 3: Dat &n phuy, c6 4 dang dit 4n phu:

a. St dung 1 an phy d€ chuyén phuong trinh ban ddu thanh mét phuong trinh véi
mot an phu.

b. Sti dung 1 4n phu chuyén phuong trinh ban d4du thanh 1 phuong trinh véi
mot 4n phy nhung cac hé s6 van con chia x.

¢. Stt dung k &n phu chuyén phuong trinh ban d4u thanh hé phuong trinh v6i k 4n phy.

d. Stt dung 1 dn phu chuyén phuong trinh ban ddu thanh hé phuong trinh véi 1 4n
phuvalénx.

Phuong phdp 4: Ham s6, bao gom:

a. St dyng tinh lién tuc ctia ham sé.

b. Stt dung tinh don diéu ctia ham sé.

c. St dung gia tri 16n nhét va nhé nhat ctia ham s6.

d. St dung dinh ly Lagrange.

e. S dung dinh ly Ron.

Phuong phdp 5: D6 thi.

Phuong phdp 6: Diéu kién can va dt.

Phuong phdp 7: Danh gid.

Chu ¥

1. Trong truong hop sit dung phuong phap bién d6i tuong duong, ching ta cé thé
bé qua budc 1 d€ giam thiéu d6 phuc tap.

(s



2.Néu Iya chon phuong phép dat an phu thi:

a. Vi phuong trinh khong chiia tham s6 c6 thé chi cén thiét 1ap diéu kién hep cho

4n phu.

kién

Bai 1.

b. V6i phuong trinh chtia tham s8 phai di tim diéu ki¢n diing cho an phu.

Thi dunéu ditt= 2" thi:

a. V6i phuong trinh khong chiia tham s6 c6 thé chi can diéu kién t > 0.

b. V6i phuong trinh chita tham s6 phéi cdn diéu kién t> 1.

Tuy nhién, trong moi trudng hop, 16i khuyén cho cic em hoc sinh 1a hay chi ra diéu
dung cho 4n phu.

)> CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

Néu In(Inx) = 1 thi x bing:

AL "B.e C. e°. D.e.
c

bap s6 trac nghiém B.
> Loi gidi tu lugn: Bién d6i tuong duong phuong trinh vé dang: Inx =e & x = €.
Vay, phuong trinh c6 nghiém x = .
> Lua chon dép 4n bing phép thir: Ta 1an lugt danh gia:
8 Vix= —:; thay vao phuong trinh ta thay:
In [lﬂ '};J =1 < In(-1) = 1, m4u thuin = Dép 4n A bj loai.
® Vi x = e° thay vao phuong trinh, ta théy: In(Ine?) = 1 <> Ine = 1, thod méan.
Do dé, viéc Iia chon dap 4n B 1a diing dan.
> Lua chon ddp 4n bing phép thit két hop sit dung mdy tinh CASIO fx - 570MS:

bang céch thuc hién theo thi ty:

170)

= Nhap In(Inx) ta 4n:

3 7 A I8 r 7 . 1 1 N
® Khi d6, talan lugt véi cac gid trix = — vax=e%
€

1 R ALPHA[ |
Suy ra, dap an A bj loai.
ICALGALPHA|[e | [ [ALPHA| [ |




~ BAITAPTRACNGHIEM MON TOAN - KI THITHPT

Suy ra, gid tri x = e* thod man.

Do do, viéc Iua chon dép 4n B 1a dung dn.

# Nhan xét: Nhu véy, d€ lua chon dugc dap 4n dung cho bai todn trén thi:

= Trong cdch gidi tu ludn, chung ta stt dung phuong phdp bién déi tuong duong dé
giai, cu thé: ‘

log f(x)= b <> {

O<a=l
f(x)=a®"’

= Trong cdch Iua chon ddp dn bang phép thi, chung ta lan lugt v6i cac gia tri tif tréi
qua phdi d€ xem né c6 phai 1a nghiém ctia phuong trinh hay khong?

@ Cdch Iua chon dip 4n bing phép thit véi mdy tinh CASIO fx-570MS sé gitip
chiing ta giam thiéu dugc thoi gian tinh toéan.
Bai 2. Phuong trinh 2° "2 =1 ¢¢ tap nghiém la:

A.{2;3}. B. {1;2}. C.{-6;-1}. D. {6; 1}.

Dap s6 trac nghiém B.

» Loi gidi tu lugn: Bién d6i phuong trinh vé dang:

2V = x2-3x+2=0x=1hojcx=2.

Véy, phuong trinh c6 tap nghiém 1a T = {1; 2}.
» Lua chon ddp dn bing phép thit I (t trai qua phai): Ta lan lugt danh gi4:
= V6i x = 2 thay vao phuong trinh ta thdy:

27 =1 ¢ 2°= 1, ddng = Cac d4p 4n C va D bj loai.
= V6i x = 3 thay vao phuong trinh ta thay:

99-9+2

= 1< 4 =1, miu thudn = Ddép 4n A bj loai.

Do d6, viéc lya chon dép 4n B 1a dung dan.
» Lua chon ddp 4n bing phép thit 2 (tit phai qua trai): Ta l4n lugt danh gia:
® V6i x = 1 thay vao phuong trinh ta thdy:

27" =1 2°=1, dling = Céc dap 4n A va C biloai.
® V6i x = 6 thay vao phuong trinh ta thdy:

p¥%-182

=1< 2% =1, miu thuin = Dép 4n D bi loai.

Do d6, viéc Iua chon dép 4n B 1a dung dan.




> Lua chon dép 4n bing phép thit két hgp sit dung mdy tinh CASIO fx - 570MS:
bang cach thuyc hién theo thu ty:

s Nhap 2° " ta 4n:
2 <] E (] 6 2
Khi d6, talan lugt véicac gid trix =2,x=3:
‘ -
= Céc ddp an C va D bi loai.
] - | [ 4

= Pdp an A bi loai.

Do d6, viéc Ija chon dap 4n B 1a dung dén.
% Nhan xét: Nhu vy, dé lua chon dugc dép dn ding cho bai todn trén thi:

= Trong cdch gidi tu lun, chiing ta sti dung phuong phdp bién déi tuong duong
dé gidi, cu thé:
a=1

aft) = g8 & | [0<a# 1 hoic {
{f ©=gx)
a Trong cdch Iua chon ddp 4n bing phép thit 1, chiing ta Iya chon viéc bét ddu v6i
x = 2 béi d6 1 gié tri chi c6 trong A va B. Va & déy, vi gid tri x = 2 thod mén nén ching
ta khing dinh cac d4p 4n C va D sai. Tiép theo, chung ta tién hanh thi véix = 3 va vi
n6 khong théa man nén suy ra dap 4n A 12 sai. Tl d6, khing dinh viéc Iya chon ddp
4n B la dung dan.

a>0
(a-DIf(x)-gx)]=0

Bai 3. Phuong trinh (3 - 22 =3+ 22 ¢6 tap nghiém la:
AT={1}. B.T = {é—} C.T= {—-%} D.T={1}.
Dap s6 trac nghiém C.
» Loi gidi ty ludn: Bién ddi phuong trinh vé dang:

) w_ B+202)3-242) _ 1 _ o 4
(3-242)%= s 50 2\2)

1
<:>3X:-1<:>x=——3«.

1
Vay, phuong trinh c6 tip nghiém1a T = {—5} .




» Lua chon ddp dn bang phép thi I (ti trai qua phai): Ta lan lugt danh gié:
= Vi x = 1 thay vao phuong trinh ta théy:
(3- 2\/5)3 =3+22 & 242 = 0, mau thuan = Dép an A bj loai.
m Véix = % thay vao phuong trinh ta thdy:
(3- 2¥2)' =3+ 22 < 442 =0, mau thudn = Dép 4n B bi loai.
8 Véix = —é— thay vao phuong trinh ta thdy:
(3-2v2)'=3+2V2 < 1=(3+ 2v2)(3 - 242), thod man.
Do do, viéc lya chon ddp én C la ding dén.
> Lua chon ddp dn bang phép thii 2 (tit phai qua trdi): Ta l4n lugt ddnh gié:
V6i x = -1 thay vao phuong trinh ta théy:
(3 - 2\/5)‘3 =3+2V2 & 17- 122 = 0, méu thudn = Dap an D bi loai.
s Véix = —% thay vao phuong trinh ta thdy:
(3-2v2)1=3+2V2 & 1= (3 + 242)(3 - 242 ), thoa man.
Do do, viéc lya chon dép 4n Cla diing dén.
» Lua chon dédp 4n bang phép thit két hop sit dung mdy tinh CASIO fx - 570MS,

bang cach thyc hién theo thd ty:

= Nhép (3 - 2f)3x 3.242 taﬁin

(K1 B3 VB - [ RINee 5332 Bl 2

1
EKhl(io,talanhioitvmcacglatrlx—1 X= 7 vax=-3:
cALq: &
Suy ra, dap an A bi loai.
lcALd: s @

Suy ra, dap an B bi loai.

I
Do d6, viéc lya chon dép 4n C 13 dting dén.
Bai 4. Phuong trinh 3%.2**! = 72 ¢4 tap nghlem la:
A. T ={0}. B.T={1}. C.T=1{2}L D.T ={3}.

Dap s6 trac nghiém C.




> Loi gidi tu ludn: Bién d6i phuong trinh vé dang:
3220=722.32)=726=36= 62 &Sx=2.
Vay, phuong trinh c6 tap nghiém 1a T = {2}.

> Luia chon ddp 4n bing phép thit 1 (i tréi qua phai): Ta ldn lugt ddnh gié:'
Véi x = 0, thay vao phuong trinh ta théy:
3001 = 72 &> 2 = 72, mau thuin = Dép an A bi loai.
Véi x = 1, thay vao phuong trinh ta théy:
3.22 =72 <> 12 = 72, mau thuin = Dép an B bi loai.
m Véix = 2, thay vio phuong trinh ta thdy: 32.2° = 72 <> 72 = 72, thod mén.
Do do, Viéé lya chon déap an Cla ding dan.
» Lua chon ddp 4n béng phép thii 2 (tif phai qua trédi): Ta lan lugt ddnh gid:
Véi x = 3 thay vao phuong trinh ta théy:
3%.2¢ =72 & 128 = 72, méu thuin = Dép an D bi loai.
V6i x = 2 thay vao phuong trinh ta thdy: 32.2° = 72 <> 72 = 72, thod man.
Do d6, viéc lya chon dép 4n C 1a ding dan.
> Lua chon dép 4n bing phép thit két hop st dung mdy tinh CASIO fx — 570MS:
bing cach thyc hién theo thi ty:
s Nhap 3*.2**! ta 4n:
= Khi d6, talan lugt véicacgiatrix=0,x=1vax=2:
EaLdo
Suy ra, dap an A bi loai.
g -
Suy ra, dap 4n B bi loai.

caLd2 @

Do d6, viéc lua chon dap én C 1a dung dén.

—_

Bai 5. Phuong trinh 3**! + 3*+2 4 3*+3 =955+ 5**1 + 5¥*2 ¢4 tp nghiém la:

A.T=1{1}. B. T = {0}. C.T={1} D. T ={-2}.

Dbap s6 trac nghiém B.
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» Loi gidi tu Iudn: Bién d6i phuong trinh vé dang:
3.3+ 9.3+ 27.3* = 9.5 + 5.5 + 25.5 <> 39.3* = 39.5 <> 3 = 5* <> x = 0.
Vay, phuong trinh c6 tap nghiém 1a T = {0}.
» Lua chon ddp 4n bing phép thit I (1 trai qua phai): Ta lan lugt danh gia:
® VGi x = 1 thay vao phuong trinh ta théy:
9+27+729 =45+ 25 + 125 < 765 = 195, mau thuin
= Dap an A bi loai.
® VGi x = 0 thay vao phuong trinh ta thdy:
3+9+27=9+5+25< 39 =39, thod man.
Do dé, viéc Iua chon dap 4n B 1a dting dén.
> Lua chon ddp 4n bang phép thii 2 (i phai qua trai) - Hoc sinh ty thuc hién.
» Lua chon ddp 4n biang phép thit két hop sti dung mdy tinh CASIO fx — 570MS -
Hoc sinh tu thuc hién.
Bai 6. Phuong trinh 0,125.4% 3 = (44/2)* ¢6 tap nghiém 1a:
A. T ={0}. B. T = {2}. C.T={4}. D. T ={6}.
Ddp s6 trac nghiém D.
> Loi gidi tu lugn: Vi 0,125 = % = 27 nén ta bién d6i phuong trinh vé dang:

1 5x

1 5x 5x
232223 = (22.22)" 5 2% 2 27 5 4x-9= 5 ©3x=18x=6.

Viéy, phuong trinh c6 tip nghiém 1a T = {6}.
» Lua chon ddp 4n bing phép thi (til trai qua phai): Ta 14n lugt dénh gié:
® V6i x = 0 thay vao phuong trinh ta théy:
0,1254%=1< %6_14 = 1,,mau thudn = Pép 4n A bi loai.
® V6i x = 2 thay vao phuong trinh ta théy:
0,1254 = (442)* & % 4 =32, mau thuin = Dép 4n B bi loai.
V6i x = 4 thay vao phuong trinh ta thdy:

0,1254° = (H2)* é— .1024 = 1024, mau thudn = Pdp an C bj loai.

Do d6, viéc Iya chon dép 4n D 1a dting d4n.




» Lua chon ddp 4n bang phép thff-Z (tli phai qua trai): Ta 14n lugt danh gid:
Véi x = 6 thay vao phuong trinh ta thdy:

0,125.4 = (42) < %.49 = 2'%, tho man.
Do d6, viéc lya chon dép 4n D 1a ding dén.

> Lua chon ddp 4n bing phép thi két hop st dung mdy tinh CASIO fx - 570MS -
Ban doc ty thyc hién.

Bai 7. Phuong trinh (x + 1)** = (x + 1)** c6 tap nghiém la:
A. T={0;1}. B.T ={0; 2}. C.T={1;2} D.T ={3}.

Dép s6 tric nghiém A.

> Loi gidi tu lugn 1: Bién d6i phuong trinh vé dang;

x+1=1 x=0
O<x+1#le »—1<x¢0¢>{ _1

X =
Xx+1=3-x x=1

Vay, phuong trinh c6 tap nghiém 1a T = {0; 1}.

> Loi gidi tu lugn 2: Bién d6i phuong trinh vé dang;

0
1

x+1>0 x>~—1

{<x+1——1>[<x'+1)—~<3—x>]=0 < {X(ZX—Z):O < L
Vay, phiiong trinh ¢6 tap nghiém [a T = {0; 1}.
> Lua chon ddp 4n bing phép thit 1 (tli tréi qua phai): Ta 1an lugt danh gia:
= V6i x = 0 thay vao phuong trinh ta théy:

1'=1*<> 1 =1, ding = Cac dép an C va D bi loai.
= V6ix = 1 thay vao phuong trinh ta thdy:

22 =22 &> 4 = 4, dang = Dép an B bi loai.
Do d6, viéc Iva chon dap an A 1a dung dén.
» Lua chon dép 4n bing phép thit 2 (tit phai qua trdi): Ta 14n lugt dénh gia:
Vi x = 3 thay vao phuong trinh ta thdy:

4* = 47, mau thuin = Dép an D bi loai.
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= V6i x = 2 thay vao phuong trinh ta thy:
3’= 3, méau thudn = Céc dap an C va B bj loai.
Do do, viéc lya chon dép én A la dting dén.
» Lua chon ddp 4n bing phép thit két hop st dung mdy tinh CASIO fx - 570MS:
bang cach thyc hién theo thi ty:
= Nhap 2" ta 4n:

oA | D

4 @3 B ALPrA X )

= Khi d6, ta ldn luot véi cac gid trix =0, x = 1:

o [ 9
= x = 0la nghiém = Céc ddp an C va D bi loai.

& L d

= x = 01la nghiém = D4p an B bi loai.

Do d9, viéc lya chon dép 4n A 1a dung dén.
Bai 8, Phuong trinh 242 = % c6 tap nghiém la:

A.T={1- \log,2; \log,2}. B.T = {- log,2; y/log,2}.

C.T={1-log;2;1+ .flog, 2}. D.T={1-ylog,3;1+ log,3}.
Dap s6 trac nghiém D.

» Loi gidi tir lugn: Ly logarit co s6 2 hai vé€ phuong trinh, ta dugc:

log, 2> = logz—;~ o x*-2x=log3-1<x-2x+1-log3=0,

tacé A’ =log 3 =log 3 > 0, suy ra phuong trinh ¢6 nghiém x = 1 + y/log, 3.

Véy, phuong trinh c6 tip nghiem 14 T = {1 - Jlog,3; 1 + \flog, 3},
» Lua chon ddp 4n bing phép thit két hop stt dung mdy tinh CASIO fx — 570MS:
Ta cé:
Trudc tién, vilog.2 < 0 nén Jlog, 2 khong c6 nghia, do d6 céc d4p 4n A va C bi loai.
@ Ta thyc hién:
+ Nhap 2°™ ta 4n:
B

| ACPEA K R > ArrA K B




+ Khi d6, ta thti véi gid trix = /log,3
cacdEliE il 8

Do d6, viéc Iia chon dép 4n D 1a ding din.

& Nhan xét: Nhu vy, d€ lya chon dugc dap an ding cho bai todn trén thi:
Trong cch gidi tu Iuan, ching ta st dung phuong phap logarit hod dé giai, cu thé:

O0<a#1b>0

af(X) = b <> {f(x) _ I()ga b
= Trong cdch Iua chon ddp 4n bing phép thii chung ta:

- Trudc tién, loai dugc cic Iia chon A va C béi vi pham diéu kién c6 nghia clia cin
bac hai. :

- Pé thyic hién phép thi chox = \/log,3 tabién d6ind vé dangx = , fl—lnn—z- dé phu hop
v6i cac ham trong mdy tinh.

Bai 9. Phuong trinh log (6x* - 5x + 3) = 1 ¢ tap nghiém la:
A,T:{l}. B,T={—l«}. C.Tz{—l—;l}. D.T=A.
2 3 23
Dap s6 trac nghiém C.
> Ldi gidi tu ludn: Bién d6i phuong trinh vé dang:

6x2—5x+3=2<:>6xz—5x+1=0<:>X=%hoécx=

Vay, phuong trinh ¢6 tap nghiém 13 T = {% é—} .
Cha ¥: Viéc sit dung méy tinh CASIO fx - 570MS dé€ gidi phuong trinh béc hai &
trén dugc thuc hién bang cach an:

ODE MODEH|[1][ »]
- 0.5
0.3333
1.3

> Lua chon ddp 4n bing phép thii: Ta lan lugt danh gid:
Véix = }2- thay vao phuong trinh ta thiy:

log, (6%—5%+3) =1<log2 =1, ding= Cac dap 4n B va D bi loai.
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= Véix = —;- thay vao phuong trinh ta thdy:

log, (6‘—;——5.-;—+ 3) = 1< log,2 = 1, ding = Dép 4n A bj loai.
Do dé, viéc lya chon dép 4n C 1a dung din.

» Lua chon ddp dn bing phép thit két hgp stt dung mdy tinh CASIO fx — 570MS:
bang cach thyc hién theo thi tu:

= Nhép log,(6x* - 5x + 3) ta 4n:

i @ o (ALPHA X B8 [ 5 XE:RRE -
: o o 1 1
Khi d6, ta thii v6i cdc gid tri x = 5 Vaxs= 3
158 H

=x= % la nghiém ctia phuong trinh = C4c dap 4n B va D bj loai.

I

=25 % la nghiém ctia phuong trinh = Dép 4n A bi loai.
Do dd, viéc Iya chon dap an C 1a dung din.
Bai 10. Phuong trinh log (2x? - 4x + 3) = 2 ¢6 tip nghiém la:
AT ={1}. B.T={2}. C.T={3}. D.T={1;2;3}.
Dap s6 tric nghiém C.

> Ldi gidi tyf Iudn: Bién d6i phuong trinh vé dang:

O<x=1
O<x=1 O<x#1 1 3
5 < SO X= <S> X=0.
2x* —4x +3=%° 2 —4x+3=0 [: 3
X =

Véy, phuong trinh ¢6 tip nghiém 1a T = {3}.
» Lua chon ddp 4n bing phép thii: Ta lan lugt d4nh gia:
Vix =1 vi pham diéu kién co s6 ctia logarit nén céc dép an A va D bi loai.
= V6i x = 2 thay vao phuong trinh ta théy:
log(8-8+3)=2< log,3 =2, mau thuin = Dép 4n B bi loai.
* Do d6, viéc lya chon ddp an Cla dtng dan.
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» Lua chon ddp 4n bing phép thii két hop st dung mdy tinh CASIO fx - 570MS:
bang cich thuc hién theo thu ty:

@ Nhap lng(ZXZ 4x + 3) ta dn:

(Ju
s Khi do, ta thli vOicacgidtrix=1vax=2:

1 B ERROR|
— x = 1 khong phai 12 nghiém = Céc d4p an A va D bi loai.

7y - |

= x = 2 khong phai 1a nghiém => Dap an B bi loai.
Do d6, viéc lya chon dép 4n Cla ding dén.
Bai 11. Phuong trinh log,(6x* - 7x + 1) = log (x* - 3x +2) cd tap nghiém la:
AT= {1 1 pr=/L 1l C.T= {-l 1}. D. T:{J.;_l}.
23 273 23 23
Ddp s6 trac nghiém D.
> Loi gidi tuf lujn: Bién d6i tuong duong phuong trinh vé dang:

x>2
x2=3x+2>0 [
& dx<l
6x° —Tx+1=%x>-3x+2 .
6x° —x"—4x—-1=0

x>2 x>2
x<1 1 i
< x<1 = C>X=—Eﬂ=—§
C(x=1)(6x* +5x+1)=0 x=1,x:—~1—,x=-~1—
2 3
1 1
Vay, phuong trinh c6 tap nghiém la T = {——2- —5} .
> Lya chon dép 4n béng phép trich Iigc tu lugn: Ta cin c6 diéu kién t6i thiéu:
6x°-7x+1>0. *

V6ix = %, diéu kién (*) c6 dang:

6%—7%“ >0 ~% > 0, mau thudn = Céc dap an A va B biloai. -
Véix = i , diéu kién (¥) ¢ dang:

6—27—7 3+1 >0 _...9_ 0> 0, mau thuin = Pép 4n C bi loai.

Do d6, viéc Iya chon dép 4n D la ding dén.

o
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# Lua chon ddp dn bang phép thir 1 (tit trai qua phai): Ta lan lugt danh gi4:
= Véix = -;_— thay vao phuong trinh ta thdy:

oz (61271 )= t0g. [L=3.142) o tog -ijlogi i ph
2, 3713 = g34 = R 375 ~q4,mp am
= Cac dap an A va B bi loai.

i 1 s N x
5 Véix= 3 thay vao phuong trinh ta thdy:

1 1 1 1 10 10 .
log, (657— - 7.5 + 1) = log, (—9— - 3.5 + 2} < log, (——é—j =log, 5V pham
= Ddp an C bi loai.

Do d6, viéc Iya chon dép 4n D 1a ding dén.

» Lua chon ddp 4n bing phép thit 2 (tit phai qua tr4i): Ta 14n lugt danh gia:

Véix = % thay vao phuong trinh ta thdy:
1 1 1 1 28 28
log,| -6.—+7.=+1|=1 —+3.—+2 log, =—— =log, — , d1
g3[ 2773 ) 0g3(9 3 ]© 08,75 =log, -, diing

1
=>X=- 3 13 nghiém ctia phuong trinh = Cac ddp 4n A va C bi loai.

" Véix= —% thay vao phuong trinh ta thiy:

log, (—6% + 7.—;-+ lJ =log, G:+ 3.—;—+ 2] &> log, % =log, %, ding = x = -% 1a
nghiém ctia phuong trinh = Pap 4n B b loai.
Do dé, viéc Iua chon dap an D la ding dén.
» Lua chon ddp dn bang phép thi két hop stt dung mdy tinh CASIO fx - 570MS -
Hoc sinh ty thyc hién.
" Nhén xét: Nhu véy, d€ lua chon dugc dép 4n dting cho bai toan trén thi:
Trong cdch gidi tu ludn, chiing ta stt dung phuong phap bién d6i tuong duong dé
gidi, cu thé: log f(x) = log g(x) < f(x) = g(x) > 0.
Trong cdch Iua chon ddp dn bang phép trich Iugc tu luan, chiing ta st dung diéu
kién cé nghia ctra ham s logarit kiém tra cic nghiém.
Trong céch Iya chon ddp 4n bing phép thit 1, 2 ching ta 1dn lugt véi céc gid tri
tli trdi qua phai va tli phai qua trdi cing véi luu ¥ sy ton tai ctia ching trong cac dép
an khac.




Bai 12. Phuong trinh 2lg(2x) = Ig(x* + 27) c6 tap nghiém la:

A. T={1}. B. T ={1;2}. C.T={3}. D. T ={£3}.
DPaép s6 triac nghiém C.

> Loi gidi tu ludn: Diéu kién:
2x>0

{x2+27>0®x>0' ®)
Bién d6i phuong trinh vé dang:

lg(2x) =1g(x* +27) @ 4’ =¥ +27 =3 =27 =% =9 <:> x=3.
Vay, phuong trinh c6 tap nghiém 1a T = {3}.
» Lua chon ddp 4n bing phép thit 1 (i trai qua phai): Ta ldn ligt danh gia:
Véi x = 1 thay vao phuong trinh ta thiy:

21g2 =1g28 <> 4 = 28, mau thudn = Céc ddp 4n A va B bi loai.
Véi x = -3 thay vao phuong trinh ta théy:

2lg(-6) = 1g36, vi pham => Ddp 4n D bi loai.
Do d6, viéc lya chon dép an C 1a dung dan.
> Lua chon ddp 4n bing phép thii 2 (tit phéi qua trai): Ta lan lugt ddnh gia:
Véi x = 3 thay vao phuong trinh ta thay:

21g6 = 1g36 <> 36 = 36, dung = x = 3 1a nghiém ctia phuong trinh
=> C4c ddp an A va B biloai.
= V6i x = -3 thay vao phuong trinh ta thdy:

2lg(-6) =1g36, vi pham = Dép én D bi loai.
Do d6, viéc lya chon dép 4n C 1a dung dan.
» Lua chon dép 4n bing phép thit két hop sti dung mdy tinh CASIO fx - 570MS:

bang céch thyc hién theo thi ty:

@ Nhap 21g(2x) - 1g(x* + 27) ta an:

2 ALPTA
Khi d6, ta thii vi cac gid trix=1vax=-3:
1 8 ~0.8450

= x = 1 khong phai la nghiém = Cdc dp 4n A va B bi loai.
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ch -
= x = -3 khong phai 13 nghiém = Dap an D bi loai.
Do do, viéc lya chon dap an Cla ding din.
Bai 13. Phuong trinh log,(2**" - 5) = x ¢6 tap nghiém la:
A.T ={0}. B. T={1}. C.T = {log,5}. D.T = {3}.
Dbap s6 trac nghiém B.
» Loi giai tu Iudn: Bién d6i phuong trinh vé dang:
log,(2*!-5) =log 2* <> 2.2*- 5=2" <> 2" =5 <> x =log 5.
Vay, phuong trinh c6 tdp nghiém 1a T = {log,5}.
» Lua chon ddp 4n bang phép thi 1 (tii tréi qua phai): Ta 1an luot danh gia:
= V6i x = 0 thay vao phuong trinh ta théy:
log,(2 - 5) = 0 <> log,(-3) = 0, vi pham = Pdap 4n A bi loai.
= Véix = 1 thay vao phuong trinh ta thdy:
log,(2* - 5) = 1 <> log,(-1) = 1, vi pham => Dép 4n B bi loai.
= Véix = 3 thay vao phuong trinh ta thdy:
log,(16 - 5) = 4 <> log,11 = 4, mé&u thuin => Pap an D bi loai.
Do dé, viéc lya chon dép an C 1a dung dan.
» Lua chon dép 4n bing phép thir 2 (tit phéi qua trai): Ta lan lugt danh gid:
V6i x = 3 thay vao phuong trinh ta thay:
log (16 - 5) = 4 <> log,11 = 4, méu thuan = Dap 4n D bi loai.
Véi x = log 5 thay vao phuong trinh ta thdy:
log,(2°%**" - 5) =log,5 <> log,(2°%" - 5) =log 5
< log,(10 - 5) = log,5, dling => x =log,5 la nghiém ctia phuong trinh.
Do d6, viéc lya chon dap anCla dung dan.
» Lua chon ddp dn bang phép tht két hgp st dung mdy tinh CASIO fx - 570MS -
Hoc sinh ty thuc hién.
Bai 14. Phuong trinh log ; x log x.log x = 8 c6 tap nghiém la:
AT=1{2). B.T={1;2}.  CT={L4 D.T = {4).

Dap s6 trac nghiém D.

2N
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> Loi giai ty Jujn: Diéu kién x > 0.
Bién d6i phuong trinh vé dang:
2log x.log x. %logzx =8 logx =8 logx=2<x=2=4
Vay, phuong trinh c6 tip nghiém 1a T = {4}.
» Lua chon ddp 4n bing phép thii: Ta lan lugt danh gia:
= V6i x = 4 thay vao phuong trinh ta thdy:
log ; 4 log 4log,4 =8 <> 8 = 8, dling = Céc ddp 4n A va B bj loai.
® Vi x = 1 thay vao phuong trinh ta thdy: 0 = 8, mau thuin = Dép an C bi loai.
Do d6, viéc lva chon dép 4n D 13 dung din.
» Lua chon d4p 4n bing phép tht st dung mdy tinh CASIO fx - 570MS - Hoc sinh

tur gidi.

& Hoat dong: C4c em hoc sinh hay giai thich tai sao ta khéng Iya chon thuic hién

phép thii véix = 2.

Bai 15. Phuong trinh log,[3log,(1 +log,x)] = % ¢6 tip nghiém la:
AT ={1}. B. T = {4}. C.T={1;2}. D. T ={2; 4}.
Dép s6 trac nghiém B.
> Ldoi gidi ty ludn: Bién d8i phuong trinh vé dang:
3log,(1 +logx)] =3 <> log,(1 +logx)] =1<>1+logx=3
<logx=2<x=4.
Vay, phuong trinh c6 tdp nghiém 13 T = {4}.
» Luya chon ddp dn bang phép thii 1: Ta 1an lugt danh gia:
= V6i x = 1 thay vao phuong trinh ta thay:
log,[3log (1 +log,1)] = % <> log 0= %, vi pham diéu kién logarit
= Cac déap an A va C biloai.
V6i x = 2 thay vao phuong trinh ta théy:
log,[3log (1 +log,2)] = % <> log,(3log,2) = % < log2*=3
<> 2% = 3%, méu thuin = Péap an D bi loai.

Do d6, viéc lya chon ddp 4n B la dung dan.
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# Lua chon ddp dn bang phép thir 2: Ta lan lugt danh gia:

“ Vi x = 4 thay vao phuong trinh ta thy:
log,[3log,(1 +log 4)] = —;_— < log,(3log,3) = % < log3 = %, ding

x =4 la nghiém ctia phuong trinh = Céc dép 4n A va C bi loai.
® Vi x = 2 thay vao phuong trinh ta théy:

1
log,[3log,(1 +log 2)] = % < log (3log,2) = 5 log,2* =3

<> 2° = 3%, mau thun = Ddp an D bj loai.

Do do, viéc Iya chon dép 4n B la ding din.

# Néu cac em hoc sinh lya chon kiéu trinh bay theo cdc budc:

Buéc 1: Dt diéu kién c6 nghia cho phuong trinh.

Budc 2: St dung phép bién d6i dé tim nghiém ctia phuong trinh. |

Budc 3: Két luan vé nghiém cho phuong trinh.

Thi cdc em phii thic hién mot cong viéc khd cong kénh va du thita & budc 1.

© Khéng nén diing cdch Iuia chon ddp 4n bing phép thii véi méy tinh CASIO fx-570MS
bdi khi d6 chiing ta cin nhap mét ham kha dai vao méy tinh.
Bai 16. Phuong trinh log x + log,(x +2) = 1 c6 tap nghiém la:

A.T={0}. B.T={1}. C.T={1;2}. D. T ={0; 2}.

Dap s6 tric nghiém B.

» Loi gidi ty lugn: Diéu kién:

x>0 & x>0, *)
X+2>0

Bién d6i phuong trinh vé dang: o
log[x(x+2)]=1ox(x+2)=3cx*+2x-3=0 < x=1.

Vay, phuong trinh c6 tip nghiém 1a T = {1}.

» Lua chon ddp én bing phép thii: Ta 1an lugt danh gia:

Vix =0 vi pham diéu kién ctia logarit nén cdc dap 4n A va D bi loai.




Véi x = 2 thay vao phuong trinh ta thy:

log,2 +log,4 = 1 <>log,8 = 1, mau thudn = Ddp an C bi loai.
Do do, viéc lya chon dép 4n B 1a dung dan.

» Lua chon ddp 4n bdng phép thit két hop st dung mdy tinh CASIO fx - 570MS -
Hoc sinh ty thuc hién.

Bai 17. Phuong trinh log, (x* - 3) - log,(6x - 10) + 1 =0 ¢4 tap nghiém la:
A.T={1}. B. T =1{2}. C.T={2;3}. D.T={1;3}.
Dbap s6 trac nghiém B.
» Loi gidi tu Iudn 1: Diéu kién:

350 Ix >3
= 5 <&x> J3. @)
6x-10>0 X>§

Bién déi phuong trinh vé dang:

logz(%j":%-Z}:O < ;i:i =l1ox-3=3x-5x-3x+2=0
2} x=2.

Vay, phuong trinh c6 tip nghiém 13 T = {2}.

> Loi gidi tu lugn 2: Bién d6i phuong trinh v€ dang:
log,(x* - 3) + 1 =log,(6x - 10) < log,[2(x* - 3)] = log,(6x - 10)

6x-10>0 x>é
=

o(x? 3= bx 10 & 3 Sx=2
(" =3)=6x~ 2x% —6x+4=0

Véy, phuong trinh c6 tp nghiém 1a T = {2}.

» Lua chon ddp 4n bing phép thii: Ta 14n lugt danh gia:

5 Vix = 1 vi pham diéu kién clia logarit nén cic dép an A va D biloai.
Véi x = 3 thay vao phuong trinh ta thay:

log6-log8+1=0< log:,% + 1 = 0, mau thudn = DPép dn C bi loai.

Do d6, viéc lua chon dap 4n B 1a dung dén.

» Lua chon dép 4n bing phép thir két hop sii dung mdy tinh CASIO fx - 570MS -
Hoc sinh ty thuc hién.
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Bai 18. Phuong trinh log x + log x = logx c6 tap nghiém la:

A.T={1}. B. T={1;6}. C.T={L7} D. T ={1; 10}.
Dap s6 tric nghiém A.
» Loi gidi tu lugn: Diéu kién x > 0.
Ta di bién ddi vé cling co s6 3: log x = log,3.log x, log x = log,3.log x.
Khi d6, phuong trinh c6 dang: log,x + log,3.log,x = log,3.log,x
< logx(1+log3-log3)=0<logx=0<x=1.

Vay, phuong trinh c6 tdp nghiém 1a T = {1}.
» Lua chon ddp dn bang phép thi: Ta lan lugt dénh gid:
= Voix =6thi: VT =log,6 +log6>1+1=2va VP =log.6 <2

= x = 6 khong 1a nghiém = Dap an B bi loai.
# Voix=71thi: VT =log,7 +log,7>1+1=2va VP =log.7 <2

= x =7 khong 1a nghiém = Dap an C bi loai.
= V6ix =10 thi: VT =log,10 +log, 10> 2 + 1 = 3 va VP = log,10 < 2

= x = 10 khong 1a nghiém = Dép an B bi loai.
Do d6, viéc lua chon dp én A 1a ding dén.
» Lua chon ddp 4n bing phép thu: St dung méy tinh CASIO fx - 570MS, béng

cach thuc hién theo thi ty:

m Nhap log x +log x - logsx ta an:

Khi dé, ta thii véi céc gid trix =6, x =7 vax = 10:

¢ &
= Dap 4n B bi loai.
- |
=> Dap an C bi loai.
10 &
= Dap an D bj loai.

Do d6, viéc Iva chon dép an A la dung din.
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Bai 19, Phuiong trinh 4**! - 6.2**! + 8 = 0 ¢4 tap nghiém la:
A.T={0}. B.T={1}. C.T={0;1}. D. V6 nghiém.
Dbép s6 trac nghiém B.
» Loi gidi ty ludn: Datt =2+, t> 0.
Khi do, phuong trinh c6 dang:
— 2x+1 — 2 ]. — 1 X
£o6t+8=0c | ‘o = *r @[
t=4 2 =4 x+1=2
Vay, phuong trinh ¢6 tap nghiém 14 T = {0; 1}.

0

>
it
s

» Lua chon ddp 4n bang phép thif: Ta lan lugt aénh gia:

= V6i x = 0 thay vao phuong trinh ta thay:
4-62+8=0< 0=0,ding = x = 012 nghiém ctia phuong trinh
= Céc ddp an B va D bi loai.

Véi x = 1 thay vao phuong trinh ta thdy:
16 - 6.4+ 8 = 0 < 0 = 0, ding = x = 1 12 nghiém cta phuong trinh
= Dap an A bi loai.

Do d6, viéc lya chon dap én C 13 dung dén.

> Lua chon ddp 4n bing phép thtr két hop ty Iudn va mdy tinh CASIO fx - 570MS:
bang cach thuc hién theo thi ty:

Nhép 4*+1 - 6.2**! + 8 ta an:
Al - H-E

2 Khi do, tathtivéicacgidtrix=0vax=1:

o8 [0

=> x = 012 nghiém ctia phuong trinh = Cac dap 4n B va D bi loai.

1 8 I

=> x = 114 nghiém ctia phuong trinh = Dép 4n A bi loai.

Do dé, viéc Iya chon dap 4n B la dting dan.
& Nhan xét: Nhu véy, d€ lya chon dugc dap 4n dung cho bai todn trén thi:

Trong cich gidi tu lun, chiing ta st dung phuong phap dat &n phu dang 1 cho
phuong trinh mi, cu thé v6i phuong trinh:




BAL TAP TRAC NGHIEM MON TOAN - Ki THI THPT

kx (k-Dx X —
aa®+a a*Miaat+a =0,
ta ddt t = a*, diu kién t > 0. Phuong trinh c6 dang:
k k-1 —
at‘+o tl.at+a =0.
M6 réng: Néu dit t = a'™, diéu kién hep t > 0. Khi do:
. 1
aZf(x) — tz) aBlf(x) - t3, - akf(x) — tk vaa fx) — T .

= Trong cdch Iua chon ddp dn bang phép thi, chung ta thuc hién tuong tu nhu
nhiing bai toan khéc.

= Trong cdch Iua chon ddp dn biang phép thir, st dung may tinh CASIO fx-570MS
ching ta khai bao ham s6 vao mdy tinh va thuc hién céc phép tht.

Bai 20. Phuong trinh 3*+8 - 4.32+5 + 27 = 0 ¢4 tap nghiém la:

AWT={§p—%. B:rz{é;%.

2 2

(LT:{_§¢4}. D:r={~§n}.
2 2

Dbap s6 tric nghiém C.
> Loi gidi ty lugn: Bién ddi phuong trinh vé dang: 3%+ - 12.3%+4 + 27 = (.
biatt = 3>+, (t > 0), phuong trinh c6 dang:

=3 [3=3  [oxsac] |x=-o
£-12t+27=0 | _g & & 2,

X <~
32 =9 2x+4=2 x=—1

Véy, phuong trinh ¢6 tap nghiém la T = {—%; - 1} .

» Lua chon ddp dn bang phép thit 1 (ti trai qua phai): Ta 14n lugt ddnh gia:

V6ix = -1 thay vao phuong trinh ta thdy:
3*-43°+27=0<>81-108+27 =0« 0=0, ding

= x = -1 la nghiém ctia phuong trinh = Cac d4p an B va D bj loai.
@ Voix = —;— thay vao phuong trinh ta thay:
3'- 435+ 27 = 0 < 4780080 = 0, méu thuan = Pap an B bi loai.

Do dé, viéc lya chon dép an C 1a ding dan.

> Lua chon ddp dn bdng phép thit 2 (tli phai qua trdi): Ta 14n lugt danh gid:




Véi x = 1 thay vao phuong trinh ta thdy:

312437 4+ 27 = 0 <> 522720 = 0, mau thuin = Céc dép 4n B va D bj loai.
5 Véix = —% thay vao phuong trinh ta thdy:
32-43427=09-36+27=0<0=0,dang
=X= —% 13 nghiém ctia phuong trinh = Dép an A bi loai.
Do dé, viéc Ija chon dap an C 1a diing dan.
» Lua chon dép 4n bing phép thi két hop ty ludn va mdy tinh CASIO fx - 570MS:
bang cach thuc hién theo thi ty:
= Nhip 3%+8 - 4.3%+° + 27 ta 4n:
3 (8 @+ Arera/ X s B+ B s @ @2 Arpaa X E s B B3 7
Khi d6, ta thii véicac gid trix=-1vax = 5
cacc @ 8 [ 0
= x = -113 nghiém clia phuong trinh = Céc dép an B va D bj loai.

4780080

3
=x=7 khong 14 nghiém ctia phuong trinh = Dép 4n A bi loai.

Do d6, viéc lua chon dap 4n C 1a dung dan.
Bai 21. Phuong trinh 3! ** + 3'* = 10 c6 tép nghiém la:
A.T={1;0} B. T ={0;1}. C.T={-11} D. Vb nghiém.
bap s6 trac nghiém C.
> Loigidi tu Iugn: Bién d6i phuong trinh vé dang: 3.3+ 3.3 = 10.
bit t = 35 (t > 0), phuong trinh cé dang:

1 1
3 == 3= x=-1
3t+— =103-10t+3=0=| 3 < 3 &
t (=3 |3=3 [x=1

Vay, phuong trinh c6 tdp nghiém [a T = {+1}.

» Lu’a chon ddp 4n bing phép thii: Ta 14n lugt danh gia:

= Véi x = -1 thay vao phuong trinh ta thdy:
1+9=10< 10 = 10, ding = x = -1 1a nghiém ctia phuong trinh
= Céc ddp an B va D bi loai.
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® V6i x = 0 thay vao phuong trinh ta théy:
3 +3=10< 6 =10, mau thuan = Pap an A bj loai.

Do do, viéc lya chon dap 4n C la dung dan.

» Lua chon ddp dn bang phép thit két hop tu ludn va mdy tinh CASIO fx - 570MS:
bing cach thyc hién theo thd tu:

= Nhap 3!+ 3!*- 10 ta 4n: '

;A0 BacrrA XD E B A BAceiakBE o

= Khi dé, ta thii v6i cac gid trix = -1 vax = 0:

o & I

= x = -1la nghiém ctia phuong trinh = Cac dap 4n B va D bi loai.

cadoE [ 4

= Dap an A bi loai.

Do d6, viéc lya chon dap én C 1a dung dan.

Bai 22. Phuong trinh (2 -+v/3)*+ (2 +/3)* = 4 ¢6 tap nghiém la:

AT ={1; 2-+/3}. B.T={1; 243}
C.T = {1}. D.T={2+-/3}.
Dap s6 trac nghiém C.

> Loi gidi tu Indn: Nhan xét ring (2-3).2+V3) =4-3=1.
Do dé, néu dit t = (2+3 ), diéu kién t > 0, thi (2— V3 = %
Khi d6, phuong trinh tuong duong véi:

t=2+43 | (243 =243
=2 Lz+ 3 =243
- Q2+ =2+3 o [x=1

(2+3) =(2+3)"

Vay, phuong trinh ¢6 tap nghiém T = {+1}.

1
—t—+t=4©t2~4t+1=0<:>{

x=-1

» Lua chon dép 4n bing phép thii: Ta 14n lugt ddnh gia:
® V6i x = 1 thay vao phuong trinh ta thdy:
2-3 +2+2- 3 =4 4=4,ding = Cac ép 4n B va D bj loai.




CAC PHUONG PHAP TIM NHANH DAP AN

® V6i x = -1 thay vao phuong trinh ta théy:

1 1 2+3+2-3

—_— - LENSH2TND s . .
2 B3 2443 4 PENCEING) 4, dung = Dép 4n A bi loai.
Do d6, viéc Iya chon dép an C 1a dung dén.

» Lua chon ddp 4n bing phép thit: St dung mdy tinh CASIO fx - 570MS, bang
céch thyc hién theo thi ty:
B Nhap (2 \/—)"4— (2+\/—)"taan
Ao 8 BB
= Khi do, taldn lugt v6i cac gia tr1 x=1lvax=-1L
18 [ 4
=> x = 1 2 nghiém ctia phuong trinh = Cac dép 4n B va D bi loai.

OM-|

= x = -1 12 nghiém ctia phuong trinh = Dép 4n A bi loai.

Do d6, viéc Iya chon ddp an C la ding dén.

& Nhan xét: Nhu véy, dé lya chon dugc dap an dung cho bai toan trén thi:

= Trong céch gidi tu ludn, chung ta st dung phuong phép ddt &n phu dang 1 cho
phuong trinh md, cu thé v6i phuong trinh: a,a* + a,b* + o, = 0, véiab =1

Khi d6 dat t = a%, diéu kién t > 0, suy ra b*= %, ta dugc:

at+ Oth ta, =0 at +at+a,=0.

® Trong cdch Iya chon ddp dn bing phép thd, ching ta thyc hién tuong tu nhui

nhiing bai toan khéc.

Trong cich Itta chon d4p 4n bing phép thi, st dung mdy tinh CASIO fx-570MS,
cac em hoc sinh cin thén trong khi khai bdo cin thtic vao may tinh.

Bai 23. Phuong trinh 4* + 6* = 2.9% ¢6 tap nghiém la:
A.T={-2}. B.T ={-1}. C.T={0}. D.T={1}.
Dép s6 tric nghiém C.

> Loi gidi tif lugn: Chia ca hai v€ clia phuong trinh cho 9% ta dugc:

DRCRNORO
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Ditt = (%) ,diéukién t > 0. ()
Phuong trinh dugc bién ddi vé dang:
E4t2=0 t=1o (%] —lex=0,
Vay, phuong trinh cé tap nghiém T = {0}.
» Lua chon dép dn bang phép thir 1: Ta 14n lugt danh gia:
® VOix <0 thi: -x > 0= 4%+ 6 < 9" + 9 = 2:9* = Céc d4p 4n A va B bi loai.
= V6i x = 0 thay vao phuong trinh ta thdy:
1 +1=2.1<2=2,dang = Dap an D bj loai.
Do do, viéc lya chon dép 4n C 13 diing dén.
» Lya chon ddp dn bang phép thi 2: Ta 14n lugt danh gia:

= V6i x = -2 thay vao phuong trinh ta thdy:
] 1

16 36 81

® V6i x = -1 thay vao phuong trinh ta théy:

1

" +é = %’ mau thuin = Ddp 4n B bi loai.

V6i x = 0 thay vao phuong trinh ta thdy: 1 + 1 = 2.1 <> 2 =2, dting.

—, méau thudn = Pép 4n A bi loai.

Do d6, viéc Iva chon dép an C 1a ding dén.

» Lua chon ddp 4n bing phép thit két hgp tu Iuan va mdy tinh CASIO fx - 570MS:

Béng cach thuc hién theo thd ty:

n Nhap 4+ 6*- 2 o ta an:

@

=>x= -2 khong phdi 13 nghiém ctia phuong trinh = Dép én A bj loai.
= x = -1 khong phéi la nghiém ctia phuong trinh = D4p 4n B bj loai.
caLdo & I

Do d6, viéc lya chon dép an C 1a dting dén.




Bai 24. Phuong trinh 3.25* + 2.49* = 5.35* ¢6 tip nghiém la:

A.T={0;1}. B.T= {O; logi—i—}.
7

C.T={21). D.T= {2; 1og_5_§}.
7

Dap s6 trac nghiém B.

> Loi gidi tu lugn: Bién d6i phuong trinh vé dang:
| 3.5% 4 2.7% = 5,(5.7) <> 3.5% + 2.7% = 5.5*.7%

Chia c4 hai vé ctia phuong trinh cho 7%, ta dugc:

2x X 2x X
3(§J +2=5(§) = 3(—5—j -5£§j +2=0.
7 7 7 7 .

batt= (%) , (t > 0), phuong trinh c6 dang:

5 X
5t oo
=

2.
5"~2 x=log£—3~
7) 3 !

Viy, phuong trinh c6 tip nghiém 14 T = {O; log; —i— .
7

t=

3-5t+2=0 .

Wi =
0

> Luia chon ddp 4n bing phép thii 1 (tli tréi qua phai): Ta 1in ligt danh gia:
= Vi x = 0 thay vao phuong trinh ta théy:
3+2 =5« 5=5,ding = x = 012 nghiém ctia phuong trinh
= Céc dap an C va D biloai.
Véi x = 1 thay vao phuong trinh ta théy:
3.25 + 2.49 = 5.35 < 173 = 175, mau thuan = Ddp an A bi loai.
Do d6, viéc lua chon dép 4n B 1a dung dén.
> Lua chon ddp 4n bing phép thi 2 (tli phai qua tréi): Ta l4n lugt danh gia:
= V6ix = 1 thay vao phuong trinh ta thay:
3.25 + 2.49 = 5.35 <> 173 = 175, méau thuin = Céc d4p 4n A va C biloai.
Véi x = 0 thay vao phuong trinh ta thdy: SN
3 +2 =5« 5=5,dtng = x = 0 12 nghiém ctia phuong trinh
= Pép an D bj loai.

Do d6, viéc Iya chon dép 4n B 1a dting dén.

[194)
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» Lua chon ddp dn bang phép thit két hop tu ludn va mdy tinh CASIO fx - 570MS:
bang cach thyc hién theo tht tu:

= Nhép 3.25% + 2.49* - 5.35" ta 4n:
3 [ 25 [ ALPHA X [ 2 B 40 B ALPHA X B 5 I 35 B ALPHAIK

Khi d6, ta thii v6i cac gid trix=0vax = 1:

I

= x = 013 nghiém ctia phuong trinh = Cac dép 4n C va D bj loai.

-

= x = 0 khong la nghiém ctia phuong trinh = Dép 4n A bi loai.

Do d6, viéc lya chon dép dn B 1a ding din.

@ Nhan xét: Nhu véy, d€ lua chon dugc dap an ding cho bai toan trén thi:

w Trong cdch gidi ty ludn, chiing ta sit dung phuong phép dit 4n phu (tuong tu
Bai 23), cu thé v6i phuong trinh: a,a® + o, (ab)* + a,b* = 0,

Khi d6, chia hai v& ctia phuong trinh cho b* > 0 (hoic a, (a.b)¥), ta dugc:
2x X
a, (%) +a, (—EJ +a,=0

a

X
batt= (E) , diéu kién t > 0, ta dugc: at+at+a =0.

M6 rong: V6i phuong trinh mii ¢6 chiia cic nhan td a%, b, (a.b), ta thuc hién theo
cac budc sau:

Budc 1: Chia hai v€ ctia phuong trinh cho b* > 0 (hoic a%, (a.b)").

Buéc 2:Patt = (%J , diéukién hep t > 0.

Budc 1: Gidi phuong trinh mdéi.

Trong cdch Iua chon ddp 4n bing phép thit 1, 2 chiing ta thyc hién cac phép thi tii
trdi qua phai va tif phai qua trdi vi viéc lua chon céc gid tri x thuan 1gi cho méi phép thii.

Trong cdch Iya chon ddp dn bing phép thit st dung may tinh CASIO fx-570MS
chuing ta thug hién tuong ti nhu trong cdc bai tap khac.

Bai 25. Phuong trinh 27* + 12* = 2.8* ¢¢ tép nghiém la:

A.T={1}. B. T ={0}. C.T={-1} D.CaA,B,C.
Dap s6 tric nghiém B.

(195}




> Loi gidi ty lugn: Chia c hai v€ ctia phuong trinh cho 8 ta dugc:

27V (12) 3V (3)
5)(F) 2= -6) -
bitt= (—z—jx , diéu kién t > 0 ta bién d6i phuong trinh vé dang: )
L+t2=0-1)E+t+2)=0t-1=0t=1 (—;} =1<x=0.
Vay, phuong trinh c6 tap nghiém T = {0}. '
» Lua chon ddp 4n bing phép thii: Ta 1an lugt ddnh gia:
= V6ix = 1 thay vao phuong trinh ta théy:
27 + 12 = 2.8 < 39 = 16, mau thuin = Cac ddp an A va D bi loai.
Véi x = 0 thay vao phuong trinh ta thdy:
~ 1+1=2,dtng = x = 012 nghiém ctia phuong trinh.
Do d6, viéc Iia chon dap 4n B la dung dén.

» Lua chon ddp 4n bing phép thit: Sit dung méy tinh CASIO fx - 570MS, bing
cach thuc hién theo th ty:

= Nhap 27+ 12X 2.8 ta an:

Khi d6, ta thti vi cac gid trix=2vax=1:

caLd2 [ @
= Céc dép an A va D bi loai.
[OTS)Y - | [ 9

Do d6, viéc lya chon dép 4n B 1a dung dan.

Bai 26. Phuong trinh -é-lgzx3 - 61g\/; +2 =0 c6 tip nghiém la:

A. T = {10; 100}. B. T = {10; 1000}.
C.'T = {1; 100} D. T = {1; 1000}.
Pap s6 trac nghiém A.

> Loi gidi tu lugn: Diéu kién x > 0.
Bién d6i phuong trinh vé dang:

é(3lgx)2-6.%1gx+2=()<:>lg2x-3lgx+2=0.
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Dat t = Igx, ta bién d6i phuong trinh vé dang:

2-3t+2=0 t=1 = lgx=1 = x=10
-3t+2=

Vay, phuong trinh c6 tip nghiém la T = {10; 100}.
» Luia chon ddp 4n bang phép thit: Ta 14n lugt ddnh gia:
= V&i x = 10 thay vao phuong trinh ta théy:
%Ig2103 -6lg\/10 +2=0<>0=0, ding = Cac 4p 4n C va D bi loai.
= V6i x = 100 thay vao phuong trinh ta théy:
51(100)" - 61g100 +2 = 0 & 0 = 0, diing
Do dé, viéc lya chon dap an A 1a ding dan.
» Lua chon ddp 4n bang phép thii két hop tu ludn: Bién d6i phuong trinh vé dang:
é(Sng)z—6%1gx+2=O<:>lg2x-3lgx+2=0.
= V6i x = 10 thay vao phuong trinh ta théy:
1g°10 - 31g10 + 2 = 0 & 0 = 0, ding = Céc dép dn C va D bi loai.
= Véi x = 100 thay vao phuong trinh ta théy:
1g7100 - 31g100 + 2 = 0 <> 0 = 0, dling.
Do d6, viéc lua chon dap én A 13 dung dén.
> Luia chon dép dn bang phép thit két hop tu ludn va sti dung mdy tinh CASIO fx - 570MS:

Bién d6i phuong trinh vé dang:

1
5(31gx)2—6.%1gx+2=Oc>lg2x—31gx+2=0.

= Nhép lg’ - 3lgx + 2 ta &n:

B 81 B > B8 (ALPHA X 2

Khi d6, ta l4n lugt v6i cac gid tri x = 10 va x = 100:

] - | [ ¢
= x = 10 13 nghiém ctia phuong trinh = Cac ddp 4n C va D bj loai.
100 & [ 9

=> x = 100 1a nghiém ctia phuong trinh = Dép 4n B bi loai.

Do d6, viéc lua chon dap én A 13 ding dan.




& Nhan xét: Nhu vay, dé Iga chon dugc dép 4n ding cho bai todn trén thi:

= Trong cdch gidi ty luin, ching ta st dung phuong phép dat 4n phu dang 1 cho
phuong trinh logarit, cu thé néu dit t = log x thi:

log; x =t5 v6ix >0
loga= %,v‘(’iio < x# 1.
Trong 10 gidi trén, cc em hoc sinh rit d& mac 16i bién d6i:
lg’x® = 3lg’x (bién d6i dung la Ig’x® = 9lg’x).
Trong cich Iya chon ddp 4n bang phép thi, ching ta thyc hién tuong tu nhu
nhiing bai toan khéc.
Trong c4ch Iua chon ddp 4n bing phép thir két hop tu luén, chiing ta thuc hién
bién déi qua phuong trinh vé dang tudng minh hon d€ viéc thuc hién céc phép thii
dugc dé dang.

Trong c4ch Iua chon ddp 4n bing phép thii st dung may tinh CASIO fx-570MS,
chiing ta thyic hién mot budc dém (bién ddi phuong trinh vé dang méi) d€ viéc khai bdo
ham s6 vao mdy tinh dugc thuin tién hon.

Bai 27. Phuong trinh i—logg (x—1)* +log,(x —1)’ =4 0 tap nghiém la:

AT= {1.7.; 3}. B.T= {_11;4}.
16 16
C,Tz{_ﬂ;s}. D,T={—ﬂ;~ }

16 16

Dép s6 trac nghiém A.

» Loi gidi tu lugn: Diéu kién x > 1.

Bién d6i phuong trinh vé dang: log; (x ~1)+3log,(x - 1) -4 =0.
Dit t =log, (x - 1), phuong trinh c6 dang:

243t-4=0 {t=1 e X_1=21 17
+3t-4= =
t S it ® | jog,x-1y=t & NPT U

Vay, phuong trinh c6 tip nghiém T = {—i—;— 3}
» Lua chon ddp dn bing phép thii 1: Ta 14n lugt danh gia:
V6i x = 3 thay vao phuong trinh ta théy: %bgi 2’ +log,2’ =4 & 1+ 3 =4, ding

= x = 312 nghiém ctia phuong trinh = Cac dép 4n B va D bj loai.
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R R

mVix=- % vi pham diéu kién c6 nghia (x - 1 > 0) ctia logarit nén dap an C bi loai.
Do dé, viéc lua chon dép 4n A la dung dan.
> Lua chon ddp dn bing phép thit 2: Ta 1an lugt danh gia:

® Vix = -3 vi pham diéu kién c6 nghia (x - 1 > 0) ctia logarit nén cac dap an Bva D
bi loai.

re 17 \ \ P
" Véix = Te thay vao phuong trinh ta thdy:

~1—+logl%=4 & 16- 12 = 4, dting

=% % 1a nghiém ctia phuong trinh = Pap an C bi loai.
Do d6, viéc Iya chon dép 4n A la dting dan.
» Lua chon ddp 4n bing phép dinh gid: c6 diéu kién:
x-1>0<x>1= Cicdap an B, Cva D bi loai.
Do dé, viéc lua chon dép an A 1a ding dan.
Bai 28. Phuong trinh 4log x + log 3 = 3 ¢6 tap nghiém la:
A.T={1;,9}. B.T={V33]. C.T= {36} D.T= {39}

Dap s0 trac nghiém B.
> Loi gidi ty ludn: Diéu kién x > 0.

Bién ddi phuong trinh vé dang:

1
4.—logx +log 3 =3 < 2log x + =3.
5 logx +log, 0g.X log, x
bit t = log x, phuong trinh ¢ dang:
! t=1 log,x=1 x=3
2t+ - =328 -3t+1=0 1 & 1 &
t : t=5 log, x =~ x=3

Vay, phuong trinh ¢6 tdp nghiém T = {\/5 ; 3} .
» Lua chon ddp 4n bing phép thit 1: Ta 14n lugt ddnh gid:
® Vix = 1 vi pham diéu kién cé nghia ctia co s6 logarit nén dap 4an A bi loai.
s V6ix = /3 thay vao phuong trinh ta théy:
4log,\3 + log 53 =3<:>4.%.-;- +2=3<3=3,ding
=>x = V3 12 nghiém ctia phuong trinh = P4p 4n C bj loai.




= V6i x = 3 thay vao phuong trinh ta thay:

4log,3 +log3 = 3<:>4..;: +1=3<>3=3,dlng

= x = 3 la nghiém ctia phuong trinh = Dép 4n D bi loai.
Do d6, viéc lya chon d4p 4n B 1a dung dan.
» Lua chon ddp 4n bing phép thit 2: Ta lan lugt danh gia:
V6i x = 9 thay vao phuong trinh ta thay:

4log9 +log3=3 <4+ % = 3, mau thuan

= x = 9 khong I nghiém ctia phuong trinh = Céc dép 4n A va D bi loai.
= Véix = /3 thay vio phuong trinh ta théy:

4log,\/3 + log ;53 =3<:>4.—;-.% +2=3¢>3=3,dtng

= x = /3 12 nghiém cfia phuong trinh = Pép 4n C bi loai.
Do d6, viéc lua chon dép dn B 1a dung dan.

» Lua chon ddp 4n bing phép thii két hop st dung mdy tinh CASIO fx - 570MS:
Béng cach thuc hién theo thi ty:

= Nhép 4log,x + log 3 ta &n:

JnE-1n X

s Khi d6, ta thii véi cdc gid trix = 1,x = /3 vax = 3:

CALG 1
= x = 1 khong phai 1a nghiém => Pap an A bi loai.

—x=YV1 nghiém ctia phuong trinh = Pép an C bi loai.
3

= x = 3 14 nghiém ctia phuong trinh = Pép an D bi loai.

I

Do dé, viéc lya chon dép 4n B 1a ding dan.

Bai 29. Phuong trinh 1 *108:% _ 1410857 X ¢4 135 nghiem la:
1+log,x 1+log x

A.T=1{1;37} B. T ={1;3"}. C.T={1;3%}. D.T={1;3°.

Dbép s6 trac nghiém C.
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» Loi gidi tu ludn: Bién d6i phuong trinh vé dang:

1
1+ 3 log, x

l+-log3x B 2+2log,x 12+4log, x

l+%log3x l+ilog3x 2+log,x  12+3log, x

Dit t = log,x, (diéu kién t # -2 va t # -4) phuong trinh ¢6 dang:

242t 12+4t 5 t=0 log,x=0 x=1
= Stt+5t=0 = <
2+t 1243t t=-5 log, x =~5 x=3"

Vay, phuong trinh c6 tip nghiém T = {1; 3%}.
» Lua chon ddp n bang phép thii 1 két hop tu lun: Bién d6i phuong trinh vé dang:

1
1+ 3 log, x

l+log,x 2+2logyx 12+4log, x

2+log,x  12+3log,x

1 1
1 +510g3 x 1+ Zlog_q X
Ta lan lugt danh gié:
= V6i x = 37 thay vao phuong trinh ta thdy:

2+2log,37 12+4log,3™ 2-6 12-12
2+log,37  12+3log,3” 2-3 12-9

<> 4 =0, mau thuan

= x = 37 khong la nghiém ctia phuong trinh = Pép én A bi loai.
V6i x = 3+ thay vao phuong trinh ta thdy:

2+2log,3" 12+4log,3™ o 2-8 12-16
2+log,3*  12+3log,3™ 2-8 12-12

, Vi pham

= x = 3"* khong la nghiém ctia phuong trinh = Dép an B bi loai.
V6i x = 3” thay vao phuong trinh ta thdy:

2+2log,3” 12+4log,3” 2-10 12-20
2+log,3”  12+3log,3” 2-5 12-15

= g = g , ding
= x = 37 ]a nghiém ctia phuong trinh.
Do d6, viéc lya chon dép 4n Cla dung dén.
> Lua chon ddp 4n bing phép thit 2 két hgp tu ludn: Bién déi phuong trinh vé dang:

1
1+§10g3 X

l+log,x 2+2log,x 12+4log, x

2+log,x  12+3log,x

1 1
1+§log3 X 1+Zlog3 X




Ta lan lugt danh gia:

Véi x = 36 thay vao phuong trinh ta thdy:

2+2log,3° 12+4log,3™° 2-12 12-24 5 R x
—= — & = - &> —=2, miu thudn
2+log,3 12+3log,3 2-6 12-18 2

= x = 3 khong 12 nghiém ctia phuong trinh = Dép dn D bj loai.

® V6i x = 37 thay vao phuong trinh ta théy:
2+2log,3”° 12+4log,3”°  2-10 12-20
2+logy3”°  12+3log,3” 2-5 12-15

& 8.8 , ding
3 3
= x = 314 nghiém ctia phuong trinh.
Do d6, viéc lua chon dép 4n C 1a ding dén.

Baii 30. Phuong trinh log x* - log,x* + 6log,x.log,x = 2 ¢4 tap nghiém la:

1 1
A T={— 2}, B.T={———; JE}.
7= ) 5

1 1
C.T={ V2}. D.T= ——;\/3}.
bap s6 trac nghiém D.

» Loi gidi tu lugn: Diéu kién x > 0.
Bién d6i phuong trinh vé dang:
4log x - 3logx + 6log x.log.x - 2 =0 < (2logx - 1)(Blog x +2) =0

1
2log,x—1=0 |l0gx=— x=+/5
=

3log,x+2=0 2 Ty
logzxz——é—

-

Vay, phuong trinh c6 tap nghiém T = {7\/% 5 } .

J
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NGUYEN HAM, TICH PHAN
VA UNG DUNG

CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM
NGUYEN HAM

L KIEN THUC COBAN

1. Khai niém nguyén ham

Dinh nghia: Cho ham s6 f(x) lién tuc trén khodng 1. Ham s6 F(x) duoc goi Ia nguyén
ham ctia ham s6 f(x) trén I néu F’(x)=f(x) v6i moi x thudcL.

Dinh Ii: Néu F(x) ld mét nguyén ham ctia ham s6 f(x) trén khoang1 thi:

a. Voi moi hdng s6 C, ham s6 G(x) = F(x) + C ciing la mét nguyén ham ctia f(x).

b. Ngugc lai, néu G(x) Ia mot nguyén ham bét ki ctia f(x) thi t6n tai hdng s6 C sao cho
G(x) = F(x) + C vdi moix thudcl.

Ky hiéu ho tat ca cic nguyén ham ctia ham s6 f(x) 1a Jf(x)dx. Vay ta viét:
[fx)dx = F(x) + C.
Ta c6: [f(x)dx = F(x) + C < F’(x) = f(x)

2 _ Bang cac nguyén ham

Nguyén ham cac ham s6 so cip Nguyén ham cac ham s6 s cip
thudng gap hgp (v6i u = u(x))
IdX=X+C Idu=u+C
o+ o+l
J‘x‘“d)czX 1 +Ca#-1 fua-dUZH +C o #-1
o+1 a+1
I—qxx—zln]x|+C,x¢0 J‘gzln\uHC,u:u(x)iO
u
Jedx=e+C [erdu=et+C
X p— ax u
Iadx—lna+C,0<a;t1 Jardu = ia+C,O<a¢1
Jeosxdx = sinx + C [cosudu = sinu + C
j sinxdx = - cosx + C fsinudx =-cosu+C




dx dx
J —— =tanx+C [——=tanu+C
cos” X ) cos

dx dx
& =-cotx+C v I_Z =-cotu+C
sm- X sin“u

3. Cactinh chit cia nguyén ham

1. Jaf(x)dx = a [f(x)dx, véia 0.

2. [[f(x)+ g(x)]dx= [f(x)dx + [g(x)dx.

3. [f(t)dt=F(t) + C= [f(u)du = F(u) + C.

Phuong phép d6i bién s6

Cac phuong phap d8i bién s8 dugc st dung khé phé bién trong viéc tinh tich phéan.
Co 6 cia phuong phép d6i bién s6 1a cong thiic sau:

Dinh Ii:

a. Néu Jf(x)dx = F(x) + C va u = @(x) 12 ham s8 c6 dao ham thi [f(w)du = F(u) + C.

b. Néu ham s6 f(x) lién tuc thi khi dit x = @(t) trong dé ¢(t) cting véi dao ham cta
né ¢’(t) 12 nhiing ham s6 lién tuc, ta sé dugc [f(x)dx = ff[(p (t)].@’(t)dt.

Tit d6, chiing ta thdy c6 hai phuong phap déi bién goi la dang 1 va dang 2.

Dé sii dung phuiong phdp déi bién dang I tim nguyén ham ctia ham s6 {(x) chung ta
thic hién theo cac budc:

Buidc 1: Chon x = ¢(t), trong d6 ¢(t) 1a ham s6 ma ta chon cho thich hgp.

Buéc 2: Ly vi phan dx = ¢’()dt.

Budc 3: Biéu thi f(x)dx theo t va dt. Gid st rang: f(x)dx = g(t)dt

Budc 4:Khi d6: [f(x)dx = [g(t)dt.

Luu y: Cac ddu hiéu dan t6i viéc Iya chon 4n phu kiéu trén thong thudng la:

D4u hiéu Cach chon
- U T
2 2 x=lalsint v6i ——<t<—

_x=!a|cost véi0<t<m

2 2 le—l- véite [——-—]\{O}

X —a sint
lal

X=—— vGite[0,x]\{— }
cost
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x=lalcott v6i0<t<m

a+x a—x X = a.cos2t
hoic
a a+x
[(x—a)(b—x) x=a+ (b-a)sin’t

Dé stt dung phiiong phép déi bién dang 2 tim nguyén ham ctia ham sé f(x), chting
ta thuc hién theo céc budéc:

2% + x2 {x=laltamv6i—n/2<t<n/2
—X

Budc 1: Chon t = ¢(x), trong d6 ¢(x) 1a ham s6 ma ta chon cho thich hgp, réi xic
dinh x = y(t) (néu c6 thé).

Bui6¢ 2: Xéc dinh vi phan dx = @ (t)dt.
Budc 3: Bi€u thi f(x)dx theo t va dt. Gia s réng f(x)dx = g(t)dt.
Buc 4: Khi d6: T = [g(t)dt.

Luu y: Céc déu hiéu dan t6i viéc lya chon &n phu kiéu trén thong thudng 1a:

D4u hiéu C6 thé chon

Ham c6 mau s6 t 14 mau s6

Ham f(x, \o(x)) t= Jo®x)

i I
Ham f(x)= a:smx +b.cosx t=tan~ (vGi cos =#0)
c.sinx +d.cosx +e 2 2

Véix+a>0vax+b>0,dit:

1
Ham f(x) = —u t=+x+a +Vx+b
am £{x) (x+a)x+b)

Véix+a<0vax+b<0,dat:
t=+-x-a +v-x-b

5. Phuong phap I4y nguyén ham ting phan
Phuong phép ldy nguyén ham tling phén dugc st dung kha phé bién trong viéc tim
nguyén ham. Co s& ctia phuong phép 12 dinh li sau:
Dinh Ii: Néu u(x), v(x) Ia hai him sé ¢ dao ham lién tuc trén thi:
fu(x).v’(x).dx = u(x)v(x) - fv(x).u’(x).dx

hodc viét fu.dv=uv- [vdu




Dé& tim nguyén ham ctia ham s6 f(x) bing phuong phép 14y nguyén ham tling phén,
ta thuc hién theo cic budc sau:
Budc 1: Bién d6i: I = [f(x)dx = Jf (x).£,(x)dx.
u=f(x du
dv =]f(2 (Z{)dx = {V
Buée 3:Khi d6: 1= uv - vdu.

Buéc 2: Dét: {

Luu y: Khi sti dung phuong phép ldy nguyén ham tiing phén dé tim nguyén ham,
chiing ta cdn tuén tha cic nguyén tac sau:

a. Lita chon phép dit dv sao cho v dugc xéc dinh mot cach dé dang.

b. Tich phan bat dinh [vdu dugc x4c dinh mot cach dé dang hon so v6i L.

CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

&
Bai 1. Néu F(x) 14 mot nguyén ham ctia f(x) = cosx va F(0) = 0 thi F(x) la:
A.1+sinx. B. sinx. C.1 - sinx. D. -sinx.
bép s6 trac nghiém B.
> Loi gidi ty Indn: V6i ham s6 f(x) = cosx thi: F(x) = sinx + C.
Khi d6, d€ F(0) = 0 diéu kién la:
0 =sin0 + C < C = 0 = F(x) = sinx, ting v6i dép dn B.
» Lua chon ddp 4n bing phép thir 1: Ta 14n lugt ddnh gia:

Nguyén ham cfia ham s6 f(x) = cosx c6 dang F(x) = sinx + C nén cdc dép an
C va D biloai.

VA sin0 = 0 nén d4p 4n A bi loai.

Do d6, viéc Iua chon dép 4n B la dung dan.

» Lua chon ddp 4n bing phép thit 2: Ta 14n lugt dénh gia:

= Vi (sinx)’ = cosx nén cac dap 4n C va D bi loai.

s VGix=0thil +sin0=1 nén dap an A la ding.

Do d6, viéc lua chon dap én B 1a dung dan.

» Lua chon ddp 4n bing phép thu 3: Ta 14n lugt danh gia:

= Vi sin0 = 0 nén cac dap 4n A va C bj loai béi khi do F(0) = 1.
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= V6i ham s6 trong B thi: f(x) = F'(x) = cosx, thda man.

Do d6, viéc Iva chon dép 4n B 1a dting dan.

% Nhan xét: Nhu vy, d€ lya chon dugc dép 4n dung cho bai toan trén thi:

= Trong cdch giai tu ludan chiing ta thyc hién theo hai budc:

Budc 1: Tinh nguyén ham ctia ham sé.

Budc 2:X4c dinh C bang viéc st dung gia thiét do thi ham s6 y = F(x) di qua diém M.

Trong cdch Iua chon ddp 4n bang phép thit 1 chiing ta loai tri dan bing viéc thyc
hién theo hai budc:

Buéc 1: St dung bang nguyén ham c6 ban, chung ta loai bo dugc cac dap an CvaD
bdi n6 khong cé dang - sinx.

Budc 2: Tinh gid tri cta sinx tai x = 0, d€ loai bd dugc d4p 4n A.

= Trong cdch Iua chon dép 4n bang phép thit 2 chiing ta loai trii d4n bing viéc thuc
hién theo hai buéc:

Budc 1: St dung dinh nghia nguyén ham, ching ta loai bd dugc cac dap 4n C va D.

Budc 2:Th tai x = 0 cho dép 4n A, d€ khing dinh dugc d4p 4n A 14 sai. Tt d6 khing
dinh viéc lya chon d4p 4n B 1a ding d4n.

= Trong cdch Iua chon dap dn bang phép thit 3 chiing ta thuc hién phép thii theo cic
dap an.

Bai2.Cho ham s6 y =

. Néu F(x) 1a mot nguyén ham ctia ham s6 va d6 thi ctia ham
cos’ x

s6y = F(x) di qua diém M (g oj thi F(x) I

A.+/3 - tanx. B. l/;— tanx. C.-+/3 + tanx. D. —? + tanx.
Dép s6 trac nghiém A.
> Loi gidi ty Jugn: V6i ham s6 y = thi: F(x) = tanx + C.
cos’ x
Khi d6, d db thi ctia ham s6 y = F(x) di qua diém M [_g;o) diéu kién Ia:
O:t.an-gi +C<:>C=-—\[3—i = F(x) = tanx - \f,ﬁngvc'iidépénD.

» Lua chon dép 4n biang phép thi 1: Ta 14n lugt ddnh gid:

= Nguyén ham ctia hdm s8 y =

12 c6 dang F(x) = tanx + C nén céc dép an
A va B bi loai. X




B,

= Vi tan% =3 nén dép an C bi loai.

Do d6, viéc lua chon d4p 4n D 1a dting dén.

» Lua chon dp 4n bing phép thi 2: Ta lan lugt dénh gia:

8 Vi (tanx)’ = 12
COS™ X

¥

B Véix = —Z— thi ...33 +’r.an-ic6~ =0 nén dép én D la ding.

nén cic ddp 4n A va B bi loai.

Do dé, viéc Ia chon dap 4n D 1a ding dan.

» Luia chon ddp 4n bing phép thit 2: Ta lan lugt dénh gié:

= Vi tan% = ?3 nén cac dap an A va C bi loai bdi n6 khong di qua M.

= V&i ham s6 trong B thi: f(x) = F(x) = - —-1~2—, khong thoa man = Dép 4n B bi loai
Do d6, viéc lya chon dap an D la dting c;:é(;ls. " ' ’

& Nhan xét: Nhu véy, d€ lya chon dugc dp 4n dung cho bai todn trén thi:

Trong c4ch gidi tu ludn, ching ta thuc hién tuong tu bai 1.

Trong céch Iua chon ddp 4n bing phép thi 1, chiing ta loai tri dén béng viéc thuc
hién theo hai budc:

Budc I: Sti dung bang nguyén ham co ban, chiing ta loai bo dugc cic ddp an A va B
béi n6 khong c6 dang -tanx.

Bu’é’t 2: Tinh gia tri clia tanx tai x = g«, déloai bo duge dap an C.

Trong cdch Iyia chon ddp 4n bang phép thit 2, ching ta loai trit dan bang viéc thuc
hién theo hai budc:

Budc 1: Sti dung dinh nghia nguyén ham, chiing ta loai bo dugc cic dap dn A va B.
Budc 2: Thii taix = g— cho dap én D, dé khing dinh dugc dép 4n D 14 ding dén.
= Trong cdch Iua chon ddp 4n bing phép thii 3 chiing ta thuic hién phép thit theo cdc
dap an. '
Bai 3. Néu F(x) 1a mot nguyén ham ctia f(x) = 2x + 1 va F(2) = 2 thi F(x) 1a:
AxX+x-1 B.xX*+x-2. C.x*+x-3. D.x*+x-4.
bap s6 tréc nghiém D.
> Loi gidi tur lugn: V6i ham s6 f(x) = 2x + 1 thi: Fx)=x*+x+C.
Khi d6, dé F(2) = 2 diéu kién la:
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2=4+2+C= C=-4=F(x) =x*+x - 4, ting v6i dép an D.
» Lua chon ddp dn bang phép thir 1 (Tl trdi qua phai): Ta lan lugt dénh gia:
= V6i ham s6 trong A thi:
F(2) =4 +2 -1 =5, khong théa min = Dép 4n A bi loai
V6i ham s6 trong B thi:
F(2) =4 + 2 - 2 = 4, khong thda min = Dép 4n B bi loai
® V6i ham s6 trong C thi:
F(2) =4 + 2 - 3 = 3, khong thoa man = Dép 4n C bi loai
Do dé, viéc lya chon dép 4n D 1a dung dén.
» Lua chon dép dn bang phép thit 2 (Tt phai qua trai): Ta lan lugt dénh gi4:
V6i ham s6 trong D thi: F(2) =4 + 2 - 4 = 2, thoa man.
Do d6, viéc lya chon dép dn D 1a ding dén.
Bai 4. Cho F(x) la nguyén ham ctia f(x) = —-1~1— va F(2) = 1. Khi d6 F(8) bang:
A.In3. Bn3+l  Clnde2 D. 1n3 + 3.
Dap s6 trac nghiém B.
> Léi gidi tu ludn: Vi ham 6 f(x) = % thi: F(x) = In|x + 1] + C.
Khi do, d€ F(2) = 1 diéu kién la: ’
1=In2+1/|+C<=C=1-In3=Fx)=In[x+1|+1-1n3
= F(8)=In|8 + 1|+ 1-1n3=2In3 + 1 - In3 =In3 + 1, ting v6i dap 4n B.
@ Nhan xét: Nhu vay, v6i dang cau hoi trén chung ta chi ¢6 thé lya chon dugc dép 4n

dung bang cich lam ty luan.

Bai 5. F(x) = cos?3x 1a mot nguyén ham ctia ham s6:

A. f(x) = -2sin3x. B. f(x) = 6sin3x.

C. f(x) = -6sin3x.cos3x. D. f(x) = 6sin3x.cos3x.

Dép s6 trac nghiém C.

> Loi gidi tu ludn: Ta c6: F'(x) = (cos?3x)’ = -6c0s3x.sin3x, ting v6i dap an C.
» Lua chon ddp 4n bing phép thit 1 (Tt trai qua phai): Ta lan lugt d4nh gia:
= V6i ham s6 trong A thi:




F(x) = -2Jsin3x.dx = %cos 3x + C, khong thda man = Dép 4n A bi loai

= V6i ham s6 trong B thi: ’
F(x) = 6sin3x.dx = —2cos3x+C, khong théa mén = Ddp 4n B bi loai

V6i ham s6 trong C thi: _
F(x) = -6Jsin3x.cos3x.dx = -3[sin6x.dx = —;—COS 6x+C = —;— (2cos3x+ 1)+ C
= cos?3x + C + 1, thoa méan khi C = -1.

Do d6, viéc lua chon dép 4n C 13 diing dén.

» Lua chon ddp 4n bing phép thii 2 (Tt phai qua tréi): Ta ldn lugt ddnh gia:

-® V6i ham s8 trong D thi:

F(x) = 6[sin3x.cos3x.dx = 3[sin6x.dx = - —;—cos 6x+C = ~% (2cosB3x+1) +C

= -cos?3x + C + 1, khong théa man = Pép 4n D bi loai.
V6i ham s6 trong C thi:
F(x)= —6f sin3x.cos3x.dx = -3[sin6x.dx = %cos 6x+C = %(2cosz3x +1)+C
= c0s23x + C + 1, thdéa man khi C = -1.
Do d6, viéc Ija chon dép én C1a ding dén.
& Nhan xét: Nhu véy, v6i dang cau hoi trén, viéc lya chon dép 4n bang cach lam tu
luan don gian hon rédt nhiéu so v6i phép thi.
Bai 6. F(x) = sin3x.cos2x 12 mot nguyén ham ciia ham s6:
A. 3c083x.c082x. B. -2sin3x.sin2x.
C. sin3x.cos2x. D. 3cos3x.cos2x - 28in3x.sin2x.
Dap s6 trac nghiém D.
> Loi gidi tu Iudn: Ta c6 ngay:
F’(x) = 3c0s3x.cos2x - 2sin3x.sin2x, ting véi dap an D.
» Luia chon dép 4n bing phép ddnh gid: Talan ligt ddnh gia v6i dang ham s6 F = uv:
D4ap 4n A biloai béi né 1a dang w'v.
D4p 4n B bi loai boi né 1a dang viu. -
Dép 4n C bi loai bdi véi dang ham s da cho khong thé c6 F' =R
Do d6, viéc lua chon dép 4n D la ding dén.

7
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Bai7.F(x) = = * i la mét nguyén ham ctia ham s6:
X —
AL B. % c._2_. D.._2
x—1 (x~1) (x =1
Dap s6 trac nghiém D.

» Loi giai tyr ludn: Ta ¢ ngay:

> _X~—1~—(X+l)__ 2 , fe 31 1
F(x) = PEETC , ing v6i dap an D.

» Lua chon dép 4n bang phép dénh gi4: Ta 14n lugt d4nh gia:

# V6i dang ham s6 F = bt (bac nhit trén bac nhat) thi dao ham ctia né luén c6 dang
v

héng s6 trén mau s binh, do d6 cac dap 4n A va B bi loai.

® V6i ham s6 trong C thi:
F(X):j 2dX :__2_ +C:§.).(..:_CL-_2
x-1)7? x-1 x—1
—-C— C=1 N . . .
Cx—C-2 _x+1 Pt , vO nghiém = Pép 4n C bi loai.
x—1 x—1 -C-2=1

Do d6, viéc lya chon dép 4n D la ding dén.
2 —
Bai 8. F(x) = 1{_252““_3 1a mét nguyén ham ctia ham s6:
X —
A, 4x+1 ' B, 4x-1 ' C. x2—4x+1. D. X2—4X:1
(x~-2)* (x—2)’ C(x=2) (x-2)
Dap s6 trac nghiém C.

> Loi gidi tf ludn 1: Ta c6 ngay:
2 2 _
F(x) = (2x—2)(x—2)—(2x ~2%x+3) _X 4x-2r1
(x-2) (x—-2)
> Loi gidi tu ludn 2: Ta c6:

, ung v6i dap an C.

3 X oL v dap dn C
x-2¢ ~ (x-2y¢ '8 pant

» Lua chon ddp 4n bing phép thii: Ta lan lugt danh gi:

F(x)=x+ 3 =>FXx)=1-
x—2

= Ham s& bac hai trén bac nhat khi 14y dao ham ludn c6 dang bac hai trén méu s
binh, do d6 cdc ddp én A va B bi loai.

® V6i ham s6 trong C thi:
(K —4x+Ddx [1_ 3 }d _ 3 x*-2x+3
o= J (x-2)’ =1 ) R e

Do d6, viéc lya chon dép én C la dung dan.




2

Bai9.y = F(x) = X +11 12 mot nguyén ham ctia ham s6:
X —
A. XZ"ZX—l‘ B. 2x-1 c. 2x-1 D. x2—2x—1_
(x-1y (x-1)* (x+1)? (x+1)

Dbap s6 trac nghiém A.

2x(x-1)—-(x*+1) _ x*-2x-1
=D x-D?

> Lua chon ddp 4n bing phép thit: Ta lan lugt danh gia:

» Loi gidi tu Iudn: Ta co ngay: y' =

Vé6iham s6 dangy = Y taludn c6 dao ham v6i mau s6 binh phuong (cu thé
v
y = %) thi chung ta loai trit ngay dugc cac dép 4n C, D.

V6i ham phan thiic bac hai trén bac nhét thi & dao ham y’ ta luén c6 w 1a mot da
thiic bAc hai, suy ra dap an B bi loai.

Do d6, viéc lua chon dép 4n A 1a dung dan.

Bai10.y=F(x) = (x - l)(X‘— 2)(x - 3) 1a mét nguyén ham ctia ham s6:

A, (x-1D(x-2)x-3). ' B. (x-2)(x-3).
C.3x*-12x+ 11. D.3x*-12x+11.
DPép s6 trac nghiém D.

» Loi gidi ty ludn: Ta c6 ngay:

Y =(x-2)(x-3)+x-1)x-3)+x-1)(x-2)=3x*-12x + 11.
> Lua chon dép 4n bing phép thi: Ta l4n lugt danh gid v6i dang ham s6 y = uvw:
Dap 4n A bi loai bdi véi dang ham da thiic khong thé cé y’ =y.
D4p an B bj loai boi né la dang wv.w.

Diép 4n C bj loai bdi bac ctia y’ khong thé bang bac ctay.
Do d6, viéc lya chon dap 4n D 1a ding dan.

B3i 11, Cho ham 56 f(x) = x + % Mot nguyén ham ciia f(x) bing;
A. x* + 2In|x| + 2009. - B é—}@ + 2In|x| + 2009.
C.* - 2Infx] + 2009. D. %)8 - 21nlx| +2009.
bép s6 trac nghiém B.
» Loi gidi tu Iudn: Ta c6: F(x) = I(x + %]dx = %XZ +2In|x| + C

= mot nguyén ham ctia f(x) 1a -12—X2 + 2In|x| + 2009, ting v6i dap an B.

1]
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» Lua chon ddp 4n bing phép thit 1 (TU trai qua phai): Ta l4n lugt dénh gia:
® V6i F(x) = x> + 2In|x| + 2009 trong d4p 4n A thi:
f(x) = (x* + 2ln|x| + 2009)’ = 2x +;2(- = Dap an A bi loai.
= V6i F(x) = %xz + 2ln|x| + 2009 trong d4p én B thi:
f(x) = (é—x2 + 2ln|x| +2009)’ = x +—)2Z, dung.
Do d6, viéc lua chon dap 4an B la dung dan.

» Lua chon ddp dn bang phép thi 2 (T phai qua trai) - Hoc sinh tu thuc hién.

Bai 12. Cho ham s6 f(x) = sin2x. Mt nguyén ham ctia f(x) bing:

1
A. -cos2x. B. - 1 COS2X. C. -2cos2x. D. —cos2x.

Dap s6 trac nghiém B.
» Loi gidi tu Iudn: Ta cé:
F(x) = [sin2x.dx = - % cos2x + C=> ham s6 f(x) c6 mot nguyén ham I - % COS2X.
» Lua chon ddp 4n bing phép thit: Ta 14n lugt d4nh gia:
= Vi F(x) = -cos2x thi:
f(x) = (-cos2x)’ = 2sin2x = Dép 4n A bi loai.
= V6i F(x) = —%cost thi: f(x) = (—-;:COSZX)) = sin2x, dang.

Do dé, viéc Iyia chon d4p 4n B 1a dting dan.

Bai 13. Ho nguyén ham ctia ham s6 f(x) = 1 - x ¢6 dang:

A.2X+~;~XZ+C. B.ZX—%XZ+C. C.x—%x2+C. D.x+%x2+C.
Dap s6 trac nghiém C.

> Loi gidi tu ludn: Ta c6: F(x) = J(1 - x)dx = x - %xz + C, ting v6i dap an C.

» Lua chon ddp 4n bing phép thit 1 (T tréi qua phai): Ta lan lugt d4nh gi4:

1
# V6i F(x) = 2x + —2—x2 + Ctrong ddp an A thi:
flx) = (2x+ lXz +C) =2 +x= D4p én A biloai.
® V6i F(x) = 2x - Exz + C trong dap 4n B thi:

f(x) = (2x - %XZ+C)’=’2—x3 Pap an B bi loai.




m V6i F(x) =x - —;—x" + C trong dép 4n C thi: f(x) = (x - %xz +C) =1-x, dang.
Do d6, viéc Ija chon dép 4n C 1a dting dan.
> Lua chon ddp 4n bing phép thit 2 (Tt phai qua tréi): Ta lan lugt danh gid:
V6iF(x) =x+ %xz + C trong dap an D thi:
fx)=(x+ %Xl +C)Y=1+x=>DPapanDbi loai.ﬁ
V6i F(x) =x - %XZ + C trong dép an C thi: f(x) = (x - %xz +C) =1 -x, dang.
Do d6, viéc lua chon dép 4n C 1a ding dén.
» Luta chon dip 4n bing phép dinh gid: Ta 14n lugt dénh gid:
= P& c6 1 trong f(x) thi trong F(x) phéi c6 x, do d6 cac d4p 4n A va B bi loai.
Dé c6 -x trong f(x) thi trong F(x) phai c6 --;—XZ, do d6 dép an D bi loai.
Do d6, viéc lua chon dép 4n C 1a ding dén.
Bai 14. Ho nguyén ham clia ham s6 f(x) = 4x* - 9 c6 dang:
A.x-9x+C. B.x* +9x +C. C.x*+9x+C. D.x*-9x+C.
DPép s6 trac nghiém A. |
> Loi gidi tut Iugn: Ta ¢6: F(x) = [(4%° - 9)dx = x* - 9x + C, ting v6i dép n A.
» Lua chon dép 4n bing phép thit: Ta 14n lugt dénh gia:
= Vi F(x) = x* - 9x + C trong d4p 4n A thi: f(x) = (x*- 9x + C)’ =4x° - 9, dung.
Do d6, viéc Ija chon dap 4n A la ding dan.
» Lua chon ddp 4n bing phép ddnh gid: Ta 14n higt dénh gia:
= Dé ¢6 43 trong f(x) thi trong F(x) phai c6 x*, do d6 cac ddp an Cva D bi loai.
DE& 6 -9 trong f(x) thi trong F(x) phéi c6 -9x, do d6 dép 4n B bi loai.
Do d6, viéc Iva chon d4p 4n A 13 ding dan.

Bai 15. Ho nguyén ham ctia ham s6 f(x) = %\/; —% ¢6 dang:
- X

A. l\/x3+—1~+x+C- B. l\/x3+l+C.
3 X . 3 X

c.1/5_1 ' 1 /5 1

o« =X’ ——+x+C. D. =Jx* ——+C.
3 X 3 X

Dép s6 tric nghiém B.
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» Loi gidi tu lugn: Ta co:

F(x) =f(-;~\/;~—;;]dx= é—\/;?+~jz+c,ﬁngv6i dép én.
» Lua chon ddp 4n bang phép thir: Talan lugt danh gia:
V6i F(x) = %\/x—3 +;1(—+ x+C trong dap an A thi:

| :
f(x) = (§@+§+x+c] - %\/Z——l; +1= Dép 4n A bi loai.
X
Véi F(x) = —;—\/ SN C trong dap an B thi:
X
1 1) 1 1
)= [ ] < 35— g
Do d6, viéc lua chon dép an B 1a dung dén.
> Lua chon ddp 4n bing phép dinh gid: Ta 14n lugt danh gi:
1
bé o - Z trong f(x) thi trong F(x) phai c6 l, do d6 cac dap an C va D bj loai.
X

= Trong F(x) cia dap 4n A c6 chifa x, suy ra f(x) phai chifa 1 (méu thuin), do d6 dap

an A bi loai.

Do d6, viéc Iua chon dép 4n B la ding dén.

Bai 16. Ho nguyén ham clia ham s6 f(x) = (x + 2)(x + 3) c6 dang:

A, -1-x3~ —5—x2+6x+(3. B. 1x3— —5-x2+8x+C.
3 2 3 2
1 5 1 5
C.§x3+”2'x2+6x+C. D..—x3+§x2+8x+C.

Dap s6 trac nghiém C.
> Loi gidi tu Iugn: Ta c6: B(x) = [(x + 2)(x + 3)dx = [(x? + 5x + 6)dx
= %—x” + —;—xz +6x + C, Uing véi dap an C.
> Lua chon dép dn bing phép thit - Hoc sinh tu thuc hién theo hai huéng (ti trai

qua phai va tif phai qua trai).

» Lua chon ddp 4n bing phép dinh gi4: Bién d6i ham s6 vé dang:
f(x) =x*+5x+6.
Ta l4n lugt danh gia:
Dé c6 5x trong f(x) thi trong F(x) phai c6 %xz, do d6 cac dap an A va B bi loai.




D& c6 6 trong f(x) thi trong F(x) phéi c6 6x, do d6 dap 4n D bi loai.
Do d6, viéc lua chon dap én C 13 dung dén.

2

Bai 17. Ho nguyén ham ctia ham s6 f(x) = c6 dang:

1
A.x?-6x + C. B,EX2—3X+C. C,%X2+3X+C. D.x*+ 6x + C.
Dép s6 tric nghiém B.
> Loi giai tu ludn: Ta c6:
2 pu—
F(x) = | (x jx)dx

» Lua chon ddp 4n bang phép thii: Ta lan lugt danh gia:

= [(x-3)dx = %xz - 3x + C, ing v6i dap 4n B.

V6i F(x) = x* - 6x + C trong dap an A thi:
f(x) = (x? - 6x + C)’ = 2x - 6 = Dap an A bi loai.
1
Vi F(x) = EXZ - 3x + C trong dép an B thi:

2

X, dting.

)= (20 -3x+C) =x-3=
2 X

Do d6, viéc lya chon ddp én B la dung dan.
> Lua chon ddp 4n bang phép ddnh gid: Viét lai ham s6 dudi daﬁg: f(x)=x-3.
Ta 14n lugt danh gia:
= P& ¢4 x trong f(x) thi trong F(x) phai c6 %xﬂ do d6 cac dap an A va D bi loai.
Dé c6 -3 trong f(x) thi trong F(x) phéi c6 -3x, do d6 dap an C bi loai.
Do d6, viéc lya chon ddp én B 1 dung dan.

Bai 18. Ho nguyén ham ctia ham s6 f(x) = 5 €6 dang:
A.4In(1 +x?) + C. B.3In(1 +x?) + C.
C.2In(1 +x%) + C. D.In(1 +x?) + C.

Dap s6 trac nghiém D.
> Loi gidi tu Iuén' Ta co:

[fdx = - d(HX)

=1In(1 + x?) + C, ing v6i dap an D.

» Lua chon ddp 4n bang phép thu’ 1 (T trai qua phai): Ta 14n ligt ddnh gia:
& Vi F(x) = 4In(1 + x?) + C trong ddp an A thi:




~ BAITAP TRACNGHIEM MON TOAN - KITHITHPT

2x 8x

f(x) = [4ln(1 +x*) + C]’ = 4. =

- = - = Dap an A bi loai.
1+x I+x

= B&i cac dép dn A, B, C, D chi khdc nhau ¢ hé s6 va gia thiét cho hé s6 2 (tic 8:4 = 2)
nén ta loai bo ti€p dugc cac dép an B va C.

Do do, viéc Iya chon dép 4n D la dng dan.
» Lua chon ddp 4n bang phép thit 2 (Tl phai qua trai): Ta lan lugt ddnh gié:
= V6i F(x) = In(1 + x?) + C trong dép én D thi:

f(x) =[In(1 +x*) + C]’ = ] 2 Pap an D dung.

+x2

Do d6, viéc lua chon dép an D la ding din.
@ Nhén xét: Nhu véy, d€ Iya chon dugc dép dn ding cho bai toan trén thi:
= Trong cdch gidi ty luin ching ta dé st dung phép bién d6i dé xuét hién dang v,

u
Ddi v6i cac ham s6 hitu ti, ching ta c6 hai nghiém ham mé rong:

xdx

5 =—1-ln|x2ia|+C

x“ta 2
fL= —1—1n X7 L C,véi,az0.
Xz_az 2a X+ a

Trong cdch Itta chon ddp 4n bang phép thi I (tui trai qua phai), ching ta st dung
dinh nghia nguyén ham clng vé6i viéc danh gia hé s6 ctia cic dap 4n tric nghiém dé loai
boé ngay dugc A, B, C.

Trong cach lua éhon dap 4n bang phép thit 2 (ti phai qua trdi), chiing ta thiy no
ding nén diing lai & d6 va khing dinh viéc lya chon dép 4n D 1a dting dén.

Bai19.Ho nguyén ham ctia ham s6 f(x) = ZCOSZZ;— c6 dang:
A.x - sinx + C. B.x + sinx + C. C.x-cosx+C. D.x+cosx+C.
bap s6 trac nghiém B.
» Loi gidi tu lugn: Ta cé:
J-f(x)dx = I2cosz—;—dx = f(l + cosx)dx = x + sinx + C, ing v6i dap an B.
» Lua chon ddp dn bang phép thit: Ta 14n lugt danh gia:
@ V6i F(x) = x - sinx + C trong dép 4n A thi:

f(x) =(x-sinx+ C)’=1-cosx = 25111222(— = Dap an A bi loai.




CAC PHUONG PHAP

V6i F(x) = x + sinx + C trong dap an B thi:

f(x) = (x +sinx + C)’ =1+ cosx = 2(:0322 = Dép 4n B dung.
Do d6, viéc lya chon dap én B la ding dan.
@ Nhén xét: Nhu vy, dé Iva chon dugc ddp an dung cho bai todn trén thi:

= Trong céch gidi t ludn chiing ta da st dung cong thiic ha bic d€ dua vé ham lugng
giac bac thap.

= Trong cdch Iua chon ddp 4n bing phép thi chiing ta st dung dinh nghia nguyén
ham cling v6i phép bién déi téng thanh tich.
Béé 20. Ho nguyén ham cia ham s§ f(x) = (1 + e*) c6 dang:
A.er-x+C. B.e*+x+C. C.e*+x+C. D.e*-x+C.
Dép s6 trac nghiém B.
» Loi gidi tu lugn: Ta co:
_[f(x)dx =[ex(1 + e)dx = J(e* + 1)dx = e + x + C, ting v&i d4p én B.
> Lua chon ddp 4n bing phép thir 1 (Tt trai qua phéi): Ta lan lugt danh gia:
8 V6i F(x) = e* - x + C trong dap an A thi:
fx)=(e*-x+C) =¢e-1=¢*(1-e*) = Dip anAb1loa1
V6i F(x) = e + x + C trong dap an B thi:
f(x) = (& +x+ C) =+ 1 = eX(1 + e*) = Ddp an B dung.
Do d6, viéc lIva chon dép 4n B 1a ding dan.
» Lua chon ddp 4n bing phép tht 2 (Tl phai qua tréi) - Hoc sinh ty thuc hién.

Bai21. Cho ham s6 f(x)-~————1-—— Khi dé:
x2 +3x+2
A. jf(x)cm:lnX 2l C B. ff(x)dx It 4 c.
x—1 X+2
C. [rax=1m* =+ c. D. jf(x)dx—1n1“21+c.
x—2 ’ +1

Dép s6 trac nghiém B.
» Loi gidi tu ludn: Ta co:

dx dx 1 1
fxdx - > | =
I(X)X‘fxm”z "j<x+1><x+2>dx I(x+] x+2‘]dx

=In|x+1]-Injx+2|+C= ln

" + C, ling v6i dap 4n B.




BAITAP TRAC NGHIEM MON TOAN - KI THI THPT

» Lua chon dip 4n bang phép thi: Ta lan lugt danh gia:
= V6i F(x) trong dap an A thi:

f(x) = (ln X—? +Cj = [In|x - 2| - In|x - 1] + CT
1 "y S
T T T GheoD - ¥ 12 = Dap an A bi loai.
= V6i F(x) trong dap an B thi:
f(x) = (ln Xt +C) = [In|x + 1| - Injx + 2| + CT’
X+2
R = Dép 4n B dting,

x+1 X+2  (x+D(x+2) X +3x+2
Do dé, viéc lya chon dép an B la dng dan.
» Lua chon ddp dn bang phép thi két hop phép ddnh gid: Ta 1an lugt théy:
Vix?*+3x+ 2 =(x+ 1)(x + 2) nén nguyém ham caa né khong thé chia
x-1vax-2.Dodé, cac ddp an A va C bi loai.
Véi F(x) trong dap 4n B thi:

x+1

1

x+1 x+2 (x+1D(x+2) T X 43x+2

+C) = [In|x + 1| - In|x + 2| + CJ’

= Dap an B dung.

Do dé, viéc Iua chon dap an B la ding dan.

< Nhén xét: Nhu vay, dé lya chon dugc dap an ding cho bai toan trén thi:

Trong cdch gidi tu' ludn, chiing ta da st dung phuong phap phan tich d€ tim nguyén
ham cac ham s6 hiiu ti.

Cu thé, v6i ham s6 da cho ta phén tich:

1 1 A B (A+B)x+2A+B
x> +3x+2 - (X+1)(X+2)=x+1 " X+2 - x+D(x+2)
Ta dugc hing dang thic:
=(A+B)x+2A +B. (1)

Dbé xac dinh A, B trong (1) ta c6 thé lya chon mot trong hai cach sau:

Céch 1: (Phuong phdp déng nhét hé s6): Dong nhit dang thiic, ta dugc:

A+B=0 A=1
2A+B=1 |B=-1

ey
Sy



Cich 2: (Phuong phdp tri s riéng): Lan luot thay x = 1, x = 2 vao hai vé ctia (1)
tadugcA=1vaB=-1. :

1 1 1
X2 43x+2  x+1  x+2°

Ttc 13, ta cé:

Bai toan tiép theo sé md rong cho dang nguyén ham nay.

Trong cdch Iua chon ddp 4n bang phép thii, chiing ta cin st dung mot phép bién
ddi logarit d€ don gian phép tinh dao ham.

= Trong céch Iua chon dép 4n bing phép thit két hop véi phép danh gid, chung taloai
b ngay dugc cac dap an A va C thong qua viéc phan tich ham s6 f(x) dudi ddu tich phan.

Bai 22. Ho nguyén ham ctia him s6 f(x) = — 31 ¢6 dang;
X —
A.2Injx - 1| +Inx + 1| + C. B.2In|x - 1| - In|x + 1| + C.
C.lnjx - 1] + 2In]x + 1| + C. D.In|x - 1] - 2In[x + 1| + C.
Dap s6 trac nghiém B. '
> Loi gidi tu ludn: Ta phan tich:
x+3  x+3 _ A B _(A+Bx+A-B
x*-1" x=-Dx+1) x-1 x+1 (x=D(x+1)
A+B=1 [A=2  x43 2 1
<~ jend = — - .
{A—B=3 {BZ“I x2-1 x-1 x+1

2
Khi dé: jf(x)dx :j(;: - X—il—)dxz 2In|x - 1| - In|x + 1| + C, ting v6i dép 4n B.

» Lua chon ddp dn bang phép thii: Ta 14n lugt danh gia:
V6i F(x) trong dap an A thi:

2 1 _ 3x+1
x—1 x+1 x*-1

f(x) = 2ln[x- 1| +Injx + 1|+ C)' =
= Ddp 4n A bi loai.
V6i F(x) trong dap an B thi:

f(x) = Qln|x- 1| -In|x + 1| + C)’ = 2 1 _ x+3
X_.

= Pép an B ding.

Do dé, viéc lya chon dép 4n B la dtng dan.
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=

» Lua chon ddp dn bang trich ligc tu ludn: Ta phan tich:

X+3 X+3 A B (A+B)x+A-B
P = = + b N
=1  x-Dx+1) x—1 Xx+1 x-Dx+1)
A+B=1 A=2 1
= = — X3 _ 2 .
A-B=3 B=-1 x2 =1 x—-1 x+1

Suy ra, hé s6 clia In|x - 1| va In|x + 1| theo tht ty bang 2 va -1.
Do d6, viéc lya chon dap én B 1a dung dén.

Bai 23. Ho nguyén ham ctia ham s6 f(x) = cos2x.cosx c6 dang:

. . 1 . .
A. 1 sin3x - 1 sinx + C. B. —sin3x - 1 sinx + C.
2 6 6 2
1 . 1. 1 . 1 .
C. =sin3x + —sinx + C. D. Zsin3x + —sinx + C.
6 2 2 6
Dap s6 trac nghiém C.

» Loi gidi tu ludn: Ta c6:

If(X)dx = %f(cos3x + cosx)dx = %sin?ax + %sinx + C, ing v6i dap an C.
» Lua chon dép 4n bang phép thu 1 (T trai qua phai): Ta 14n lugt dénh gia:
V6i F(x) trong dap an A thi:

fx)=Fx) = -;—cos3x - —écosx = Dap an A bi loai.
= Véi F(x) trong dap an B thi:

f(x)=Fx) = écos3x - %cosx = -sin2x.sinx = Dap an B bi loai.
V6i F(x) trong dap an C thi:

fx)=F(x) = %cos3x + -;—cosx = cos2x.cosx = Pap an C dung.
Do d6, viéc lua chon dép 4n C1a diing dén.
» Lua chon ddp an bang phép thi 2 (T phai qua trdi): Ta 14n lugt danh gia:
= Véi F(x) trong ddp 4n D thi:

f(x) =F(x) = %cos3x + —é—cosx = DPap an D bij loai.
= V6i F(x) trong dap an C thi:

f(x) =F(x) = %cosSx 1 cosx = cos2x.cosx = DPdap an C dung.

Do dé, viéc lya chon dép 4n C 13 ding dén.




& Nhan xét: Nhu vay, d€ lya chon dugc dép 4n ding cho bai todn trén thi:
Trong cdch gidi tu ludn chung ta stt dung phuoing phdp phan tich dé tim nguyén
ham dua trén cic phép bién d6i tich thanh t6ng. Cu thé, chung ta c6:
COSX.COSY = % [cos(x +y) + cos(x - ¥)]
sinx.siny =

[cos(x - y) - cos(x + V)]

sinx.cosy = = [sin(x + y) + sin(x - y)]

=N NR

cosx.siny = 5 [sin(x +y) - sin(x - y)]

Trong cdch Iua chon ddp 4n bing phép thii 1 va 2 chiing ta thyc hién tit trdi qua
phai va tif phai qua trai.
Bai 24. Ho nguyén ham ctia ham s6 f(x) = cos*x c6 dang:

A. % (3% + 2sin2x + i—sinﬁbi) +C. B. _é. (3x - 2sin2x + %sinélx) +C.

C. é— (3x + 2sin2x - -élisinﬁlx) +C. D. % (3x - 2sin2x - %sinélx) + C.

Dép s6 trac nghiém A.

» Loi giai ty Iudn: Ta c6:

If(X)dX = Jcostx.dx =] (-IJ—C;—)E%T dx = %J (1 + 2c082x + cos?2x)dx

1
= %f[l +2c082x + 5 (1 + cos4x)]dx =% f(3 + 4c0s2x + cosdx)dx

1
3 (3x + 2sin2x + i—sinébc) + C, ing v6i dap an A.
» Lua chon ddp 4n bing phép thii: Ta 1an lugt danh gia:
2 Vi F(x) trong dép 4n A thi:
fx)=F(x) = Elg- (3 + 4c082x + cos4x) = % (3 + 4cos2x + 2cos2x - 1)

_1

2
(1 + 2c082x + c0s?2x) = (}——J—rﬁgs—zﬁj = cos*x = Pédp an A ding.

N

Do d6, viéc lva chon dp 4n A la ding dan.

& Nhén xét: Nhu véy, dé Iya chon ‘dli(.)'c d4p 4n dung cho bai toan trén thi:

Trong céch gidi tu ludn ching ta st dung phuong phdp phan tich 4 tim nguyén
ham dya trén cdc cong thic ha bac.

222)
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Cu thé, ching ta st dung céc cong thtic sau:

. 5. _ 1—cos2x 2 _ 1+cos2x.

81nx———-2—.—.., cosx————2~—-——,

sinx = 3sinx —sin3x. cos’x = 3cosx +cos3x
"'-————-————_—_, e ]

4 4
dugc stt dung trong cac phép ha bac mang tinh cuc bd.

e Hang dang thiic: sin* + cos’x = 1. dugc st dung trong cac phép ha bic mang tinh
toan cuc cho cac biéu thiic, thi du:
sin’x + cos*x = (sin’x + cos?x)? - 2sin?x.cos?x
=1- lsin22X== 1- ~1—(1 - cos4x) = lCOS4X+ E.
2 4 4 4
sin®x + cos®x = (sin’x + cos?x)’ - 3sin’x.cos’x(sin?x + cosxx)

=1 ~3—sin22 =1 -3~(1—cos4x)~§c034x+§
T geRE ATy =8 g’

® Trong cdch Iua chon ddp 4n bing phép thir chiing ta thuc hién ti trai qua phai va
nhén thdy dap dn A 13 ding nén diing phép thii tai day.

Bai 25. Ho nguyén ham ctia ham s6 f(x) = sin’x + cos*x c6 dang:

Al (3x + lcos4x) + C. B. 1 (3x - —1-cos4x) +C.
4 4 4 4

c. 1 (B3x + lsin4x) +C. D. L (3x - lsin4x) +C.
4 4 4 4
Dap s6 tric nghiém C.

> Loi gidi tt ugn 1: (St dung phép ha bic don): Bién d6i f(x) vé dang:
: 1-cos2x 1+ cos2x Y’
f(x) = (sin’x)? + (cos’x)? = (____2____j e

=1 Loogpx=L 4 L Ltcosdx _ L3+ cosdx).
2 2 2 2 4
Khi dé:
1 PR
_ff(x)dx = ZI(S + cosdx)dx = 7}(3){ + %sinﬁlx) + C, ting v6i dép an C.

» Loi gidi tu ugn 2: (St dung phép ha bic toan cuc): Bién déi f(x) vé dang:
VT = sin*x + cos*x = (sin’x + cos*x)? - 2sin*x.cos2x

1 1-cos4dx

1
=1-1sinx=1-1 = = (3 + cosdx).
2 2 2 4




Khi dé: J f(x)dx = i—f (3 + cosdx)dx = —3(3){ + %sinélx) + C, ting v6i dap 4n C.
» Lua chon dép éni bang phép thi: Ta lan ligt danh gid:

. 1
= V6i F(x) = 1 (3x + %coszlx) + C thi:

fx)=Px) = %(3 + sin4x) = £(0) = —i: # sin%0 + cos0 =1
= Cac dap dn A va B biloai.

s VGi F(x) = %(3X - %sinflx) + C thi:

fx)=F(x)= i(3 - cosdx) = f(0) = é— # sin*0 + cos*0 =1
= Dép 4n D bi loal. |

Do d6, viéc lya chon dp 4n C1a dung dan.

& Nhan xét: Nhu vy, d€ lya chon dugc dap 4n ding cho bai toan trén thi:

Trong céch gidi tu lugn 1 chiing ta stt dung phép ha bic don d€ dua ham s6 vé dang
dé ldy nguyén ham.

= Trong c4ch gidi tu ludn 2 chiing ta st dung phép ha béc toan cuc dé dua ham s6 vé
dang dé 14y nguyén ham.

Trong cdch Iua chon ddp 4n bing phép thi chiing ta thiic hién tii trdi qua phai. Tuy
nhién, v6i phép thit d6 vi d4p an C dung v6i gid tri x = 0 nén chuyén qua dép 4n D dé
nhén xét dugc ring dép 4n nay 12 sai. Tit d6, khing dinh viéc Iya chon ddp 4n Cla ding
d&4n - Cdc em hoc sinh c4n ghi nhin y tuéng ndy dé stt dung trong cdc phép thi ma & dé
viéc bién déi ligng gidc vé ham s ban déu Ia phiic tap.

1
Bai 26. Ho nguyén ham clia ham s6 f(x) = ._\/________: c6 dang:
(1-x*y’

AVI-% +C. B.-2_+C. C. xV1-x+C. DL _icC

1-x 1-x
DPép s6 trac nghiém B.

> Loi gidi tu lugn: Dat x = cost, 0 <t <7 suy ra:

dx = -sint.dt va f(x).dx = - 5009t — 8 qicoty),
sin’ t sin” t

X

Khi d6: [f00dx = [d(cot t) = cot t + C = — + C, ting v6i dép én B.
—X

(29)
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» Lua chon dép dn bing phép thi: Ta lan lugt ddnh gia:
= V&i F(x) = V1-x* + C thi:

fx)=(J1-x* +C) = \/l \/(1 = :>DapanAb110a1
—x?

= VGi F(x) = _...lx_z_ + C thi:
V1-x
Y - x> — *2.),(,7:___
fi +C|= 2\/1”1}7:____*3}), 1 B dting.
(x) (\/1 X2 ] —x Jioxy dp 4n B dung

Do dé, viéc lua chon dap 4n B 1a dung dan.
@ Chi y: Trong bai tap trén s& di ta cé:

X
JA=x*) =sindtva cott =
V1-x?
. 2 . .
Vsin® t =sint

sint=\/1~coszt =\/1~x2

1£1b6i:0<t<nzsint>0:>{

Bai 27. Ho nguyén ham ctia ham s6 f(x) = (4x - 1)? ¢6 dang:
A.%(4x-1)4+C. B,%(4x—1)4+C.
c. Lax-1t+C D. L (4x-1)+C.
16 32
Dap s6 trac nghiém C.
1

> Loi gidi ty Iudn 1: D3t t = 4x - 1 suy ra: dt = 4dx va f(x).dx = 1 t3dt.
Khi do:

If(X)dX =1 ft3dt = t‘* +C= -—(4X 1)* + C, ting véi dap an C.
» Loi gidi ty Iu,an 2:Ta b1en déi: f(x) = 64x° - 48x* + 12x - 1.

Khi dé: [ f(x)dx = [(64x° - 48x" + 12x - 1)dx = 16x* - 16%° + 62 - x + C
' 1

= %6—(256)(‘1 - 256x% +96x* - 16x+ 1) + C - —1-—6—
- 1_16 (4x - 1)* + C, ting v6i ddp 4n C.

» Lua chon dép 4n bang phép thit: Ta lan lugt danh gid:

V6i F(x) trong dap én A thi: f(x) = [% (4x - 1)}4 +CJ]’ =4(4x - 1)’ = Dép 4n A biloai.

@




Bdi céc d4p 4n A, B, C, D chi khéc nhau & hé s6 va gid thiét cho hé s6 1 (ttic 16:16 = 2)
nén ta loai bo tiép dugc cac dap an B va D.
Do d6, viéc lua chon dép 4n C 1a dting déan.

Bai 28. Ho nguyén ham ctia ham s6 f(x) = 2xVx* +1 ¢6 dang:
3 : 3
A. é—(x2 +1)2 +C. B. %(x2 +1)2 +C.

”C. —i—\/x2+1 +C. D. %\/X2+1 +C.

Dap s6 tric nghiém B.

> Loi gidi ty lugn: Pét t = Vx* +1 suy ra:
- oxdx xdx

dt = —— = == & xdx = tdt va f(x).dx = 2t3dt.

STl
Khi dé: If(x)dx =2fedt = %ﬁ +C= %(x2 + 1)% + C, ting v6i dap 4n B.
" » Lua chon dip 4n bing phép thii: Ta 1an lugt danh gia:
Véi F(x) trong dap 4n A thi:
f(x) = B(,g + 1)“;‘ } = %% 2%.(x* + 1)% = xVxP+1 = Dép 4n A biloai.

= B&i chc d4p 4n A, B chi khéc nhau ¢ hé s6 va gia thiét cho hé s6 2 nén viéc lya chon
dép 4n B 1a dung dan.
Bai 29. Ho nguyén ham ctia ham s6 f(x) = sin*x.cosx c6 dang:
1 .

. 1. 1,
A, %smsx +C. B. 3 sin’x + C. C. Zsmsx + C. D. 35 sin’x + C.

Dap s6 trac nghiém D.
> Loi gidi tuf Iugn: Dt t = sinx, suy ra dt = cosx.dx va f(x).dx = t'dt.
1

Khi d6: [ £(dx = ferdt = é—ts +C= 2 sinx + C, ting vdi ddp dn D.

» Lua chon ddp dn bing phép danh gia: Ta co:
(sin®x)’ = 5sin*x.cosx = cin hé s % dé khti 5.

Do d6, viéc lua chon dép 4n D la ding dan.
sinx

Bai 30. Ho nguyén ham ctia ham s6 f(x) = c6 dang:

1 COS™ X 1
A-—+C B.-—— +C. c. L ic D

sinx COSX " CcosX " sinx

Dap s6 trac nghiém C.
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» Lot gidi tir Iudn: Dt t = cosx suy ra: dt = -sinx.dx va f(x).dx = - %
1
Khidé: [foodx = J& -1y oo | ¢ tngvéidapan C.
t? t cosX
» Lya chon dép 4n bang phép thi: Ta lan lugt dénh gi:
= V6i F(x) trong dap an A thi:

f(x) = {ML + C} = 593X Cac dap an A va D bi loai.

sinx sin® x

s V6i F(x) trong dép 4n B thi:

f(x) = [— ! + C} = - Sin2X => Dép an B bi loai.
cosx cos’ x
Do d6, viéc Iya chon dép 4n C 1a dung dén.

Bai31. Ho nguyén ham ctia ham s6 f(x) = sinxv/2cosx —1 c¢6 dang:

A. % Jreosol +C. B. % J2cosx—1) +C.
C. é \V2cosx—1 +C. D. ~é JQ@cosx—1)* +C.

Dap 6 tric nghiém B.

» Loi giai tv ludn: D3t t = V2cosx —1 suy ra:

sin x.dx inx.d
_Sinxdx e edx = -tdtva f(x).dx = -t3dt.
V2cosx —1 t

Khi do: Jf(X)dX = [edt = —% t+C= -% J(2cosx -1y’ + C, ting v6i dép 4n B.
» Liia chon dédp 4n bang phép thi: Ta lan lugt danh gia:

dt=-

= V6i F(x) trong dap 4n A thi:

fx) =F(x) = . sinx = Céc dap 4n A va C bi loai.
3v2cosx ~1 P

V6i F(x) trong dap 4n B thi:
f(x) = F(x) = sinx\2cosx -1, dung.
Do d6, viéc Iya chon dép én B la ding dén.
Bai 32. Ho nguyén ham ctia ham 6 f(x) = 2x.¢" "' ¢6 dang;
A.xe" 4 C, B.-e"" +C, C.e"" +C. D.xe"" +C.

Dbap s6 tric nghiém C,




> Loi gidi ty lugn: D3t t = x* + 1 suy ra: dt = 2x.dx va f(x).dx = e'dt.
Khi dé: jf(x)dx =fedt=et+C=e"" +C, ung v6i déap an C.

> Lua chon ddp 4n bing phép thii: Ta 14n lugt danh gia:
V6i F(x) trong dap an A thi:
fx)=Px)=-( et 4 oxzer ) = Céc dép an A va D bj loai.
= Véi F(x) trong dép 4n B thi: f(x) = F'(x) = -2x et = Dap 4n B bi loai.
Do d6, viéc Iuia chon dép 4n C 1a dung dan.

tanx

Bai 33. Ho nguyén ham ctia ham 6 f(x) = —— c6 dang;
cos” X
A.e*+C. B. e + C. C.-e=+C. D. -e«>+ C.
Dbép s6 trac nghiém B.
dx

» Loi gidi tu ludn: Dt t = tanx suy ra: dt =

o va f(x).dx = e'dt.

Khi doé: _(f (x)dx = [etdt = et + C = e* + C, ing v6i ddp 4n B.
» Lua chon ddp 4n bang phép thit: Ta 1an lugt danh gia:
V6i F(x) trong dap an A thi: .

cotx

fx)=Fx)=- = C4c ddp an A va D bi loai.

sin® x
V6i F(x) trong dap an B thi:
tanx

f(x) = P(x) = ——, ding.

cos*x
Do d6, viéc lva chon dép 4n B la diing dan.

X

€

Bai 34. Ho nguyén ham ctia ham s6 f(x) = =1 c6 dang:
A.4In(e+ 1)+ C. B. 3ln(e*+ 1) + C.
C.2In(er+ 1)+ C. D.In(er+ 1) + C.

Dap s6 trac nghiém D.
» Loi gidi tu ludn: Ditt = e* + 1 suyradt = e"dx vaf(x).dx = Sdti .
Khi dé: _[f(x)dx = J—dti =In|t| + C =In(e* + 1) + C, ing v6i dép 4n D.
» Lua chon ddp 4n bing phép dédnh gid: Ta co:

[In(e*+ 1) = x

= Dép én D l1a diing dan.

ex




Bai 35. Ho nguyén ham ctia ham s6 f(x) =
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c6 dang:

A.lnx + C. B.In(Inx) + C. C. -In(Inx) + C. D. -Inx + C.
Dap s6 trac nghiém B.

; - R o dx dt
» Loi gidi tu lugn: Dt t = Inx suy ra dt = 2 v f(x).dx = N
X :

Khi do: [feodx = I% = In|t| + C = In(Inx) + C, ting véi dép 4n B.
» Lua chon ddp 4n bing phép thii: Ta 1an lugt danh gia:
= V6i F(x) trong dép 4n A thi:
f(x) = F(x) = - = Céc dép dn A va D b logi
= V6i F(x) trong dép 4n B thi:

f)=Fe)= 9 - L 4ing

Inx x.Inx
Do d6, viéc lya chon dép én B 14 diing dén.

Bai 36. Ho nguyén ham ctia ham s6 f(x) = x.* ¢6 dang:

A.x.e"+C. B.x.e*+ e+ C. C.xe-e+C. D.x.e*-C.
Pép s6 tric nghiém C.
L ju=x du=dx
> Loi gidi ty ludn: Dit: L= L
v=e v=e

Khi do: jf(x)dx =x.e - Jeddx =x.e - e + C, ung véi dap an C.
» Lua chon ddp 4n bing phép thii: Ta 14n lugt danh gia:
V6i F(x) trong dép an A thi: f(x) = F'(x) = e* + x.e* = Céc d4p 4n A va D bi loai.
= Vi F(x) trong dap 4n B thi:
f(x) = F'(x) = e* + x.e* + € = 2€* + x.e* = Dép 4n B bi loai.
Do d6, viéc lya chon dép én C 1a ding d4n.

Bai 37. Ho nguyén ham ctia ham s6 f(x) = x.Inx ¢6 dang;

1

A. x.Inx -x+C. B. —%xz.]nx - ZX2+C.
1 1

C. x.Inx +x+C. D. -2—X2-1nx + sz +C.

Dap s6 trac nghiém B.
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u=Inx

> Loi gidi tu ludn: Dat:
dv=x.dx

Khi do:
1 2 1 l 2 1 ’. 7,0 4 4
_[f(X)dX = 7% Jdnx - -2-dex= 5% Jdnx - ZXZ + C, ing v6i dap an B.

» Lua chon ddp én bing phép thit: Ta1an lugt ddnh gia:

= V6i F(x) trong dap an A thi:

f(x) =P (x) =Inx + 1 - 1 = Inx = Céc dép an A va C bi loai.
1
# V6i F(x) trong ddp 4n B thi: f(x) = F'(x) = x.Inx + SX- %X = x.Inx, dung.
Do d6, viéc lua chon dap 4n B 1a dung déan.

Bai 38. Ho nguyén ham ctia ham s6 f(x) = x.sinx c6 dang:

A.x.sinx - cosx + C. B.x.sinx + cosx + C.
C. -x.cosx - sinx + C. D. -x.cosx + sinx + C.
Dip s6 trac nghiém D.

» Loi gidi ty ludn: Dat: {
Khi d6:

If(x)dx = -x.co8X + Jcosx.dx = -x.cosx + sinx + C, {ing v6i dép 4n D.

u=x {duzdx
p—

dv =sin x.dx V=-—COSX

> Luia chon ddp 4n bing phép thit 1 (TU trai qua phéi): Ta 1an lugt danh gia:
= V6i F(x) trong dap an A thi:

f(x) = F'(x) = sinx + X.cosx + sinx = 2sinx + x.cosx = Pap an A bi loai.
V6i F(x) trong dap an B thi:

f(x) = P’(x) = sinx + X.cosx - sinx = x.cosx = Dap an B bi loai.
Véi F(x) trong dap an C thi: ‘

f(x) = F(X) = -COSX + X.8inX - cosx = -2cosx + x.sinx = Pap an C bi loai.
Do d6, viéc lua chon dap 4n D 1a ding dan.
> Lua chon ddp 4n bing phép tht 2 (Tii phai qua trai): Ta 14n lugt danh gia:
V6i F(x) trong dap an D thi: |

f(x) = F(x) = -cosx + X.8inX + cosx = x.sinx, ding.

Do d6, viéc lya chon d4p 4n D la dang din.
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» Lua chon ddp dn bing phép thi két hop ddnh gid: Ta 1an lugt dénh gid:
= P& c6 dugc biéu thiic x.sinx sau phép 1dy dao ham thi F(x) phai chia x.cosx, do d6

cac dap an A va B bi loai.

" V6i F(x) trong dap an C thi:
f(x) = F(x) = -cosx + X.sinx - cosx = -2cosx + X.sinx = Ddp an C bi loai.

Do dé, viéc lya chon dap an D la dung dan.

Bai 39. Ho nguyén ham clia ham s6 f(x) = x.cosx c¢6 dang:

A. -x.sinx - cosx + C. B. x.sinx + cosx + C.
C. -x.cosx - sinx + C. D. x.cosx + sinx + C.
Dbap s6 trac nghiém B.
S g e eve A .. Ju=x du =dx
» Loi gidi tu ludn: Dat: =

dv =cosx.dx
Khi d6:

If(x)dx = x.sinx - [sinx.dx = x.sinx + cosx + C, ung véi dap an B.

vV =sIinX

» Lua chon ddp 4n bang phép thii: Ta 1an lugt danh gia:
V6i F(x) trong dap 4n A thi:
f(x) = F’(x) = -sinx - X.cosx + sinx = —x.ébsx => Dap an A bi loai.
® Vi A va B chi khac nhau v€ d4u nén dap an B la dung.
Do d6, viéc Iya chon dp 4n B 12 dting dén.
» Lua chon ddp dn bing phép thit két hop dénh gid: Ta 1in lugt d4nh gié:
Dé c6 dugc biéu thiic x.cosx sau phép Iy dao ham thi F(x) phai chia x.sinx, do d6

cac dap an C va D bi loai.

V6i F(x) trong dap an A thi:
f(x) = F’(x) = -sinx - x.cosx + sinx = -x.cosx = Dap 4n A bi loai.

Do dé, viéc lya chon dép an B 1a dung dan.




CAC PHUONG PHAP GLAI BAI TAP TRAC NGHIEM
TiCH PHAN

L KIEN THO'C €O BAN

Khai niém tich phan

Djnh nghia: Cho ham s6 f(x) lién tuc trén khoang I va a, b Ia hai s6 bt ki thudc 1.
Néu F(x) 1d mét nguyén ham cta f(x) thi hiéu s6 F(b) - F(a) duioc goi l4 tich phén ctia {(x)
b
ttra dénb va ki hiéu Ia I f(x)dx .

a b
Ta c6 cong thiic Niuton - Laipnit: If (x)dx =F(x) ‘: = F(b) - F(a).
b a
Chu y: Tich phan If (x)dx chi phy thudc vao f, a, b ma khong phu thudc vao cach
ky hiéu bién s6 tich phan Vi vay, ta c6 thé viét:

F(b) - F(a) = j f(x)dx = j f(D)de = j f(wdu =...

Pinh If: Cho ham s6'y = f(x) lién tuc, khéng 4m trén khodng 1 v a, b 14 hai s6 thudc
I (a<b). Dién tich S ctia hinh thang cong gi6i han béi d6 thi ham s6 y = f(x), truc hanh
va hai duong thingx = a,x=b Ia:

S= j.f(x).dx.

ac tinh chit ctia tich phin

Gi4 st cac ham s6 f(x), g(x) lién tuc trén khoadng I va a, b, ¢ la ba s6 bat ki thuoc L.
Khi d6 ta c6 céc tinh chéat sau:
Tinh chét 1: [f(x)dx =0.
. .
Tinh chit 2: [f(x)dx = - [f(x)dx.
b "y
Tinh chat 3: j kf(x)dx =k [f(x)dx, véi keR.

b b b .
Tinh chét 4: [[f(x)+g(0ldx = [f(0dx + [g(x)dx.

Tinh chat 5: _[f(x)dx = jf(X)dX + jf(x)dx,
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b
Tinh chat 6: Néu f(x) > 0, Vxe[a; b] thi J'f(x)dx >0.
) ' b b
Tinh chat 7:Néu f(x) 2 g(x), Vxe [a; b] thi [f(x)dx > [gx)dx.
a a b
Tinh chit 8: Néu m < f(x) <M, Vxe[a; b] thi m(b - a) < j f)dx <M(b - a).
Tinh chat 9: Cho t bién thién trén doan [a; b] thi G(t j f(x)dx la nguyén ham ctia
f(t) va G(a) = 0.
b
Pé tinh ff (x)dx ta sti dung;
a. Bang nguyén ham cdc ham s6 so cdp co ban.

b. Stt dung méy tinh CASIO fx - 570MS, bang céch thyc hién theo cdc buéc:
Budc 1: Thiét 1ap moi trudng bang cich 4n:

Buéc 2: D€ tinh Lb f(x)dx, ta khai bao theo ct phap:
168 < ham 56 f(x) > [l 2 [l v [ B
3. - Phuong phap d6i bién s6

Cdc phuong phép d6i bién s6 dugc sti dung khd phé bién trong viéc tim nguyén
ham. Co s& ctia phuong phap d6i bién s6 14 dinh 1i sau:
b

B
If[u(x)]u'(x')dx = If(u)du , VOi a = u(a) va B = u(b).
- 4. Phuong phap tich phan tiing phin
Co s6 ctia phuong phap tich phan tling phén la cong sau:
f u(x).v'(x).dx =

- J.V(x)u(x)dx (1)
bé su dung (1) trong viéc tinh tich phanI= J- f(x)dx ta thuc hién cdc buéc:
BuGc 1: Bién d6i tich phan ban d4u vé dang: *

b b
1= [f(x)dx = [,00.4,(dx

= d
Budc 2: Dit: v =hx) = { !
dv =1, (x)dx \
b
Budc 3: Khi d6: T=uv|? - [vdu

a
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Cht ¥: Khi st dung phuong phép tich phan tling phén d€ tinh tich phén, ching ta
cin tuan thii cic nguyén tac sau:
1. Lya chon phép dit dv sao cho v dugc xac dinh mot cdch dé dang.
b
2. Tich phan jvdu dugc xac dinh mot cach dé dang hon so voi L.

3.Chuing ta cAn nhé cdc dang co bdn sau:

Dang I: Tich phan 1= [x2Inxdx, v6iac R \{-1} khi d6 dit u = Inx.

Dang 2:Tich phan 1= [P(x)e=dx (hodcI= [P(x)e=dx ) v6i P 1a mot da thiic thudc R
[X] va ae R khi d6 dit u = P(x). 4

Dang 3: Tich phan I = JP(x)sin oxdx (hodc jP(x)cos axdx) v6i P 1a mét da thic
thuoc R [X] vaae R khi d6 dit u = P(x).

Dang 4: Tich'phan I = fecos(bx)dx (hoic Je=sin(bx)dx) véi a, b # 0 khi d6

dit u = cos(bx) (hodc u = sin(bx)).

[T} ¢ fic PHUONG PHAP GIAT BAI TAP TRAC NGHIEM

Bai 1. Tich phén j(2x +1)dx bing:
A.0. ' B.1. C.2. D. 3.
' Dép s6 trac nghiém C.
» Loi gidi ty ludn: Ta co:
j(zx +1)dx = (&2 +x) I, =2, ing véi dap an C.
0

» Liia chon ddp 4n bang phép thit két hop st dung mdy tinh CASIO fx - 570MS:
béng cach thuc hién theo thu ty:

[ arrA X E HoE 1 BB [ 2

Do d6, viéc lua chon d4p 4n C 1a dung dan.
> Lua chon ddp 4n bing phép dinh gid: Dya theo tinh chét 8, béng cach lap ludn:
1<2x+1<3,v6iVxe[0;1] =>1-0< _1[(2X+1)dx <3(1-0)
1< j(lx +1)dx < 3 = Cacddp an A, ;3 va D bi loai.
o

Do d6, viéc lua chon dép 4n C 13 diing dén.
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" Nhan xét: Nhu vay, d€ lua chon dugc dap 4n ding cho bai toan trén thi:

= Trong cdch gidi tu ludn, chiing ta st dung bang nguyén ham cac ham s6 so cdp co
ban va dinh nghia tich phan d€ tinh.

® Trong cdch Iya chon ddp dn bing phép thitkét hop stt dung mdy tinh CASIO fx-570MS,
chiing ta st dung chiic nang tinh tich phan ctia my tinh, diéu nay gitp giam dugc thoi
gian. Tuy nhién, cac em hoc sinh cin luu y:

® Vi cdc ddp 4n lé thi cin tinh gin dung chiing dé so sénh véi két qua nhan dugc
tl may tinh.

® V6i cac ham s6 lugng giac thi cdn thiét 1ap don vi do tuong ting.

® Trong cdch Iua chon ddp dn bang phép ddnh gid, ching ta sti dung tinh chét 8 d¢
loai trli ngay dugc cac dap an B, C va D. Tt d6, khing dinh dugc viéc lua chon dap an
A la ding dan.

Vi bai todn nay, viéc stt dung phuong phép danh gid chi mang tinh minh hoa bai
phép tinh tich phan qua don gian.
Bai 2. Tich phan J}x3 (x +1)dx bang:

0
A.0. B. L, C. 10 D.
20

W=

Dap s6 trac nghiém B.
» Loi gidi ty lugn: Ta cé:

- -
J‘XS(X-i-l)dX = I(x4+x3)dx = (lx +1x4j
° 0 5 4

=% , ing véi dap an B.

0

» Lua chon ddp dn bang phép thii két hop stt dung méy tinh CASIO fx — 570MS:
béng cach thuc hién theo thii tu:

m-

Do do viéc lya chon dép an B 1a dung dan.
Bai 3. Tich phan f x(v/x —x*)dx bing:
0
A.-156 B.- 20 c.24, D. 3%
5 5 5 5
Dép s6 trac nghiém B.
» Loi giai tv Iudn: Ta cé:

4 4 3 5
Ix(\[;—xz)dx :J‘(Xi —xY)dx = [%xz ——1~x
0 0




» Lua chon dip 4n bing phép thit két hop stt dung mdy tinh CASIO fx - 570MS:
béng cach thuc hién theo thu ty:

MODE|[1]
I (arprA 4 KLPH&@!BLPHNEEIIHOMI

51,
Do dé, viéc lya chon dap 4n B la ding d4n.
3
BAi 4. Tich phan [ bang
) X
An3. B.In2. C. In3. D.InZ.

Pap s6 trac nghiém A.

3 .
> Lo gidi tof ugn: Ta c6: [ =|In|x]|,=1n3 - In2 = m% {ing véi ddp 4n A.
X
2

> Lua chon ddp 4n bing phép thit két hop sit dung mdy tinh CASIO fx — 570MS:
bing céch thuc hién theo thi ty:

,_
‘ @@EES.E

Do d6, viéc lua chon dép 4n A la dung dan.

> Lua chon dép 4n bing phép ddnh gi: Dua theo tinh chdt 8, bing cach lap luan:
I 1 . 1 tdx 1
- : il - < | —— <L — -
< " < 2,V0’1VX6[2,3]:> 3(3 2)< 'I < 2(3 2)

1 dx

1

S5 <)T <7 :>CacdapanB CvaD biloai.
X

2

Do d6, viéc Iya chon dép 4n A 13 ding dan.
Bai 5. Tich phan | [x + ] dx bing:

N 275 275 25

ST T _ T "3
Dap s6 trac nghiém B.

» Loi gidi tu Iudn: Ta co:

4 2 4 : 4
I()H—lj dx :j(x2+~1w2—+2)dx=(lx 1ok j
] X > X 3 X

2

275

ling v6idap an B.
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# Lua chon ddp dn bang phép thi két hop st dung mdy tinh CASIO fx - 570MS:
bang cach thyc hién theo thit tu:

| |
MAArEAXE  MAcriAxDEE2B40
-]

Do dé, viéc Iva chon dap 4n B 1a dung dén.
»> Lua chon ddp dn bing phép ddnh gi4: Dya theo tinh chit 7, bing cach 1ap luén:
1 2 4 1 2 4
X+ —22,v0i Vxe[2;4] = [X+1J 24 = J(X+_j dx > j4dx =8
X X ! X )
= Cac dap an A, C va D bi loai.
Do d6, viéc lya chon dép 4n B 1a dung dén.
3
Bai 6. Tich phan _[\/x +1dx béng:
0
A.0. B.2. c. 14 =

Dap s6 trac nghiém C.
» Loi gidi ty Iudn: Ta c6:

3 3 1 3P
J\/x+1dx :j(x+1)2dx = %(x-rl)2 = %,L’ingvéi dép an C.
0 0

0
» Lua chon ddp dn bang phép thii két hop st dung mdy tinh CASIO fx - 570MS:
bang cach thyc hién theo thi tu:

m-

B fAE:0E

Do dé, viéc Ivia chon dap 4n C 1a dung din.
» Lua chon ddp dn béng phép dinh gi: Dya theo tinh chat 8, bang cach lap luén:
1<Vx+1<2, véi Vxe[0;3] = 1(3-0) < j\/x—fdx <2(3-0)
<3< I\/;_dx <6 = Céc dap an A, B va D bj loai.
Do @6, viéc lL_ia chon déap 4n C la ding dén.
Bai7. Tich phan j(e" +1)dx béng:

0
A.e. : B. 2e. C.2e+1. D.e+1.
Dap s6 trac nghiém A.
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- » Loi gidi ty ludn: Ta cé:
1
J‘(e" +1)dx = (e +x)l, =e+1-1=¢e, Ging v6i dap én A.
0

» Lua chon dip én bing phép thit két hop sit dung mdy tinh CASIO fx - 570MS:
bang cach thyc hién theo thi tu:

[ AerA [ B arpuA X(ER ol 1 BE

Do d6, viéc lua ch(_)n' d4p 4n A la ding dan. —

> Lua chon ddp 4n bing phép dinh gi: Dya theo tinh chét 8, bing cach lap luan:
1

2<e+1<e+1,v6i Vxe[0;1] = 2(1-0)< (" +Ddx < (e +1)(1-0)
&2< _l[(e"'+ Ddx < e+ 1= Cacdéap an B, C:ré D bi loai.
Do d6, viéc 1011a chon dép 4n A la dung dén.
Bai 8. Tich phan :[[e“ +;—%—J dx bang:

2 . 2

A S i3moel B. & 43m2-1.
2 2 2 2
2 2

C. & 3ot ) D. & _3m2-1.
2 2 2 2

Dbap s6 trac nghiém B.

» Loi gidi tu ludn: Ta co:

1 3 I
J'(er +deX:(—2-ezx +3lnlx+1|)
0

eZ

—2~+3ln2—%, ting v6i dap an B.

> Lua chon dép 4n bing phép thit két hop stt dung mdy tinh CASIO fx - 570MS -

Hoc sinh ty thuc hién.
n/4
Bai 9. Tich phan [ (sinx +cosx)dx béing;

0

A B B. 2.
Dap s6 trac nghiém C.

> Loi gidi tu Iudn 1:Ta co:
n/4

/4
J. (sinx +cosx)dx = \/5 J. sin(x+7:—jdx - — 2cos(x +§:j
0 0

C. L D. 0.

/4

=1,{ingv6idapan C.

0
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» Loi giai t ludn 2: Ta co:
al4
J' (sinx +cosx)dx = (-cosx + sinx)l3'* = 1, ting v6i dép an C.

» Lua chon ddp dn bang phép thii két hop st dung mdy tinh CASIO fx - 570MS:
bang cich thuc hién theo thi tu:

IMODE| MODE/MODE MODE (Thiét lap don vi do rad)
o fsin NS + [cos|NOTERNE] |
of 408

Do d6, viéc lua chon dép an C 1a diing dén.

n/4
Bai 10. Tich phan J [Sinx~ .4 ]dx bang:
= sin® x
AL 2. B. 4. C. 6. D. 8.

Dap s6 trac nghiém D.

> Loi gidi ty lugn: Ta co:

n/4

. 4 r . i A4 2
j (smx- — )dx = (—cosx+4cotx)]‘ " =8, ting véi dép 4n D.
- sin® x -n/4

» Lya chon dép 4n bing phép thii: St dung mdy tinh CASIO fx - 570MS, bing
cach thuc hién theo thi tu:

MODH|[1

tMODﬂ ]MODE! IMODE} lMODEI [2] (Thzet lap don vi do rad)
i;. - E [SHIFT] = (] 4 E

Do d6, viéc lya chon dép 4n D 1a dung dén.

16
‘e , N dx N
Bai 11. Tich phan | ———— bén
P '([\/x+9—\/x s

A, 12. B. 10. C.8. D. 6.
Dap s6 trac nghiém A.
\/x+9+f) 18
> T ( —[(Vx+9+x)d
Loi gidi tu Iudn: Ta c6: J\/X+9 5 'f o 9‘([( X x) X
if2, 2 22"
5{ (x+9)? += 3 xz} =12,tingvéidap an A.
0




» Lua chon dép 4n bing phép thit két-hop st dung mdy tinh CASIO fx - 570MS:
bang cach thuc hién theo thi ty:
m MODE 1]
1H| 3 @~ pra X B o B B B ALPEAX §
BolHsBE

Do d6, viéc lyia chon dép 4n A 1a dung dan.

2
Bai 12. Tich phén [Ix|dx bang:

-1
A.0. B.2. c.3. D. L.
o 2 2 2
Pép s6 trac nghiém C.
> Loi gidi tu’luﬁn-V‘lquax:Ohém 36y=xdﬁid§utﬁ-sang+nén:
20 22 )
jlxldx leidX+I|xldx_ dex+J.de—-~2_ +§2— =~Z—,1’ingvéidépénC.
-1 -1 0

> Lua chon ddp 4n bing phép thi két hop st dung mdy tinh CASIO fx - 570MS:
bang cach thuc hién theo thu ty:

MI

Do d6, viéc lua chon dap 4n C 1a dung déan.
Bai 13. Tich phéan j lInx |dx bang:
Al B2l C.2+2, D. 1+,
€ € € €

Dap s6 trac nghiém B.
> Loi gidi tu lugn; Vi qua x = 1 ham s6 y = Inx d6i dédu tli - sang + nén:
[1nxidx = jllnxldx + jllnxldx - jlnxdx N jlnxdx
1/e 1/e 1/e
= -x(Inx ~1)|1,e + x(nx-Dff =2 —%, ting v6i dép 4n B.
» Lua chon ddp 4n bing phép thit két hop stt dung mdy tinh CASIO fx - 570MS:
bang cach thuc hién theo thu ty:

i B ACPHAK B EE LALPHAIE:]!LALPHA!

Do d6, viéc lua chon dap én B la ding dan.

)
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Bai 14. Tich phan J.i cosx | dx bang:
0
A.Q. B. 1. C. 2. D.3.
Dap 56 trac nghiém C.

Vo7 s e a \ n \ P T \ A
# Loi gidi tif Iugn: Vi qua x = 5 ham s6 y = cosx d6i dédu tli + sang - nén:

b /2 n 72 b
J.Icosxldx - J-Icosxldx + J.|COSdeX _ jcosx.dx } Icosx.dx
0 0 n/2 0 n/2

. /2 : n ’ Ly Aro s
= sinx|["* - sinx|_ =2, ting v6i dap 4n C.

> Lua chon ddp dn bang phép thir két hop st dung mdy tinh CASIO fx — 570MS:
bang céch thyc hién theo thi tu:

IMODE [MODH MODH MODE (Thiét ldp don vi do rad)

Do do, viéc Iya chon dép 4n C 1a dtng dén.
2 5 5
Bai 15. Biét _[f(x)dx = -4, ff(x)dx = 6, gid tri ctia If(X)dx bang:
1 1 2
A, -4. B.6. C.2. D. 10.
Dép s6 trac nghiém D.
> Loi gidi tu Iugn: Ta cé:

5 2 5 5 5 2
J£G0dx = [fe0dx + [fx)dx & [ fdx = [Fe0dx - [£(x)dx = 10, ting véi dép an D.
1 1 2 2 1 1

3 4 4
Bai 16.Biét |f(z)dz =3, |[f(x)dx =7, gid tri chia [f(t)dt bing:
g g

0 0 3

A, -4, B. -10. C. 10. D. 4.
Dép s6 trac nghiém D.

» Lo gidi tu ludn: Ta c6:
4 3 4 3 4
jf(x)dx = j f(x)dx + j f(x)dx = jf(z)dz + j £(t)dt
0 0 3 0 3

4 4 3
< _[f(t)dt = _[f(x)dx - _[f(Z)dZ =7 -3 =4, ing v6i dép 4n D.
3 0 0




b
Bai 17.Biét [(x~1)dx =0, khi d6 b nhan gié tri bing:
0
A.b=0hodcb=1 B.b=0hoacb=2.
C.b=1hodcb=3. D.b=2hodcb=3.
Dap s6 trac nghiém B.

> Loi gidi tu lugn: Ta co:

o= fus-ox = (37}
= ( _.1)d ==X —X
‘(‘;X X ) ,

> Lua chon dép 4n bing phép thii: Ta lan lugt danh gia:

b

1 b=0
=-b-be , ing véi dap an B.
5 Lzz 8 p

= Dya theo tinh chit 1, chiing ta thdy ngay b = 0 thda man diéu kién ddu bai. Do do,
cic dép 4n C va D bi loai.
1
m V§ib = 1, ta dugc: j(x ~Ddx = [%xz - x)
0

1

:-% +0 = Dap 4n A bi loai.

0

Do d6, viéc Ia chon dép 4n B la ding dan.

» Lua chon ddp 4n bing phép thii két hop stt dung mdy tinh CASIO fx - 570MS: Ta
1an lugt co: _

= Dya theo tinh chit 1, chiing ta thdy ngay b = 0 thoa man diéu kién déu bai. Do do,
céc dap an C va D b loai. ‘

e V6ib=1,tadn:

oA XE Bl BB |
= Dép 4an A biloai.

Do d6, viéc lua chon dép én B 1a dung dan.

> Lua chon ddp 4n bing phép thit két hop stt dung mdy tinh CASIO fx - 570MS: Ta
1an lugt co: :

e V6ib =3, tadn:

e XE 1 §of:08 ,
= Céc dap an C va D bi loai.

Véib = 2, ta stt dung d4u con trd trén méy tinh d€ stia 3 thanh 2 r6i dn:

= I
= b =2 théa man = Pép an A bj loai.

Do d6, viéc lya chon dép 4n B 1a dung dan.

Y
%
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Bai 18. Biét j‘(3x2 —4x-9)dx = -18, khi d6 a nhén gia tri bing:

A.az(—)3. B.a=2. C.a=3. D.CaA, B, C
Dap s6 trac nghiém D.
» Loi gidi ty ludn: Ta cé:

_18 = j(3x2 ~4x-9)dx = (x' ~2x* —9x)‘: —a’-222- 92

<:>a3—02a2-9a+ 18=0<(a-2)(a*-9)=0<>a=2hodca=+3,
Viy, v6ia = 2 hodc a = +3 thda man diéu kién diu bai.
» Loi gidi tu ludn két hop st dung mdy tinh CASIO fx — 570MS: Ta c6:

-18 = i(sz —4x-9)dx = (x3 —2x? —9x)|:) =a’-2a’-9a

0

<a’-2a’-9a+18=0< a=2hodca=+3, bing cich 4n:

MODE MODE MODH[1][ »][3]
BEE--BE-B B
[ 7

Viy, v6ia = 2 hodc a = +3 thdéa man diéu kién dau bai.

» Lua chon ddp 4n bing phép thit két hop sit dung mdy tinh CASIO fx - 570MS -
Ban doc ty thuc hién tuong tu bai 17.

% Chi y: Cac bai tiép theo minh hoa mét s6 phuong phap tinh tich phan (phuong
phép phan tich, phuong phép d6i bién va phuong phép tinh tich phan tiing phan).

2
BAi19. Tich phan (—2 _ bing

1X°—-3x
A.-In2. B. -2In2. C.2In2. D.In2.
Dap s6 trac nghiém B.

A+B)x-3B
» Loi gidi tu ludn: Ta c6: =3 A LB (ArBx -8
30 x x(x —3)

3% x(x-3) x

A+B=0 {A _ 1
“13=3 TB=117 ¢ 3% 33 ¥
Khi do:
f_3dx Tdx  2dx | 2 . fi dso
{x2—3x = {X__3 I =(ln|x - 3| —lnlxl)‘1 = -2In2, ing v6i ddp 4n B.




» Lua chon ddp 4n bing phép thii két hop sit dung mdy tinh CASIO fx - 570MS:
Béing cach thuc hién theo thi ty:

I B @ ALPHA X

H ERE |
Do d6, viéc lua chon dap én B 1a dung déan. '

n/2
Bai 20. Tich phan J cosx.cos2x.dx bang:

-n/2

Al B.
3

Dép s6 trac nghiém B.

W N
O
=
w |

» Loi gidi tu lugn: Ta co:

/2 n/2
J cosx.cos2x.dx = — J. (cos3x +cosx)dx
—n/2 -n/2
n/2
111, : 2 e
= — | 7zsin3x +sinx = =, Ung v6i dap an B.
2\3 2 3

» Lua chon ddp 4n bing phép thi két hop st dung mdy tinh CASIO fx - 570MS:
Béng cach thuc hién theo tha ty:

MODE1

E\/IODE\ IMODE|/MODE| MODE|[2] (Thiét Igp don vi do rad)
el ] Roenitl

Do do, viéc lua chon dép an B la c’[ung dan.

n/12

Bai21.Tich phan | cos’x.dx bing:
0

ATE3, B.It+3, Cc.n-3, D. -3,
24 12 12 24
Dép s6 tric nghiém A.
> Loi gidi ty ludn: Ta cé:
n/12 1 /12 1 1 n/12
j C()S2 xdx = — j (1+ COSZX)dX J— (X +-.—Sin2xj T+ 3
0 29 2 2 0 24
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» Lua chon ddp dn biang phép thii két hop stt dung may tinh CASIO fx — 570MS:
Béng cach thuc hién theo thi tu:

MODE MODE MODE [MODH (Thiét lap don vi do rad)
SR (ALPHA| x| B} 8 B o B SroFr £ 12 B 8

Do d6, viéc lya chon dép 4n A 1a ding dén.

I
Bai 22. Tich phan | 3x+2)"dx bing:
-1

A 892 B. 22 c. 2 D. 1042
5 5 5 5
Dap s6 tric nghiém D.
» Loi gidi tu' ludn 1: D3t t = 3x + 2 suy ra dt = 3dx.
Déi can:
® Véix=-1thit=-1
V6éix=1thit=5.
1 tge L3y 1l
Khi dé: fl(3X+2) dx = 5“ dt =5t = " LingvdldapanD
Z -1 -1
> Loi gidi tur lun 2: Ta viét lai tich phan duéi dang:

1042

1042

1 1 :
[Bx+2)*dx = %—j(3x+2)4d(3x+2) = -1~15~(3x+2)5 == , ung v6i dap an D.
-1 - -1

~1

» Lua chon ddp 4n bing phép thit két hop st dung mdy tinh CASIO fx - 570MS:
Béng céch thuc hién theo tha tu:

Do do, viéc Iuta chon dép 4n D 1a ding dén.

Bai 23. Tich phan [  2xdx b“ ang:
A. 0. B. -2. C. 2. D. 4.
Dap s6 trac nghiém A,

> Loi gidi ty ugn 1: Dat t = x> + 1 suy ra dt = 2xdx.
Déi can:

Véix=-1thit=2

Véix=1thit=2.




-

A PHUONG PH’

12x.d
Khi do: J - );
» Loi gidi tu’ Iudn 2: Ta viét lai tich phén duéi dang:
Loxdx  Ld(x+1) 2 1\ e e
_lez oo (1n|x +1|)L =0, ing v6i dép 4n A.
> Lifa chon ddp 4n bing phép thit két hop st dung mdy tinh CASIO fx - 570MS:
Béng cch thuc hién theo thi ty:

|
[ 2 [ALPHA X B @ ALPHAIX

IT = 0, (vi hai cin bing nhau), ¢ing v6i dap an A.
2

Do d6, viéc lya chon dap én A 1a dung déan.

Bai 24. Tich phan [M
Gx7+x-2

A. -In8. B. lné . C. lnE . D. lnZ }
8 8 8

L

Dap s6 trac nghiém C.

> Loi gidi ty lugn: Datt=x*+x-2suyradt= (2x + l)dx
Péi can:

& Vgix = -1 thit=-2
5

8 Véix= ~ thit=->.
2 4

1/2 5/ '

Khi do: T ZEDE T )7 2102 tingvei dap an C.
JxP4+x-2 —2 3

» Loi gidi tu Iugn 2: Ta viét lal tich phin dudi dang:

22Q2x+1Ddx 12d(x* +x-2) 2 vz 5
= [ —— 2 = (Inlx"+x-21)) =Iln>,1 5i dap 4
A ix 2 T P ax2 ( )L ln8,1InngldapanC.
> Lua chon dép 4n bing phép thii két hop st dung mdy tinh CASIO fx - 570MS:
Béng cach thuc hién theo thi ty:

B8 1 B B @ /acpria 8 BS
O 1B

Do d6, viéc lya chon dap 4n C 13 dung dén.
3
Bai 25. Tich phan [x+/x* +16dx béng:
0

A% B & c. 8. D. 2.
3 3 3 3

Dép s6 trac nghiém B.
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x.dx

» Loi gidi tu' ludn 1: Dat t = Vx* +16 suy ra dt = == hay x.dx = t.dt.
- Lofgiditrlugn 1:Dit = +16 suy ra de= =50 hay

Da6i can:

#VGix=0thit=4

B Voix=3thit=5

Khi d6:

15

3 5
[xVx® +16dx = [t*.dt = §t3 = %l-,ﬁngvéi dap 4an B.
0 4

4
Loi giai tu Iudn 2: Ta viét lai tich phén dudi dang:
3 3

61 ,
jxx/x +16dx __;(x 167d0° +16)—— ( +16)2| ==~ tingvoidépdnB.
0

» Lua chon ddp 4n bang phép tht két hop st dung mdy tinh CASIO fx - 570MS:
Béng céch thuc hién theo thi ty:

[ (APl (] B @ (AL PrA] [ ES B8 16 B @ o Bl s B 20333
Do d6, viéc lua chon dép an B la ding dan.

/2
Bai 26. Tich phan J' cosx.dx bang:

o 1+sinx

A. 4ln2. B. 3In2. . com D. In2.
Dap s6 tric nghiém D.
» Loi gidi ty Iudn 1: D3t t = 1 + sinx suy ra dt = cosx.dx.
D6i can:
BV6ix=0thit=1
= V6ix = 125 thit=2.
Khi dé:
f i‘f:li’: E = (InItl)] = In2, ing v6i d4p 4n D.
» Loi gidi ty [udn 2: Ta viét lai tich phan duéi dang:
T cosx.dx "f d(1 +sinx)

= (Inl1+sinx I)lzl2 =1n2, tng véi dap an D.

o 1+sinx - ¢ 1+sinx




CAC PHUONG PHAP TIM NH

» Lua chon dap dn bang phép thii két hop sit dung mdy tinh CASIO fx - 570MS:
Bang cach thyc hién theo thi tu: :

IMODE][1

IMODH thODE

tMODEI LMODE\ [2] (Thzet lap don vi do rad)

0.6931
Do d6, viéc lya chon dap an D la ding dan.
n/12
Bai 27. Tich phan I dx bang:
o (1 + tan 3x)cos® 3x
A.ln2. B, 1In2. c. b2, p. 02,
2 3 4
DPip s6 trac nghiém C.
» Loi gidi ty lugn 1: Dt t =1 + tan3x suy ra dt = 3(3){ .
cos” 3x

Da6i can:
Véix=0thit=1
5 Véix = thit=2

Gix= 5 thit=2.

i 12dt 1
Khidé: | dx =+ = (it = 222 g véi dap 4n C.
¢ (1+tan3x)cos?3x 31t 3 3

» Loi gidi tu lugn 2: Ta viét lai tich ph4n duéi dang:
mi12 n]‘l d(1 + tan 3x) _
1+tan 3x

7':/12 In2
3 >

(1n|1+tan3 Di,

(1 + tan 3x)cos 3X 3

ung véi dap an C.

» Lua chon ddp 4n bang phép thit két hop s dung mady tinh CASIO fx - 570MS:
Bang cach thuc hién theo thd ty:

lMODEI tM()DE] tMODEJ ]MODEI 2] (@hiet lap don vi do rad)

0.2310
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n/3

Bai 28. Tich pha bing:
1C p an n-!; sin2x ang
A In3 g, In3 c. In3 D. In3.
4 3 2

Dap s6 trac nghiém A.

N, e .7 A o dX
» Loi gidi tu' ludn 1: Dat t = tanx suy ra; dt = — = (1 + tan’x)dx = dx = l—d—t(—,
COS +t°

. 2tanx 2t
sin2x = 5 = -
I+tan"x 1+t
Do6i can
= Vix = g thit=1
" T
® Véix = 3 thit=+3.
Khi do:
/3
dx NQ) 1 In3
_[ , ljg— = l(1 Itl)lﬁ nf = , Ung v6i dap an A.
oaSIN2X 20 ¢ 2 4
> Loi gidi ty Iudn 2: Ta viét lai tich phén dudi dang:
"-’[3 dx l J/- 1 dx _ 1™ d(tanx)
JaSIN2X 2 5 sinx.cosX 2 5 tanx.cos’x 2 5, tanx

/3 In \/5

1
2(lnltanxl)‘ B 5

» Lai gidi tu ludn 3: Ta viét lai tich phan duéi dang:

In3 ot Adon 4
:HT,IIngvdl dap an A.

sin2x sin xX.cosx )

/3 3 . 3
"dx 17¢ (cos® x +sin®x)dx  1"7( cosx  sinx
- J‘ == + dx
2. SinX  COSX

n/4 n/4

ln\/§

. x In3 , e 31 1
= %(ln{smxl—lnlcosx I)LZ === nT,linngl dap an A.

» Lua chon ddp dn bing phép thit két hop st dung mdy tinh CASIO fx — 570MS:
Béng céch thyc hién theo thi tu:

MODE 1

LMODE! IMODE|/MODH LMODE{ 2] (Thiét lp don vi do rad)

1 B @2 AcrHA K |
308

B 512 5+ B T

Do d6, viéc lya chon dép 4n A 14 dting dén.




BAi 29, Tich phan béng;
P j; 1+cos2x &
A3 B. V2. c. L. D. 0.
2 2 2
Dép s6 trac nghiém C.
Ny 4 < d t
» Loi giai tu’lugm I:Dat t = tanx suy ra; dt= fx - (1 + tanzx)dx-_—> dx = I%z‘) |
1-tan’x 1-t 1-t 2
COS2X = s~ 140 = 1+cos2x=1+ e o
Pé6i can:
2 Voix=0thit=0
= Véix=7 thit=1
Khi d6 T & Ligt = 1¢ = 2, tingvéi dép dn C
i do: I T cosax 5{ ]0— 5 ling v6i ddp én C.
> Loi gidi tu Iugn 2: Ta viét lai tich phan dudi dang;
n/4 n/4 n/4
dx dx n4 1
—_— = = — | d(tanx) = —(tanx —
J;1+(:032x -([2cos2 I (tanx) = ( )‘0 2’ tng véi dép an C.

> Lua chon dip 4n bing phép thii két hop sit dung mdy tinh CASIO fx - 570MS:
Béng céach thyc hién theo thi tu:

LMODEJ MODH [MODE MODE|[2] (Thiét 1ap don vi do rad)
ToRY - TR - o] o] )
BofsurFi- AR

Do d6, viéc Iya chon dap 4n C 1a dting dan.

/2

B2i30. Tich phan | cos’ x.sin® xdx bing;
0

L B. = C.
15 15

Dép s6 trac nghiém B.

| ==
—
(9,1

> Loi gidi ty Iugn: Ta bién d6i:
2 /2 ' n/2
j cos® x.sin” xdx = I (1-sin® x).sin” x.cos xdx = J. (sin® x —sin” x).cos xdx .
0 0

Dit t = sinx, khi d6 dt = cosxdx.
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D6i can:

Bx=0=t=0
T

Bx=—-=>t=1L
2

/2

Khi d6: J‘COG x.sin” xdx = j.(l —thdt —( t- ——tS)[ =15 , ing véi dap an B.

0
» Lua chon ddp dn baﬂb phép thit: Su dung mdy tinh CASIO fx - 570MS,
bang céch thuc hién theo thi tu:

MODE
MODE

Do d6, viéc Iia chon dép 4n B 1 dung dan.
@ Nhan xét: Nhu vay, d€ Iya chon dugc dap an dung cho bai todn trén thi:

@ Trong cdch gidi tu ludn chiing ta thdy né c6 dang: R(sinx, -cosx) = -R(sinx, cosx).
va theo ly thuyét thi phép ddi bién 13 t = sinx.

Tuy nhién, bai todn trén con cé thé dugc gidi bing viéc bién dsi bifu thiic
cos’x.sin’x vé dang t6ng ctia cdc ham lugng gidc, cu thé:

. 1 .
cos’x.sin’x = 7 sin?2x.cosx = %(1 - c0$4X).cosX

il

1
_é(cosx - C084X.COSX) = -é—[cosx -3 (cos5x + cos3x)]

Ilg (2cosx - cos5x - cos3x).

Trong cdch Iya chon dép 4n bing phép tht v6i mdy tinh CASIO fx-570MS, cic em
hoc sinh nhé rang can phdi c6 dong téc thiét lap don vi do phit hop.

Bai31. Tich phan [2x.Inx.dx bing;
1

1 1 1 1
A, =(e+1). B. —(e? +2). C. —(e*-2). D. =(e*-1).
S (€ +1) S (@ +2) S (€-2) S(€-1)
Dép s6 trac nghiém A.
> Lot gidi ty hujn: Dt | du=
igidl tylugn: Dty & x
v=X

Khidé: [2uinxdx = lng|s - [xdx = e L|s
1 1




» Lua chon dép 4n bing phép thii: St dung méy tinh CASIO fx - 570MS, bing
cach thuc hién theo thi ty:

[ 2 [cprA| X [ APrAl X 1 B APHA B

Do dé, viéc Ivia chon dap 4n A 1a dung dén.

1 .
Bai 32. Tich phan [xe*dx bing:
0
A.e. B.e-1. C L D. 0.
Dap s6 trac nghiém C.

» Loi gidi ty ludn: Dit: {

dv=e"dx

u=Xx du=dx
= .
v=g¢*

Khi d6: I = xe*

;
0 - je"dx =e-ef
0

o =1, ing véi dép an C.
» Lua chon dép 4n bing phép dénh gid: V6i xe[[0; 1], ta1dn ldgt danh gid:

1
xe > 0= Ixe"dx >0 = Dép an D bi loai.
0

1 1
xe* < e* = _[xe“dx < je‘.dx =0 = e-1=> Céc dép an A va B bi loai.
0 0
Do dé, viéc Ija chon dap an C1a ding dan.

» Lua chon dép 4n bing phép thii: Si dung mdy tinh CASIO fx - 570MS, béing
cach thuc hién theo thi tu:

B (aprA) X B s s LerA Xl o 1 B B
Do dé, viéc Ija chon dép 4n C 1a diing dan.
n/3

Bai33. Tich phanI= j- x.cosxdx bang:

0

A 3L B ™3 o C,Eﬁ+2. p. ™3, L
6 2 6 -6 6 2
Dap s6 trac nghiém A.
u=x du=d
> Lo gii t ludn: Dit: a=a
dv = cosxdx vV =S8InX
n/3 \/_
. 7 . M ﬁ 3 3 7. I, 74 14
Khi dé: 1=xsinx|;” - f sinxdx = == + cosx M= n_6_ - %, {ing v6i dap an A.
0
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» Lua chon ddp dn bang phép d4nh gid: Véi xe [O; g} , talan lugt danh gia:
n/3
X.co8x = 0 = _[ x.cosxdx >0 = Ddp dn B bi loai.

0

n/3 n/3 2 |73
X.COSX £ X = I x.cosxdx < J xdx =
4]

0

= Cac dap an C va D bi loai.
Do dé, viéc Iya chon ddp an A la ding dén.

> Lua chon ddp dn bang phép thii: St dung mdy tinh CASIO fx - 570MS, béng
cach thuc hién theo tht tu:

B < Jcos
EoM [

Do d6, viéc lya chon dép 4n A 13 ding din.




st PHUC

% KIEN THUC CO BAN

 Khai niém s6 phiic

Pinh nghia 1: M6t s6 phiic Ia mét biéu thiic danga + bi, trong d6 a, b 14 céc s6 thuc
va s6 i théa man i = -1. Ki hiéu s6 phiic d6 1a z va viétz=a + bi. i dugc goila don vido,
a dugc goi Ia phén thuc vab dugc goi la phdn do cia s6 phiicz = a + bi.

Chuy:

1. Moi s6 thuc a dugc coi la mot s6 phiic c6 phdn 4o bang 0, ticlaz=a+0i,aeR.

2. 86 phitc c6 phan thuc bing 0 dugc goila s6 do (con goi la thudn do):
z=0+bi(beR);i=0+1i=1i

Pinh nghia 2: Hai s6 phticz=a + bi (a,beR), zZ = 2"+ bi (2, b e R) bang nhau
néuvachinfw:a=a,b="b.

Khi d6, ta viét z = 7.

2. Bi¢u dién hinh hoc s6 phiic

Mbi s6 phtic z=a+ bi (a, be R ) dugc biéu dién bsi diém M(a; b). Khi do, ta thudng
viét M(a + bi) hay M(z). G6c O biéu dién s6 0.

Mit phfuﬁg toa d6 véi viéc biu dién s6 phiic dugc goi 1a mét phang phiic.

Truc Ox goi la truc thyc.

= Tryuc Oy goi la truc do.

Phép cong va phép trii s6 phiic
Djinh nghia 3: Tong ctia hai s6 phiicz =a, +b/i,z,=a, +bji(a, b,a,b,eR) 4 s6 phiic
z,+z,=(a +a,)+ (b + b,)i.

Nhut vay, d€ cong hai s6 phiic, ta cong cac phan thic véi nhau, cong cac phén do
v6i nhau.
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Tinh chét ctia phép cong s6 phiic

1. (Tinh chit két hop): (z,+2,)+2,=2 +(z,+2,) v6imoiz,z,z € C.
2. (Tinh chét giao hodn): z,+z,=2,+z véimoiz,z, € C.
3. (Cong v6i 0): z+0=0+z=2zv6imoiz € C.

4. V6i moi s6 phiic z = a + bi (a, be R ), néu ki hiéu s6 phtic -a - bi 1a -z thi ta cé:
z+(-z)=-z+2z=0.
-z dugc goi la s§ ddi ctia s6 phiic z.
Dinh nghia 4: Hi¢u cta hai s6 phiicz, =a +b/i,z,=a, + bji(a,b,a,b,eR)la tong
cuaz véi-z, tic la:
z-2,=2 +(-z)=(a, -a,) + (b, - b)i
Y nghia hinh hoc ctia phép cdng va phép trii s6 phiic
Mbi s6 phtic z = a + bi (a, be R ) dugc biéu dién bsi diém M(a; b) cling c6 nghia la
vecto OM .
Khi d6, néu u, , u, theo thi tu biu dién s6 phtic z,, Z, thi:
u, + u, biéu dién s§ phiicz +z.,.
= U, - u, bi€u dién s6 phiic z, -1,
4. Phép nhén s6 phiic
Djinh nghia 5: Tich cta hai s6 phiicz, =a +bji,z, =a,+bji(a, b,a,b,eR)Ia s6 phiic
z.z,=aa,-bb,+(ab,-ab)i
Tt dinh nghia, ta cé:
= V6i moi s6 thuc k, va moi s6 phiic a + bi (a, be R ):
k(a + bi) = ka + kbi.
0z = 0 v6i moi s6 phtc z.

Tinh chét ciia phép nhéan s6 phiic

1. (Tinh chét giao hodn): z2,2,=12,2 v6imoiz,z, € C
2.(Tinh chét két hop): (z,2)z,=2,(2,2,) v6imoiz,z,z, € C
3.(Nhéan véi 1): lz=zl=zvéimoiz € C

4. Tinh chit phan phdi (ctia phép nhén ddi v6i phép cong):

z(z,+z)= 2,2,+22,v6imgiz,z,z € C.




S6 phiic lién hgp va médun cta so phiic
Dinh nghia 6: S6 phiic lién hgp ctiaz =a +bi(a,beR) laa - bi va dugc ki hiéu béi z.
Nhu vy, ta co:
z=a+bi =a-bi
Nhan xét: TU dinh nghia ta thay:

1.6 phiic lién hop clia z lai la z, tiic 1 z = z. Vi thé ngudi ta con néi z va z 1a hai
s6 phuic lién hgp vé6i nhau.

2.S6 phtic lién hgp khi va chi khi cac diém biéu dién clia chiing d6i xting nhau qua
truc Ox.

Tinh chat

1.V6imoiz,z € C taco:

2,+2,=2,+2,; 2,2, =17,.Z,
2. Véi moi s6 phiic z, s6 z.z luén 1a mot 6 thuc, vanéuz=a+ bi (a, be R) thi:
7.z =a*+ b

Binh nghia 7: Modun ctia s6 phiicz = a + bi (a, be R ) Ia s6 thuc khong 4m Va* + b’
va dugc ki hiéu 14 |z).

Nhu vy, néu z = a + bi (a, be R) thi:
2] = Vzz = \a? + 17
Nhén xét:
1. Néu z 13 s6 thuc thi médun ctia z 12 gid trj tuyét d6i ctia s6 thuic do.
2.z =0khi va chi khi [z] = 0.

hép chia cho s6 phtic khac 0

Bjﬁh nghia 8: S6 nghijch ddo ctia s6 phiicz khic0las6z"' = |-1-—~ z.

. zl
Thuong 2 ciia phép chia s6 phiicZ cho s6 phiic z khdc 0 Ia tich ctia z v6i s6 phiic
Z '
nghich dio ctiaz, ticla = =2z

Z
Nhu vay, néu z # 0 thi:

1

Zz .7 A R . Z’ 9 eA A 9 \ z e
= 2= nén d€ tinh = ta chi viéc nhén ca t va mau so
Z.Z VA




Nhan xét:

. 1
1.Véiz =0, taco— =lz'=z%.

A TAP TRAC NGHIEM MON TOAN - KI THITHPT

2. Thuong — laso phuc w sao cho zw = z. Tl d6, c6 thé noi phép chia (cho s6 phiic

khac 0) 1a phép foan ngugc ctia phép nhén.

4

3

Bai 1. Phén thuc clia s6 phitc 2 = %i La:

A.0. B. % C.5.

Dap s6 trac nghiém A.

Bai 2. Phan thuc ctia z = 2i 1a:
A.2. B. 2i. C.0.
Dap s6 trac nghiém C.

Bai3.Phén ao ctia z = -2i la:
A.-2. B. -2i. C.0.
Dap s6 trac nghiém A.

Bai 4. Modun ctia s6 phiic z = -3 + 4i bang:

Al B.2. C.7.

Dap s6 tric nghiém D.
> Loi gidi tu Iudn: Ta c6:
= V(-3 +4* = 25 =5, (ing v6i d4p 4n D.
Bai 5. Modun ctia 1 - 2i bang:

A.3. B.\5, C.2.
Dap s6 trac nghiém B.

> Loi gidi tu Iun: Ta c6:

|z] = J1? +(-2)* = 5, ting v6i d4p 4n B

Bai 6. Modun ctia -2iz bang:

A. -2z, B. 2z C. 2]2]..

Dap s6 trac nghiém C.

CACPHUGNG PHAP GIAI BAI TAP TRAC NGHIEM

D.2.




> Loi gidi ty Tudn: Gid sti z = a + bi, khi d6:

-2iz = -2i(a + bi) =2b - 2ai =
|21z | = J@2b) + (22 = 26> +a® = 2|z, ting véi dép 4n C.
BAi7.S6z+ z la:
A. S6 thuc. B. SO 4o. C.0. D. 2.
Dbap s6 trac nghiém A.
» Loi gidi ty ludn: Gid sti z = a + bi, khi dé:
z=a-bi=z+ z =(a+bi)+ (a-bi) =2a,1as6 thyc.
Bai8.56z - z la:
A. S6 thuc. B. Sé ao. C.o0. D. 2i.
Dép s trac nghiém B.
» Loi gidi ty lugn: Gia sti z = a + bi, khi d6:
z=a-bi=>z-z =(a+Dbi) - (a-bi) = 2bi, 1 56 do.
Bai9.S6 i+ (2 - 4i) - (3 - 2i) co:
A. Phan thuc bing 1 va phén 4o bang -1.
B. Phan thuc bing 1 va phén a0 bang 1.
C. Phin thyc béng -1 va phén 4o béang 1.
D. Phin thuc bing -1 va phin 4o bang -1.
Dbap s6 tric nghiém D.
» Loi gidi ty ludn: Ta co:
i+(2-4i) - (3-2i) =-1-i, Ging véi dap 4n D.
Bai10.S6 (72 + 3i)* bing:
A.-7+6421. B.-7-6+21. C.7+6+21. D.7-6421i
Dap s6 trac nghiém A.
> Loi gidi tu Iudn: Ta c6:

(V2 +3i)?=-7 + 62 i, ting vi d4p 4n A.

2/

\
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51198 L 15
Bai 11.56 T bang:
Al+i B.-;-(l—i).

Ddp s6 trac nghiém B.

C1-i D.i.

» Loi gidi ty ludn: Ta c6:

1 1 — 1 . o1, .
— = ———1+4+i=>(1-i) = — - =1, ng v4i dap an B.
1+i  1P+1° 2( ) 2 2 8 P
.. | .
Bai12.56 ——— bing:
[
2 2
1 3
A l-i-ﬁl B l_ﬁl C ___+£1 _.___.\_/:
2 2 2 2 2 2 2
Ddp s6 trac nghiém A.
» Loi gidi tu Iudn: Ta cé:
! _—____1___,_1___\/51 = —+——1i, ing v6i dap an A.
1N3. v ((3AY2 2 2 2
2 5 5
5 (2)
B4i 13.96 2=%! bing:
4—-i
16, By B. 10, 13, c. 1o 13, p.-2 13,
17 177 17 177 1717 17 177
Dép s0 trac nghiém C.
» Loi gidi ty ludn: Ta c6:
3-4i  (3-4i)4-i 1 . N 160 13, L
= =—(3-4i)4+i)= —= - =i, ing v4i ddp 4n C.
4-i 4+ 1 17( (4 -+1) 17 17 & P
Bai14.Choz = ~% + {ii, khidé L bang:
zZ
1 3. 1 3, 1 43, 1 3,
A, =+ i B. - - —i. Co——+ —/—i. D.-—-—i
2 2 ! 2 2 2 2 2 2
bap s6 trac nghiém D.
» Loi gidi tu ludn: Ta cé:
1 — 7
1 =7l= TEr= —m_l——-.—l+%—§—i =1 12—3«', ting v6i dap an D.
Z

3)-(4) °

&



Bai 15. Tap hop cic diém trong mit phéng phtic biéu dién cac s6 phiic z thod mén [z - i| = 11a:
A. budng tron tim I(0; 1) ban kinh R = 1.
B. Dudng tron tam I(0; 1) ban kinh R = 2.
C. Duong tron tdm I(1; 0) ban kinh R = 2.
D. Dudng tron tam I(1; 0) ban kinh R = 1.
Dbap s6 trac nghiém A.
> Loi gidi tu lugn: V6i s6 phiic z=x +yi (x, ye R ) dugc biéu diém béi diém M(x; y).
Ta co:
l=lz—i|=|x+yi-i|=|x+ (y- )i = J+-D
S+ (y-17=1
Vay, tap hop diém M thudc dudng tron tdm I(0; 1) ban kinh R =1.

Bai 16. Tap hop cac diém trong mit phing phiic bi€u dién céc s6 phiic z thod méin

|z| =12 -3 +4i| la:
A.6x+8y-25=0. B.3x+4y-12=0.
C.6x+8y+25=0. D.3x+4y+12=0.

DPép s trac nghiém A.
> Lo gidi tu Iugn: V6i s phic z =x +yi (x, ye R ) dugc biéu diém bdi diém M(x; y).
Ta cé:

|z = |z - 3 + 4i

S| x+yi|=|x+yi -3 +4i]=[x-yi-3+4i|=[x-3+(4-y)

o Py = Jx-37 +(@d-y) < 6x+8y-25=0.
Vay, tap hop diém M thudc dudng thang (d): 6x + 8y - 25 =0.
Bai 17.56 2% + (z ) 1:
A. S thuc. B. S6 do. C.0. : D.2i.
Dap s6 trac ighiém A.
> Loi gidi tif Tugn: V6i s6 phiic z = a + bi (a, be R), ta cé:
2+ (z)=(a+Dbi)+ (a_-:E)Z = (a2 - b?) + 2abi + (a? - b?) - 2abi = 2(a® - b?).

Vay, s6 22 + (z)? 12 mot s6 thuc.
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7Z—7

N
.+.
——
N
W

A. SO thuyc. B. S6 do. C.i D. 2.
Dbap s6 trac nghiém B.

» Loi gidi tu ludn: V§i s6 phicz = a + bi (a, be R), ta c6:

z-2 _ (a+bi)—a+bi _  2bi b

z +(;)* (a+Dbi) + (5—:15{)3 22’ -3ab’)  a’-3ab? '

A v Z—Z N 3
Vay, s6 7 la mét s6 do.

o)

—\2
Bai 19.S6 i:(i la:
1+zz

A. S6 thuc. B. S6 ao. C.o0. D. -2i.
bap s6 trac nghiém B.
> Loi gidi tu Iudn: V6i s6 phiicz = a + bi (a,be R), ta co:

—2 2
zz-—(z) _(a+bi)2—(a+bi) _ (a+bi)? - (a—bi) ~ 4ab i
1+zz  1+(a+bi)@@+bi) l+(@+bi)a—bi) l+a’+b®

s ) ,
Viy, s6 ——=— la mot s6 0.
1+zz
Bai 20. Phuiong trinh iz + 2 - i = 0 (v4i 4n z) c6 nghiém la:
A1+ 14 B.1+2i C.1-2i D.1-i.
Dap s6 trac nghiém B.
» Loi gidi ty Iudn 1: V6i s6 phitc z = a + bi (a, be R).
Ta co:

O=iz+2-i=i(@+bi)+2-i=(2-b)+(a- i
270=0 L IP=2 142 tng véi dép an B
= a-1=0 = a=1 &L= 1, Ung vol dap .
> Loi gidi tu lugn 2: Ta bién déi:

iz+2-i=0ciz=i-26 2= % = (i-2)(d) = 1 + 2i, ing v6i ddp 4n B.

i
(s




Bai21. Phuong trinh (2 + 3i)z =z - 1 (v6i 4n z) c6 nghiém la:

1 3, 1 3. 1 3. 1 3.
L - —1 B. — + —1i. — + —1 D.-— - =i
A 10 10 10 10 ¢ 10 10 10 10

Dap s6 trac nghiém C.
> Loi gidi tu lun 1: V6is6 phlicz=a + bi (a, be R ).
Tacod: (2+43i)z=z-1< (2 +3i)(a+bi)=a+bi-1

. . 2a—-3b=a-1
<:>2a-3b+(3a+2b)1—a—1+b1<:>{3a+2b:b
a—-3b=-1 =-1/10
o / <:>z=——1—~+ii,1'ingvc’)’idépénC.
3a+b=0 b=3/10 10 10

> Loi gidi ty lugn 2: Ta bién déi:
-1 _-10-3) 1 3.

(2+31)z=z—1<:>(1+31)z=—1<:>z::1+3i— i =10 0"

ting v6i dap an C.
Bai 22. Phuong trinh (2-1)z -4=0 (v6idnz) cb nghiém la:
§ 4. 8 4, 8 4, 8 4,
L= - =i .=+ —l L= - —1. -— + —i.
Agogt B-5+5 G551 D.-g+351
Dap s6 tric nghiém A.

> Loi gidi tu lugn 1: V6i s6 pﬁﬁcz= a+Dbi(a,beR).

Ta co:
0=(2-i)z —4=(2—i)a+bi —4=(2-i)(a-bi) -4
=(2a-b-4)-(a+2b)i

Za—b—4=0¢> 2a—-b=4 a=8/5
—(a+2b)=0 a+2b=0 b=-4/5

ting v6i dap an A.

> Loi gidi tu lugn 2: Ta bién d6i:
4 _ 42+i) _ 8

= 8 4 8 4., e 32
oz=2=247] =— - =i, Ging v6i ddp 4n A.
sTst T T shte P
Bai23.Cho s6 phiicz=x+yi (x,y € R).Khiz;ti,phﬁnthliccﬁasé'phl'icﬁilél:
. Z—1
X +y +1 XX +y* 1 Xyl X +y +1

T x4+ (y+1)> "xE+(y+1) T xE 4 (y—1) T x4+ (y-1)°
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Dap s6 trac nghiém C.
» Loi gidi ty ludn: Ta cé:

z+i _ x+yi+i _ x+(y+Di _ X+ G+ Dillx - (y - Di]

z—i  x+yi-i  x+(y-Di x*+(y—1)°
_ (¢ +y* =D+ 2xi
X +(y—1)

X +y* -1

Do d6, s6 phiic w ¢6 phén thucla = =
X“+(y-1)




CAiN BAC HAI CUA SO PHUC - PHUONG TRINH BAC HAI

L KIEN THUC CO BAN

Cén bic hai cta s6 phiic

Pinh nghia: Cho s6 phiicw. Méi s6 phiic z théa man 7> = w dugc goi la mot can bac
hai ctia w.

N6i céch khic, mdi cin bac hai cia w 1a mot nghiém ctia phuong trinh z* - w =0
(v6ian z).

Pé tim cin bac hai clia s8 phtic w, ta 6 hai trudng hop:

Truong hop 1: Néu w 1a s6 thuc (ticla w = a):

= Véia > 0 thi w c6 hai can bac haila ++a.

VéGia<0thiwcéd haicé.nbéchailéii\/ja.

Trudng hop 2:Néuw=a+bi(a,be R vab#0) thiz=x+yi(x,ye R)lacin bac hai
ctia w khi va chi khi:

22=w< (x+yi)=a+bi

2 2

& (X2-y) +2xyi=a+bie ;X;zb:

Ghi nhé vé cin béc hai ctia s6 phtic w:

e w=0 c6 diing mot can bac hailaz = 0.

e w # 0 c6 ding hai cin béc hai la hai s6 d6i nhau (khac 0).
Dic biét:

e S6 thuc duong a c6 hai can bac haila + Va.

e S6 thuc 4m a c6 hai cdn bic haila +iv-a.

)

Phuong trinh béc hai

Cho phuong trinh: Ax? + Bx + C = 0, v6i A, B, C 1a nhiing s6 phtic va K20,
Xét biét thic A = B? - 4AC, ta c6 cac trudng hop: |
Trudmg hop 1: Néu A = 0 thi phuong trinh c6 hai nghiém:

_-B+d . _ -B-9%

1 2 A 2
trong d6 8 12 mét can béac hai ctia A.

.
264}
A
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Dic biét:
= Néu A 1a s6 thuc duong thi phuong trinh ¢6 hai nghiém:
= ———“B+\/A~ vaz, = —————B—\/X.

2A 2A
Néu A Ia s6 thuyc 4m thi phuong trinh ¢6 hai nghiém:

_ -B+1J:K . -B-iJ-A

S VAL = ——

Truong hop 2: Neu D =0 thi phuong trinh c6 nghiém képz, =z, = -_B

2A
Chuy:
1. Moi phuong trinh béc hai (v6i hé s6 phiic) c6 hai nghiém phtic (c6 thé trung nhau).
2. Phuong trinh:
Az + Az '+ . +A z+A =0

trongd6 A, A, ..., A lan +1s8 phitc cho trude, A # 0 va nla mot s8 nguyén duong
luén c6 n nghiém phic (khong nhit thiét phan biét).

Z

CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

&
Bai 1. Cac can béc hai clia 6 phuc -i 1a:

i%(l—i). B.ig(l—i). C.+ -.——-(1+1) D.i%(li—i).

QI

Dap s6 trac nghiém B.
> Loi gidi tu Iudn: Gid sti s6z = x + yi (x, ye R ) 1a can bac hai ctia i, tiic 13 ta c6:

A= (x+yi)? =% -y + 2xyi

X = - —-ﬁ
x*-y*=0 x =ty A
- el A== .
2xy =-1 2xy =~1 V2
X:—y:-———
2
V4y, 86 -1 ¢6 hai cin bac haila + Y= I (1-i
Bai 2. Cac can béc hai clia s6 phuc 4i la.
CAEV2 (1 +19). B. +(1 +1). C. £(1 -1). D.+v2 (1-1).
Dap s6 trac nghiém A.

> Loi gidi ty lugn: Gid st s6 z=x +yi (x, ye R ) 12 cdn bac hai ctia 4i, tic 12 ta c6:

4i=(x+yi)*=x*-y* + 2xyi




{xz—y2=0 {x:iy {x:y:\/i
= = =

2xy =4

X:y:—\/i

Vay, 6 -i ¢6 hai cdn bac hai la +2 (1 +1i).

2xy =4

Bai 3. Cac can béc hai ctia s6 phtic 1 + 431l v
A 3 (2-1). B. +(2 -i3). C. +(2 +i/3). D. +/3 (2 +1).
Dép s6 trac nghiém C. |
> Loi gidi tu lugn: Gid st s6z=x+yi(x,yeR)lacinbachaictal + 43, tlica ta c6:

1+4\3i=®+yi)=x -y +2xyi

243
=N 5° WGY X PV
. 2Xy=4 3 Xz_[“j =1 X4"X2—12:0 X2:4

X

“ {x =2 vay= V3 .
Xx=-2vay= -3
Vay, s6 1 +4+/3 i ¢6 hai cin bac hai la +(2 +i3).
Bai 4. Trén tap s6 phiic, s6 nghiém ctia phuong trinh x(x - i)(x* + 4) = 0 bang:
A. 1. B. 2. C.3. D. 4.
Dbép s6 trac nghiém D.
Bai 5. Phuong trinh 22 + 2z + 5 = 0 ¢6 nghiém la:
A lti B.1+2i C.-1+2i D.-1%i
bép s6 trac nghiém C.
> Loi giai tu Iudn: Phuong trinh c6 D’ = -4 < 0 nén né c6 hai nghiém z, ,=-1%2i
Lutu y: Cling ¢6 thé stt dung phép bién d6i:
2+22+5=0@+1)=-4Sz+1=22i7z ,=-1120
Bai 6. Phuong trinh 22 + (1 - 3i)z - 2(1 + i) = 0 c6 nghiém la:
A2iva-1+i, B.+2i.  Cli D.iva-1+2i
Dap s6 trac nghiém A.
> Loi gidi tu lugn: Phuong trinh cé:
D=(1-3i?*+8(1+i)=-8-6i+8+8i=2i
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Gid st s6 d =x +yi (x, ye R ) 1a cin béac hai ctia D = 24, titc 14 ta c6:
2i = (x +yi)* =x*- y* + 2xyi

2 2 _ =V =
- x—y-O@fx—iy@{X y 1.
sy=2 7 lymt T lxmy-ni

Ttc 13, biét s6 A c6 hai cin bac hai la £(1 + i).

Nén phuong trinh d6 c6 hai nghiém phan biét la:

le3i~—1+(l+i):2i; ZZ:Bi—1~(1+1):_1+i_
2 2
Bai 7. Hai s6 phtic c6 téng clia ching bing 4 - i va tich ctia chiing bing 5(1 - i) Ia:
A3val-i B.3-ival. C.3iva4-4i D.3+ival-2i

Dap s6 trac nghiém D.
> Loi gidi tuf lugn: V6i hai s6 phiic z, z, thoa mén diéu kién d4u bai, ta co:

zZ,+7,=4-i
z,.2, =5(1—1)

suy ra z,, z, la nghiém ctia phuong trinh:
22-(4-1)z+5(1-1)=0
phuong trinh ¢6 A = (4 - 1) - 20(1 - i) = -5 + 12i.
Gid sti s6 d =x +yi (x,ye R) 1a cin bac hai ctia A = -5 + 12i, tiic 14 ta co:

-5+ 12i = (x +yi)* =x* - y? + 2xyi

6
S =2
<::>{X == 6V =77
2xy =12 xz—(;J =-5 x*+5x* -36=0

Tiic Ia, biét s6 A c6 hai cin bac hai [a +(2 + 3i).
Nén phuong trinh d6 c6 hai nghiém phan biét la:

_4-i+(2430) 4-i-(2+3i)

1= 3+% z,= 1-2i.
2 2 2
Bai 8. Phuong trinh z° + 1 = 0 c6 nghiém la:
. . iy
A. “;ﬁ val. B, 1i;ﬁ va-l.  C, “;ﬁ al. D, 1";ﬁ a-1

Dap s6 trac nghiém B.




> Loi gidi tu lugn: Ta bién d6i phuong trinh vé dang:

=1
z+1=0 %o
2 _ , , i A4
z+1)(22-z+1)=0& Lz—z+1=0 = . :1i1\/§ , ing v6i dép an B.
' ’ 2
Bai 9. Phuong trinh z* + 4 = 0 c6 nghiém la:
A +(1+i)vax(1-i). ‘ B, (1 +1) va+(2-1i).
C.+(2+i)va=(1-1i). D. £(2 +i) va£(2 -i).
Dap s6 trac nghiém A.
> Loi gidi tu lugn: Ta bién d6i phuong trinh v€ dang:
) 22 =2i )
=4S 0 @

= Gid sti s6 z —x+ yi (x, ye R) 1a cin bac hai ctia 2i, ttic la ta cé:
2i=(x+yi)?* =x* -y + 2xyi
Poyi= =+ =y =
< {;xy—zZ ’ < {iygly < E=§=il
Suy ra, phuong trinh (1) c6 hai nghiém 1a +(1 +1i).
® Gia sti 6 z = x + yi (X, y€ R ) 13 cédn bac hai ctia -2i, tiic la ta co:
2i=(x+yi)P?=x -y + 2xyi
2 _yi= =+ x=—y=1
< {;xyzélo < {zy;il < L=‘§=—1
Suy ra, phuong trinh (2) c6 hai nghiém 1a (1 - i).
Vay, phuong trinh d4 cho c6 bon nghiém la +(1 +i) va£(1 -1i).
Bai 10. Dé phuong trinh (v6idnz) 2 + bz +c=0nhénz=1+ ilam mot nghiém diéu kién 1a:
Ab=1,c=-1. B.b=2,c=-2. C.b=-2,c=2. D.b¥-1,c=1.
Dap s6 trac nghiém C.

> Loi gidi ty lugn: D& z = 1 +i1am mot nghiém ctia phuong trinh diéu kién la:

. ) o b+c=0 b=-2
0=1+i?+b(1+i)+c=b+c)+(b+2)ic b4220 S oo

Vay, v6ib = -2 va ¢ = 2 thoa mén diéu kién dau bai.




DANG LUGNG GIAC CUA SO PHUC VA UNG DUNG

KIEN THUC CO BAN

B

1. S6 phiic duéi dang lugng giac

Pinh nghia 1: (Acgumen ctia s6 phitc z # 0): Cho s6 phiicz # 0. Goi M Ia diém trong
mét phing phiic biéu dién s6'z. S6 do (radian) ctia méi géc higng gidc tia ddu Ox, tia cudi
OM duoc goi Ia mét acgumen ctia z.

Chay:

1. Néu ¢ 1a mot acgumen ctia z thi moi acgumen ctia z ¢6 dang ¢ + 2kn, ke Z.

2. Hai s6 phtic z va Iz (v6i z # 0 va 114 s6 thuc duong) c6 cling acgumen.

binh nghia 2: (Dang Iugng gidc ctia s6 phiic): Dang z = r(cos@ + i.sing), trong dé
r > 0 duoc goi la dang Iugng gidc ctia s6 phiic z # 0. Con dangz=a+bi(a,beR) dugc
goi 1a dang dai s6 ctia s6 phiic z.

Nhan xét: D€ tim dang luong gidc r(cos + i.sing) clia s6 phtic z=a + bi (a, be R)
khac 0 cho trudc, ta thuyc hién theo cic buéc:

Buéc 1: Timr: d6 lamoédun clia z, r = Ja? +b? ; 80 r d6 cling 1a khodang cach ti gbc
O dén di€ém M biéu dién s6 z trong mit phéng phic.

Budc 2: Tim ¢: d6 1a acgumen ctia z, ¢ 12 6 thyc sao cho cosg = % va sing = ?;
$6 ¢ do ciing I3 s6 do mot goc lugng gidc tia dau Ox, tia cudi OM.

Chi y:

1. |z| = 1 khi va chi khi z = coso + i.sing (p R).

2.Khiz=0thi |z| = r = 0 nhung acgumen ctia z khong x4c dinh (d6i khi coi acgumen
ctia 0 1 s6 thuic tlry y va van viét 0 = 0(cos + i.sing)).

3.Can d€y doi hoi r > 0 trong dang lugng gidc r(cose + i.sing) ctia s6 phiic z # 0.

2 Nhén va chia s6 phiic du6i dang lugng giac

Djnh Ii: Néu z = r(cos@ + 1.sin@) va 2’ = r'(cos@’ + i.sin@’) véir, r’ > 0 thi:

zz =11’ [cos(® + @) + i.sin(Q + ¢’)]
% = ri [cos(p - @) + i.sin(p - ¢*)] khir > 0.

Chuy:Néu cdc diém M, M’ biéu dién theo tht ty céc s6 phiic z, 7 khéac 0 thi acgumen
clia zi 12 56 do gbc luong gic tia ddu OM, tia cusi OM.

@9



Coéng thiic Moa-vro (Moivre) va iing dung

Céng thific moa-vro: V6i moi s6 nguyén duong n, ta cd:

[r(cos@ + i.sin@)]* = r*(cosn® + i.sinng).
Khir =1, ta dugc:

(cos® + i.sin@)" = cosn@ + i.sinng.
Ung dung vao lugng gidc: Ta co:
(cos + 1.sin@)* = cos3@ + i.sin3¢Q.
Mit khéc, st dung khai trién liy thifa bac ba ta dugc:
(cos + 1.5in@)? = cos’( + 3cos?@.(i.sin@) + 3cos@.(i.sin)* + sin’e.
Tir d6, suy ra:
co83( = cos’Q - 3cosQ.sin*Q = 4cos’Q - 3¢os,
sin3@ = 3cos’@.sing - sin’@ = 3sin@ - 4sin’Q.
Cén béac hai cia s6 phiic du6i dang Iugng gidc: S6 phic z = r(cos@ + i.sing), r > 0 ¢6
hai cin bac hai la: Jr (cosfzE +isin?

va - r(cosgn%.sin—(zg) = \/;licos(g+nj+i.sin(%+nﬂ,

|, CACPHUONG PHAP GIAI BAI TAP TRAC NGHIEM

Bai 1. Dang lugng gidc clia s6 phiicz =1+ i3 1a:
A. 2(cos£+ i.sinﬁj . : B. 2(003E - i.sinﬁj .
3 3 3 3

C. cosE +isin’, D. cosZ—isint.
3 . 3 3
Dép s6 trac nghiém A.
> Loi gidi tw ludn 1: Véiz = 1 +1+3, ta cé:
Modunr = Vv1+3 =2, .

Acgumen ¢ thdéa méin cosq = —~ vasing = ﬁ

— chon @ = =
2 2 Me=73-

Tu do, suyraz= 2(cos—§+i.sin§) }
> Loi gidi tu ludn 2: Ta bién doi:

7=1+iV3 = 2(%@% = 2(cos£+i.smij_
2 2 3 3
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Bai 2. Gia sti s6 phiic z # 0 c6 dang lugng gidc z = r(cos¢ + i.sing). Dang lugng gidc clia s6

phc L 1a:
z
A. r(cos® + ising). B.! (cos@ + i.sing).
r
C. 2r(cos + i.sing). D. 2 (cos@ + i.sing).
T

Ddép s6 trac nghiém B.

Copa e e | 1, s pe
» Loigidi tu ludn: S phiic 1L 6médun izr = = vaacgumen bang ¢ nén c6 dang:
Z Z.Z T T

=1 (cos@+ i.sing), ting v6i dap 4n B.
r

N —

Bai 3. Gia sit s6 phiic z c6 dang lugng gidc z = r(cos + i.sing). Dang luong giac ctia s6 phiic
kz(ke R Ia:
A. -kr(cos@ + i.sing). B. -2kr(cos@ + i.sing).
C. kr(coso + i.sing). D. 2kr(cos@ + i.sing).
Dép 56 trac nghiém C.

> Loi gidi tu Tugn: S8 phiic kz c6 modun |kz| = |k|r va acgumen bang ¢ néuk >0
vala ¢ + 7w néuk < 0 nén cé dang:

1 kr(cos¢ +1.sin ) néuk >0 , N
kz = ~Krcos(g+m)+i.sin(p+m)] néuk<0 = kr(coso + i.sing),
ing v6i dép én C.

Bai 4. Dang lugng gidc cia s6 phtic (1 - i3 )(1 + i) la:
A. - 2\/5[003[~%j + i'Sin(_%H B. Zﬁ[cos[—%J + i.sin(—-l%ﬂ .
C. -2 cos| = +isin| ——— D. 2 cos(—ijﬂ.sin(—i) .
12 12 12 12

Ddp s6 trac nghiém B.

> Loi gidi tu Iudn: Ta c6:

(1-iV3)(1+i) = 2{“"5(“‘3+i-sm(“g‘ﬂﬁ(“’%*i-smgj

S e RENY)

T PR T . s,. 7 I3
=22 [cos(—l—z—] + 1.sm[—5ﬂ , ung v6i dap an B.




Bai 5. Dang lugng gidc ctia s6 phuic 2i(+/3 - i) a:

A. cosE+i.sinE. B.2 cos£+i.sin£ .
3 3 3 3

C.3| cosZ +isin> |. D. 4 cosZ+isins .
3 3 3 3

Dap s trac nghiém D.

» Loi gidi ty Iudn: Ta co:

- 1..43
2i(\3 -i) =2+283i= 4£~2-+1—2——] = 4(cos-§+i.sing) , ting v6i dép 4n D.
1
Bai 6. Dang lugng gidc clia s6 phiic 7+ la:
A. l{cos(—zli—i.sin(—ﬁﬂ B. [g—[cos(-ij-ﬁ.sm[—zﬂ.
2 4) 4 T2 4 4
C. %(cos%+i,sim§-}. D. %(cos—}-{—i_singj.
Dap s6 trac nghiém B.
e ae C2-2i 1, .
» Loi gidi tu ludn: Ta cé: e il 2(1 i)
V(2 2)_ 2 AT AR
= > _2_._1_.2_ = cos —Zjﬂ.sm(—z) , ing véi dap an B.
Bai 7. Gid tri ctia (V3 - i)° bing:
A28 B.1. C.-1. D. -25.

Dap s6 trac nghiém D.

> Loi gidi tu ludn: Ta c6:

V3 _j= 2(-?—-%1] = Z{COS(—%}Jri.sin(——g—ﬂ
= (V3 -i)= {2[cos(—~~gj+i.sin[——gﬂ}6 = 2°[cos(~m) +i.sin(-m) ] = -25,

. 2004
Bai 8. Gia tri cha (1—1—] bang:

1 1 1 1

° . o ——— . o o T TTSo0h
ZZOOAT 21002 2 2

Dap s6 trac nghiém C.
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» Loi gidi tu ludn: Ta c6:

i+ -1+ 2[\2 .\/EJ

= i
1-i 2 2 2{ 2 2

- (E%TOM ) {ﬁ%—%{cos(*%j+i.sin(_§ﬂ}m

\/2— 2004
-~ 1
= —TJ [cos(—SOln)+1.sm(—5011c)1:_W_
21

. 5433 ) .
Bai 9. Gia tri ctia | ——~= ang:

Glatrgcua(l_ﬁﬁ) bang

A. 1. B. 2%, C. 32 D. 4%,

Dap s6 trac nghiém B.
> Loi gidi tu ludn: Ta cé:

5433 (543i3)(1+2i3) . 1.3
T = 5 =-1+iv3 =-2| 5 ~i7

(D]
- (28] (ool el

= (=2)* [cos(—7n)+i.sin(—7n)] =22,

Bai 10. Dang lugng giéc clia s6 phtic 1 - i.tang la:

A Colsg [COS(_.Z_).{_i.sin(_gﬂ. B._L [cos[—g—jﬁ.sin(—gn.

sin—

5

C !l [cosT+isinZ . p. 1 cosX isinl |.

T 5 5 . T 5 5
cosg - Sm-—

DPap s6 tric nghiém A.

T sin 1 T, . T
> Loi gidi tulugn: Tacé: 1 -itan— =1-i.— = cos——i.sin=
5 e L 5
Ccos— COS—

5 5
- [cos(—g] + i.sin[—ffj] , ing v6i dap an A.
n 5 5

coS—
5




Dap s6 trac nghiém B.

> Loi gidi tu lugn: Ta co:

tan > +i= tE—“SE . t[“£]+'— WL
an= +i=cot| 5 g | +i=cot| 7y J+i=cot= +i

T
_COS—§'+_-Y L cosﬂntisinl{c— G Gidap 4n B
= +i= g Tisin=c |, ting v6i dap én B.

sin-—~ sin-o~




PHUONG PHAP TOA DO
TRONG KHONG GIAN

COCO0O0LOVAOVEREDOOEOBBHGTELERYGHHTEEEES SRS S

» HE TOA DO TRONG KHONG GIAN

L KIEN THUC CO BAN

s
Ll Hé toa do trong khong gian
Dinh nghia: Hé gém ba truc Ox, Oy, Oz d6i mét vuoéng géc dugc
goi Ia hé truc toa d6 trong khong gian.

Ki hiéu Oxyz hodc (O, 1, J, k) v6i 1, J, k 12 cic vecto don vi
lan lugt nam trén ba truc do.

= Diém O dugc goi 1a gdc toa do.

= Truc Ox dugc goi la truc hoanh, truc Oy dugc goi la truc tung, truc Oz dugc goi
1a truc cao.

Ta chu y rang:
PPk 1wmij=jk=ki=o0
: 2. Toa dé ctia diém
Ta cé:
M(%y;2) & OM =x7 +yj +zk.
Chu y: Ta ¢6 cac két qua:
M e (Oxy) < z =0, tlic 1a M(x; y; 0).
- M e (Oyz) < x =0, tdc la M(0; y; 2).
M e (Oxz) <y =0, ticla M(x; 0; z).
Me Ox<y=0vaz=0,ticla M(x; 0;0).
M e Oy < x=0vaz=0,ticla M(0; y; 0).
Me Oz x=0vay=0, ticla M(0; 0; z).




Toa do ctia vecto
Ta co:
V(xy;2) <> ¥V =x1 +y] +zk.
Chay:
1. Cho vecto v khi d6 tén tai duy nhat diém A sao cho v = OA.
GoiA, A, A, A theo thi ty 12 hinh chi€u vudng géc ctia A 1én cac
truc Ox, Oy, Oz va mit phing (Oxy).

Ta co:

OA =OA + AA =0A, + OA, + OA, suy rax, y, zla céc toa do tuong ting ctia cic
diém A, A, A, trén céc truc toa do Ox, Oy, Oz.
2.N&uV (xy;z) thix=v.i,y=v.j,z=v.k.
D&i v6i hé toa do Oxyz, cho hai vectd v, (x5 y;5 2,) va v, (x,; 7, 2,) tacod
cac két qua sau:
X=X,
AV, =V, Y=Y,
2,712,
b.av, = (ox;ay;az), véia € R
c.av, £bv, = (ax, £ px;ay, £ Py, oz, £Pz,), v6ia, p € R
dv, v,=xX,+Vyy,+2z2,
e ¥ | =W = xityieg
XX, +V¥,Y, + z,7,

f.cos(v,, V)=
° 2 2 2 2 2 2 2
\/X1 +Yy; -i-Z1 .\&2+y2+z2

gV, lv,ov.y,=0xx+Yyy,+22,=0

Lién hé gitia toa o clia vecto va toa d¢ hai di€m muit

Trong hé toa 6 Oxyz, cho hai diém A(x,; y,; z,) va B(x;; ¥, 2,) ta c6 cac két qud sau:
a. AB = (X, - X3 Yy - Vo Z - Zo)-

b. AB = |AB | = /(x = x,)? + (v —¥a) +(25—2,)" .

¢. Diém M chia doan thing AB theo mot ti s6 k (tiic 1a MA = kﬁﬁ) cotoaddla
(XA —kxg ¥, —kyp. 24 'kZBj,

’ B

1-k 7 1-k 1-k

d. Trung diém I ctia doan AB c6 toa do (XA ;XB . Ya +Yp. ZatZs j .

2 2



5  Tich ¢6 huéng (hay tich vecto) ciia hai vects

Dinh nghia: Tich c6 huéng (hay tich vecto) ciia hai vecto v, (X3 y;2,) va ¥, (X3 ,3Z,)
ki hiéu [¥,,V,] Ia mét vecto Vv dugc xdc dinh bai:
i 4

{VI’VZ]:()’z Z, )

Cic tinh chat: Ta co:
a.[V,,V,] = 0 khi va chi khi hai vecto ¥, va v, cung phuong.

Z, X 01X Y,

X2 Y2

3

’

Zy X,

b. Vecto [V,,7,] vudng goc v6i hai vecta v, va v,.
c. [V, Y, ]| =|¥,]| V,|.sina, trong d6 a 1a gbc giiia hai vecto V,va V,.
Dién tich tam gidc: Dién tich ctia AABC c6 cac dinh dugc cho béi cong thiic:

S [AB,AC]|= L | AB|| AC|sin(AB, AC).
2

1
AABC 2

biéu kién déng phdng ctia ba vecto

Dinh Ii: Diéu kién cin va di dé ba vecto ¥,, v, va v, dong phingla: [V, ¥,].¥, =0.

Nhu vay, v6i ¥, (x; ¥, 2,), ¥, (X3 ¥, 2,) va ¥, (%3 ¥, 2,) thi ¥, ¥, va v, dong phéng
khi va chi khi: '

X Y
Thé tich hinh hp: Thé tich V ctia hinh hop ABCD.A B C D, dugc cho bdi cong thic:
V =|[AB,AC].AD|
Thé tich i dién: Thé tich V ctia tii dién ABCD dugc cho bdi cong thiic:
= é|[‘A§,K‘c‘] .AD|
6. Phuong trinh mit ciu
Pinh Ii: Trong khéng gian Oxyz, mét cdu (S) ¢ tim I(a; b; ¢) va bdn kinh R ¢6
phuong trinh:
S):x-a)y+(y-b)*+(z-c)=Rx (1)
Phuong trinh (1) goi 14 phuong trinh chinh tic cia mét cau.
Vay, ta dugc:

- | Tam I(a;b;c) v )2 BRY JURTIEEY
(S): {BénkinhR < (Cr:x-a)+(y-by+(z-c)=R~




Chit y: Ta c6:
s Mit ciu tim O bén kinh R ¢6 phuong trinh x* + y* + 2> = R2.

Mit cdu don vi ¢6 phuong trinh x* + y* + 2> = 1.
Pinh Ii: Trong khéng gian Oxyz, mdt (S) c¢é phuong trinh:
(S): x> +y*+7*-2ax - 2by - 2cz+d =0, (2)
v6ia? + b? + ¢ - d > 0 la phuong trinh ctia mat cdu tdm I(a; b; ¢) va ban kinh
a?+b2+c?—d.

Phuong trinh (2) goi 1a phuong trinh téng qudt ciia mét cau.

CACPHUONG PHAP GIAI BAI TAP TRAC NGHIEM

Bai 1. Trong khong gian v6i hé toa do Oxyz, goc O cb toa d9 la:
A.(0;0;0). B. (1; 0; 0). C.(0;1;0). D. (0; 0; 1).
Dbép s6 trac nghiém A.

Bai 2. Trong khong gian véi hé toa do Oxyz, vecto 1 c6 toa do 1a:
A. (0;0;0). B. (1;0; 0). C.(0;1;0). D. (0; 0; 1).
bép s6 trac nghiém B.

Bai 3. Trong khong gian véi hé toa do Oxyz, vecto —f c6 toa do la:
A.(0;0;0). B. (1;0;0). C.(0;1;0). D. (0;0; 1).
Dbép s6 trac nghiém C.

Bai 4. Trong khong gian véi hé toa do Oxyz, vecto K 6 toa do Ia:
A.(0;0;0). B. (1; 0; 0). C.(0; 1;0). D. (0; 0; 1).
Dbap s6 trac nghiém D. v

Bai 5. Trong khong gian véi hé toa dd Oxyz, vecto u= T - 2Fj> +3Kk c6 toa do la:
A.(1;-2; 3). B.(1;2;3). C.(-1;2;-3). D. (-1;-2; 3).
Pap s6 trac nghiém A.

Bai 6. Trong khong gian véi hé toa do Oxyz, veétd u= 37 -2k ¢o toa do 1a: ‘
A.(0;-3;2). B. (05 3; 2). C.(0;-3; -2). D. (05 3; -2).

Dap s6 trac nghiém D.




Bai 7. Trong khong gian véi hé toa do Oxyz, vecto U =31 - k ¢b toa do la:
A.(3;0;1). B. (3;0; -1). C. (-3;0;-1). D. (-3;0; 1).
bap s6 trac nghiém B.

Bai 8. Trong khong gian véi hé toa do Oxyz, vecto U = k + 41 - 2 6 toa do la:

A. (4-2;1). B. (1;4;-2). C.(-2;4;1). D. (-1; -4; 2).

Dap s6 trac nghiém A.

% Chu y: D€khong bi nham 14n khi x4c dinh toa d9 vecto thong qua biéu thiic chita
ba vecto co s8 i, j, k cic em hiy ludn viét lai né duéi dang xi+yj +zk (theo dting thi tu).
Bai 9. Trong khong gian v&i hé toa do Oxyz, vecto W (2; 1;-1) va v (2; 1;22). PDéUu =V

diéu kién la:

A.a=0. B.a=1. C.a=-1. D. V6 nghiém.

Dap s6 trac nghiém D.

> Loi gidi ty ludn: Ta c¢6 diéu kién 1a: -1 = a%, v0 nghiém.

Vay, khong ton taia déu = v

—

Bai 10. Trong khong gian véi hé toa do Oxyz, vecto u (0; 1;-5) va v (0; a;b). DEU =V

_ diéu kién la:
A.a=b=1. B.a=b=5.
C.a=1vab=-5 D.a=-5vab=1.

Dap s6 trac nghiém C.

Bai 11. Trong khéng gian véi hé toa d6 Oxyz, cho hai vecto u; (3; -4; -2), u, (1; 0; -3). Vecto
u =3Y +2u, cbtoa do l:

A. (11;-12;-12). B. (11; 12; 12).
C.(-11;12; 12). D. (-11; -12; -12).
bap s0 trac nghiém A.

> Loi gidi tu lugn: Ta cé: U =3, +2U, = 3(3;-4;-2) + 2(1; 0; -3) = (11; -12; -12).
Vay, ta c6 u'(11; -12; -12).

@ Chuy: Bai tp trén rit don gidn nhung lai rit dé nhim 14n, do d6 cic em hoc sinh
can than trong.

(279}




Bai 12. Trong khong gian v6i hé toa d6 Oxyz, cho hai vecto Tl'l (-1;-3; 6), sz (2; 1; -5). Vecto

U =21 -5u, cd toa do la:
A, (12;11;-37). B. (-12;-11; 37).
C. (12; 11;37). D. (-12; -11; -37).
Dap s6 trac nghiém B.
> Loi gidi tu lugn: Ta co:
U =24, - 50, = 2(-15-3; 6) - 5(2; 15 -5) = (-12; -11; 37).
Vay, ta c6 u'(-12; -11; 37). ‘
@ Chti y: V6i nhiing biéu thiic chia ba vecto, d€ dam béo tinh chinh xdc, cac em

hoc sinh hay kiém tra két qua bang may tinh CASIO fx-570MS.

Bai 13. Trong khong gian véi hé toa d Oxyz, cho ba vecto a'(-2; 3; 1), b(5-7;0)va T (3; - 2 4).

Vectd U =22 + b - 4C ¢ toa dd 1a:
A.(11;7; 14). B.(11;7; -14). C.(-11;7; -14). D.(-11;-7;-14).
DPap s6 tric nghiém C.
» Loi gidi tu ludn: Ta co:
UW=2a+b-4C = 2(-2;3; 1) + (55 -7; 0) - 4(3; - 2; 4) = (-11; 7; -14).
Vay, ta c6 u(-11; 7; -14).
> Lua chon dép 4n bang viéc st dung mdy tinh CASIO fx - 570MS: Bang cach thyc

hién theo thi ty:

= Thiét lap moi trudng lam viéc v6i vects cho mdy tinh bing cach 4n:
IMODE MODE| MODE

D& nhap toa do cho vecto 2 ta in:

S Ve [1](1]3) 8 6 =
Dé nhép toa do cho vecto b ta 4n:

s ven i zIE 8 s Bl B8

Dé nhép toa do cho vecto ¢ ta dn:

saFnven 3R E B E - E«E
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= PEtinh 0 =23 + b - 4¢ ta 4n:

=

Viy, ta dugc U (-11; 7; -14), ting v6i dap an C.

@ Nhén xét: Nhu vay, d€ lya chon dugc dap an dung cho bai toén trén thi:

@ Trong cdch gidi tu ludn ching ta stt dung cdc tinh chét clia cdc phép todn vecto
dé tinh.

= Trong cdch Iya chon ddp dn bang viéc stt dung mdy tinh CASIO fx-570MS chiing
ta sti dung chtic nang tinh vecto ctia méy tinh dé tim toa d6 clia vecto u’. Tuy nhién, hiu
hét cic em hoc sinh khi ldn d4u doc cach 1am d6 déu c6 chung mot nhan dinh 13 n6 ‘qud
phiic tap”va sé mét thdi gian hon cach gidi bdng tu luan. Diéu nay hoan toan sai, nhét [a
v6i nhiing vectd cé toa do 1é.

Bai 14. Trong khong gian vdi hé toa do Oxyz, vecto ﬁ(%; %; 2j c6 d¢ dai bang:

AT B. Y207 c. Y17, D, Y187
6 6 6 6
bap s6 trac nghiém A.

> Loi gidi tu Iudn: Ta co:
- 1Y (4Y 1 16 J
[d] = \/(—2-) +(—3~J +2% = Z+*'9“+4 = —%ll’ ung v6i dap an A.

» Lua chon dép dn bang viéc sit dung mdy tinh CASIO fx - 570MS: Bing cach thuc

hién theo thi tu:

IMODE|MODE [MODH

[SHIFT) [veT[1[1] (3] ] 1 i 2 [ + B

[SHIFT] [Abs|[SHIFT|[VCT][3] 1 B

Do d6, viéc Iyia chon dép 4n A 13 ding din.

Bai 15. Trong khong gian v6i hé toa do Oxyz, cho hai vecto 171(—12— -3 %)’ E(l; i; ~§].
Vecto U =34, - 2u, ¢ do dai bing;

A V5209 B /5409 C /5609 D, V3809
== e e -

Dbap s6 trac nghiém B.




> Loi giai tu Iudn: Ta c6:

U =3u-2u, =3 l;—3;—2— -2 l;i;m%
2 3 372

8
= i;—9;2 - (2——;—3} = (_l;_ﬁ;sj.
2 3 2 3

T d6, suy ra: .
| = \[(_%j + (—%ijz e = (1205 LN g v dip an D,

» Lua chon ddp 4n bﬁng viéc sit dung mdy tinh CASIO fx — 570MS: Bang cach thuc
hién theo thi tu:

[MODE MODE MODE 3]

suerver 1 (03] 6 i 2 E 6 s 2 - B

serFrve (1)) 1 E O -

s parFnver[3) | B2 BEFTven[3)2 B

[SHIFT) [Abs SHIFT [VCT [3] 4 B

Do dé, viéc lya chon dép 4n D 1a dting déan.

Bai 16. Trong khong gian v6i hé toa do Oxyz, cho hai vecto 5(1; %; —%) va B(g—; -5 %J .
Gid tri a'.b béng:

A2 B.-. cl7. p. B,
6 6 6 6
Dép s6 trac nghiém A.
» Loi gidi tu’]uén' Ta cé:
_ 23 4 5 13 e Az 7
ab=1 ~3— —( 5)—55 = *-3-—5—1 —-~é—,lingvo’1dapanA.
» Lua chon dép 4n bing viéc stt dung mdy tinh CASIO fx - 570MS: Bing cach thuc
hién theo tht tu: '
IMODE/MODE|/MODEH|[3]
s ver [ 1B 1« 2 B S 2 6 B
EmaanpE - g F-1OH-H-B-

[SHIFT [VCT [3] 1 [SHIFT] e [>][1]/SHIFT VCT[3]2
e

Do d6, viéc lya chon dap én A la ding dan.
Bai 17. Trong k}ic:)ng gian v4i hé toa do Oxyz, cho ba vecto a(-2;3;1), E(S; -7;0) vac (3;-2;4).
Gidtria (b +¢) bang:

T25)
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A.-39. B.-33. C.33. D. 39.
Dap s6 tra¢ nghiém A.
» Loi gidi tu ludn: Ta cé:
(b +C) = (B3 DG 700+ (5~ 2 4)] = (235 1)(8 -94) = -39,
ing v6i dap an A.
» Lua chon ddp dn bang viéc str dung mdy tinh CASIO fx - 570MS: Bing céch thuc
hién theo thit tu:

--IIIHSH7EOE
sarFtver (1131318 B B« B
[SHIFT] [VCT[3] 1 [SHIFT|[VCT] [»>]
=

Do dé, viéc Iva chon dap 4n A 1a ding dén.

Bai 18. Trong khong gian véi hé toa do Oxyz, chobavectoa'(2;-1; 3), E(l; -3;2)vac (3;2;-4).
Vectd v thdamina'.v =-5,V.b =-11va ¢.¥ = 20 c6 toa do la:

A.(2;3;2). B. (2; 3;-2). C. (2;-3;-2). D. (-2;-3;-2).
Dap s6 trac nghiém B.
> Loi gidi tut ludn két hop sit dung mdy tinh CASIO fx - 570MS: Gia sit v (x; y; z),
ta bién doi diéu kién vé dang:
2X—y+3z=-5 x=2

x=-3y+2z=-11 < 1¥Y=3 = ¥'(2;3;-2) bing cich 4n:
3x+2y—-4z=20 z=-2

[MODE| MODE [MODE|[1][3]

(O -H-|OB-H-[CH-B-lcB-E-H-]o
H X=
y= 3
= -2

Viy, ta dugc v (2; 3; -2).




Bai 19. Trong khong gian v4i hé toa d6 Oxyz, cho vecto a'(1; -3; 4). Vecto 3(2; y; z) cung
phuong véi vecto a khi:

Ay=-3vaz=4 B.y=-6vaz=8. C.y=6vaz=-8. D.y=3vaz=-4.
Dép s6 trac nghiém B. '

» Loi gidi ty Iugn: Ta co:

y z z=28

/b % N PN {y:—6 2?(2' -6; 8), ting vGi dap an B.
Bai 20. Trong khong gian v6i hé toa d9 Oxyz, cho vecto a( -1 -—% 5) Vecto b( > ;b 3—Cj

2
vudng goc voi vectd a” khi:
A.4a+3b+3c=0. B.4a-3b+3c=0.
C.2a+3b+3c=0. D.2a-3b+3c=0.

DPép s0 trac nghiém D.
» Loi gidi tu Iugn: Ta co:

albeab= 0@%—%3: —0<>2a-3b+3c=0

ung véi dap an D.
@ Nhan xét: Nhu vy, qua 20 bai toan trén chung ta da st dung cac kién thiic rdt co
ban clia vecto trong khong gian d€ thuc hién ching. Tiép theo ching ta s& quan tam t6i
céc bai toan vé toa do ctia diém trong khong gian.

Bai 21. Trong khong gian véi hé toa d Oxyz, cho hai diém A(9; —%; -§:) va B(S nl 5]

374
Hay lya chon két qua dung:
— [ 53 N217
A.AB (17;1;1) va |AB| = 291. B. AB 1,5 > va |AB| = -
—r - 21
C.AB (-17;-1;-1) va [AB| = v291. D. AB( 13, _-) va[AB|= 22

Dap s6 trac nghiém B.
» Loi gidi tu lugn: Ta 14n lugt co:

Xﬁ:(g 9i-|-l §-+l = —~1;-5—;—3— 5
34 4 3°2

AB|= |12+ _3_22\/1 16, _ V217 o dép 4n B.
|AB| \/( )+(3) +(2) Ry — ting v6i ddp 4n B

B3i 22. Trong khong gian vi hé toa dd Oxyz, cho ba diém A(3;-1; 2), B(-5; 3 2), C(1; 25 -3).
Toa d¢ trong tim AABC la:
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1 4
A. l;i;—l . B. —l§i;—:1 . C. (‘“2“;1) D. (l§i;1J'
3737 373 33 33

Dap s6 trac nghiém B.

» Loi gidi tu uan: Trong tam G ctia DABC ¢6 toa do:

~5+1 —1+3+42 2-2— oo A A
G=(3 1 +3+; 3):(__;_;_1j,uﬂgvmdapan3-

3 3 3 3
Bai 23. Trong khong gian v6i hé toa do Oxyz, cho ba diém A(9; 0; 0), B(0; 9; 0), C(0; 0; 9).
Toa dd hinh chiéu vudng géc H ctia O 1én (ABC) la:
A.(9;9;9). B. (9; 6; 3). C. (3;3;3). D. (3;6;9).
Dap s6 trac nghiém C.
> Loi gidi ty Indn: Nhén thdy rang O.ABC 13 hinh chép déu nén H chinh la trong
tam ctia DABC, nén c6 toa do:
G(3; 3; 3), ting véGi dap 4n C.
Bai 24. Trong khong gian véi hé toa dd Oxyz, cho bén diém M(1; 2; 3), N(-1; 0; 4), P(2; -3;
1) va Q(2; 1; 2). Cép vecto cung phuong la:
A.MNvaPQ.  B.MP vaNQ. C.MQvaNP.  D.Khéng tén tai.
Dap s6 trac nghiém C.
» Lua chon ddp én bang phép thit 1: (Tl trai qua phai): Ta 4n lugt dénh gié:
" Véi dap an A thi:
W(—Z; 2;1)va ﬁi(o; 4;1) = MN va PQ khong cting phuong
=> Ddp an A bi loai.
= Véi dap an B thi:
MP (1; -5; -2) va ﬁd(?); 1;-2) = MP vaNQ khong cting phuong
= Dép an B bi loai.
= V6i dap 4n C thi:
MQ(1; -1; -1) va NB(3; -3; -3) = MQ va NP ciing phuong.
Do d6, viéc Iya chon dép én C 12 ding dén.
» Lua chon ddp dn bing phép thit 2: (T phai qua trai): Ta 14n lugt danh gia:
® V6i dap an C thi:
MQ (15-1;-1) va NP (3; -3; -3) = MQ va NP cling phuong,.

Do d6, viéc lua chon dép 4n C la dung din.




& Nhin xét: Nhu vay, d& lya chon dugc d4p 4n ding cho bai todn trén chiing ta s
dung cac phép thi:

s Trong cdch Iua chon dép dn bang phép thi 1, chiing ta cin thuc hién ba phép tht.

= Trong cdch Iua chon ddp dn bang phép thi 2, ching ta cin thuc hién hai phép thtt.
Bai 25. Trong khong gian v6i hé toa do Oxyz, cho ba diém M(2; 0; 0), N(0; -3; 0) va P(0; 0; 4).

Néu ti gidc MNPQ 12 hinh binh hanh thi toa dd ctia diém Q la:

A.(-2;-3;4). B.(3;4;2). C.(2;3;4). D. (-2; -3; -4).

Dap s6 trac nghiém C.

> Loi gidi tu ludn 1: Gia stt Q(x; y; z). Khi d6, 3¢ MNPQ 13 hinh binh hanh,
diéu kién la:

MN . QP < MN=QP & (-2;-3;0) = (-x; -y; 4 - 2)
—2=-X x=2

o 13=-y o ly=3 < Q(2;3;4), ting véi dap 4n C.
0=4-z z=4

> Loi gidi ty ludn 2: Gid stt Q(x; y; z). Khi do, dé MNPQ 13 hinh binh hanh,
diéu kién 12 MP va NQ cit nhau tai trung diém méi dudng.
Goil, J theo thd ty 14 trung diém ctia MP va NQ, ta co:
1(1; 05 2) va 1(-’5- y=3 5},

27 272
2-1
x/ 3 x=2
1= (15720 & {y=3 & Q(2:3;4), ting voi dép 4n C.
2/2=2 z=4

» Lua chon ddp 4n bing phép thit 1.1: (TU tri qua phai): D€ MNPQ la hinh
binh hanh, diéu kién la MN =QP, véi MN (-2; -3; 0).

Ta l4n lugt danh gia:

a Véi dap 4n A thi QP (2; 3; 0) nén dép an A bj loai.
» V6i dép 4n B thi QP (-3; -4; 2) nén ddp 4n B bj loai.
Véi dap 4n C thi QP (-2;-3;0) = MN.

Do dé, viéc Iua chon dap an C 1a ding dan.

> Luta chon ddp 4n bing phép thit 1.2: (Tl phai qua trai): D& MNPQ la hinh
binh hanh, diéu kién 1a MN = QP, v6i MN (-2; -3; 0).
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Ta lan lugt danh gia:

= V6i dap dn D thi QP (2; 3; 8) nén dap an D bj loai.
= V6i dap an C thi QP (-2; -3; 0) = MN,

Do d4, viéc lua chon d4p 4n C Ia ding d4n.

> Lua chon ddp 4n bing phép thit 2.1: (TU trai qua phai): P& MNPQ 13 hinh

binh hanh, diéu kién 1a MP va NQ cit nhau tai trung diém méi duong, véi trung diém
Icta MP1a1(1; 0; 2).

Ta lan lugt ddnh gid:

= V6i ddp 4n A thi trung diém cia NQ ¢6 toa d6 (-1; -3; 2) nén dap an A b loai.

= V6i dép 4n B thi trung diém cita NQ c6 toa do @ -;-; 1) nén dép 4n B bi loi,

= V6i ddp 4n C thi trung diém ctia NQ c6 toa d6 (1;0;2) = L.

Do d6, viéc lya chon dap 4n C la ding d4n.

» Lua chon ddp 4n bing phép thi 2.2: (Tt phai qua trai): D& MNPQ 14 hinh

binh hanh, diéu kién 1a MP va NQ cit nhau tai trung diém méi duong, véi trung diém
Icta MP 1a1(1; 0; 2).

Ta lan lugt dédnh gid:

= V6i ddp 4n D thi trung diém ctia NQ ¢6 toa d6 (-1; -3; -2) nén dap an D bi loai.

@ V6i dap n C thi trung diém ctia NQ c6 toa do (1;0;2) =1.

Do do, viéc Iya chon dép 4n C la ding d4n.

" Nhén xét: Nhu véy, dé lya chon dugc dap én ding cho bai toan trén thi:

® Trong cdch gidi tuf ludn 1, ching ta di tim toa do diém Q théng qua diéu kién
MN =QP dé MNPQ la hinh binh hanh.

= Trong cdch gidi tu lugn 2, ching ta di tim toa d6 diém Q thong qua diéu kién MP
va NQ cit nhau tai trung diém méi duong € MNPQ 14 hinh binh hanh.

= Trong cdch Iua chon ddp 4n bing phép thit 1.1 va 1.2, chiing ta kiém tra diéu kién
MN =QP theo huéng tit tréi qua phai va tit phai qua tréi.

® Trong cdch Iua chon ddp 4n bing phép thi 2.1 va 2.2, chiing ta kiém tra diéu kién

MP va NQ cdt nhau tai trung diém méi duong theo huéng tit tréi qua phai va ti phai
qua trai.

@57




Bai 26. Trong khong gian véi hé toa do (O; i; j; k), tich c6 hudng [i, 1 bing:

A1 B.J. C.k. D. (1; 1; 1).
Dap s6 trac nghiém C.

Bai 27. Trong khong gian v6i hé toa d¢ Oxyz, cho hai vecto a(1;0;-1), b(2;1;1). Vecto ndo
sau d4y vudng goc véicd @ va b
A.(1;1;0). B. (0; 1; 0). C. (1;-3;1). D.(1;3; 1).
Dap s6 trac nghiém C.

> Loi gidi tu Iugn: Vect vudng goc v6icd a va b la:

[a,B]:( _‘4 1

112
> Lua chon ddp 4n bing phép tht I (tli tréi qua phai): Ta lan lugt ddnh gia:

0 -1
11

10
2 1

’

J = (15 -3; 1), ting v6i dap &n C.

= V&i vectd trong dép an A, ta cd:
a.(1;1;0) = (1;0;-1).(1; 1; 0) = 1 # 0 = Dép 4n A biloai.
= V&i vecto trong dép 4n B, ta co:
2.(0; 130) = (15,05 -1).(0; 1; 0) = 0 => a L (0; 1; 0), thoa man
5.(0; 1;0) = (2; 1;1).(0; 1;0) = 1 # 0 = Dap én B bi loai.
Vi vecta trong dap an C, ta co:
a.(1;-3;1) = (1;0;-1).(1;-3; 1) =0 => a L(1; -3; 1), théa man
5.(1;-3; 1) = (2, 1;1).(1;-3; 1) =0 = b L(1;-3; 1), thda mén
Do d6, viéc lua chon d4p 4n C la dting dan.
» Lua chon ddp 4n bing phép tht 2 (tlf phéi qua tréi): Ta lan luot danh gié:
= Vi vecto trong dap 4n B, ta co:
CE.(1351) = (1505-1). (1;3; 1) =0=> a L (1;3; 1), thoa man
5.(1;3; 1) =(2;1;1). (1;3; 1) = 6 # 0 = Ddp an D bi loai.
= V6i vecto trong dap an C, ta co:
a.(1;-3;1) = (1;0;-1).(1;-3; 1) =0 = a 1(1; -3; 1), théa man
5.(1;-3;1) = (2 1 1).(1;-3;1) =0=> b _1(1;-3; 1), théamén
Do d6, viéc lya chon dap 4n C la ding dan.
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» Lua chon dap dn bang viéc st dung mdy tinh CASIO fx - 570MS: Béng cach thyc
hién theo thi tu:

IMODE MODE [MODH

saIFnveT (1[N E]18 1 B o Bl 6 B

EEIIEZEIEIH

[sHiFT (Ve [3]1 B ST veT[3]2
[>]
[>]

Do do6, viéc Iya chon dép 4n C la dung dan.

Bai 28. Trong khong gian vdi hé toa d6 Oxyz, cho ba vecta a (-2; 3; 1), b (5;-7;0) va ¢ (3; - 2; 4).
Vecto [a, b + €] c6 toa do la:

A.(21; 16; 6). B. (21; 16; -6). C. (21;-16; -6). D. (-21; 16; -6).
Dap s6 trac nghiém B.

> Loi gidi ty lugn: Ta cé: b + € = (5;-7;0) + (3; - 2; 4) = (8; -9; 4),
- 31
i B aale ;

[d,b +C] [‘_9 4

» Lua chon ddp dn bang viéc stt dung mdy tinh CASIO fx - 570MS: Bing cach thuc
hién theo thi tu:

-2
8

1 -2
4 8/

3
_9'] = (21; 16; -6), ing v6i dap an B.

|MODE1 \MODEI l

|SHIF"I1 VCTt . 1 |SHIF'[1 VCT)[»] . [
[seFT[vCT)[3] 1 B4 @ SrrFT ve[3] 2 B SerF veT[3] 3 )
=

Do d6, viéc lva chon dép 4n B la dung dan.

Bai 29. Trong khong gian véi hé toa dd Oxyz, cho ba diém A(1; 1; 1), B(5; 1; -2), C(7; 9; 1).
Dién tich cia AABC bang:

A. V481 (dvdt). B. V461 (dvdt). C. V441 (dvdt). D. V421 (dvdt).
Dap s6 trac nghiém A.
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» Loi gidi tu luan: Ta c6: AB(4; 0 -3) va AC(6; 8;0),

£ 3

= 11(24 -18;32)| = V481 (dvd), ting i dip i A

3 4
0 6

1

0 -3
2118 of

1 et et
SAABC=5|[AB, AC]| =

> Loi gidi tu ludn két hop st dung mdy tinh CASIO fx - 570MS: Ta c6:

1

AB (4; 0 -3) va AC(6; 8;0), S, = - [[AB , AC]| = -1(24 -18; 32)| = /481 (dvdt),

bing cach 4n:

MOD h\/[ODE[ IMODE|[3]
e - B - O -
SHIFT VCT ..[=6=8=0=
@@Dl@@h% ig
32
SHIFT [Abg [SHIFT][VCT][3 ] 4 B 43.8634
. BB 21.9317

Do d6, viéc lua chon dap 4n A 13 ding dan.

Bai 30. Trong khong gian v6i hé toa do Oxyz, cho bon diém A(2;3; 1), B(4; 1 -2), C(6; 3;7),
D(-5; -4; 8). Thé tich cfia td dién ABCD béng:

A. ? @t).  B.20(dvtt). C. %5 (dvtt). D. ? (dvtt).
Dép s6 trac nghiém D.

» Loi gidi tu luan: Ta lan lugt c6: AB(2;-2; -3), AC(4; 05 6), AD(-7;-7;7),
[AB, AC] = 23 2R A 1048
» ACT= 0 6/'|6 4|14 0 =(-12;-24:8),

1 — — == 1 1
Vo= g [[AB, ACl, AD|= 21(-12;-24;8).(-7; -7 7)] = 140

= 72? ting v6i dap an D.

> Loi gidi tu Iuan két hop st dung mdy tinh CASIO fx — 570MS: Ta c6:
AB(2;-2;-3), AC(4 0; 6), 2&?3(-7; 77, |

. 1 — .
Viep= s |[AB, AC ADI — u’.ng v6i dap an D bang cach 4n:

1)
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IMODE|/MODE MODE|[3]

SRR -P=-1ck-H=

SHIFT [VCT 12| 3B 4Bl o Bl o 8

SHIFT[vCT[1][3](3 ] (&) 7 B ) 7 B 7 B

[@sHiFTveT[3] 1 B SHIFT VT [3]2 )

sHIFT VCT > |[1][sHIFTVCT[3]3 B
-

Do do, viéc Iya chon dép an D 1a dung dén.
Bai31. Trong khong gian v6i hé toa do Oxyz, mit ciu: (S): x* + V42 -2x+4y-62-2=0

c6 tam I va ban kinh R la:

A I(1;-233)vaR= 12, B.1(-1;2;-3) vaR = 16.

C.I(1;-2;3) vaR = 4. D.I(-1;2;-3) vaR = 4.

Dap s6 trac nghiém C.

» Loigiditylugn: Tacda=1,b=-2vac=3néncd:a+b*+2-d=16>0ti do
suy ra, tiam I(1; -2; 3) vaban kinh R = va* +b* +c* —d =4,

Bai 32. Trong khong gian v6i hé toa do Oxyz, mit ciu: (S): x* + V+z*-8x+2y+1=0¢6
tdm I va ban kinh R la:

A.1(4;-1;0) vaR = 16. B.1(4;-1;0)vaR =4.
C.I(-4;1;0)vaR =16. D.1(-4;1;0) vaR = 4.
bap s6 trac nghiém B.

> Loigidi tuludn: Tacda=4,b=-1,c=0vid=1nén:a2+b*+ *-d =161t do,
suy ra mat ciu ¢é tim I(4; -1; 0) vaban kinh R = Va2 + b2 +c? —d =4.

Bai 33. Trong khong gian véi hé toa do Oxyz, mit ciu: (S): 3x* + 3y* + 327 + 6x - 3y + 152
-2=0co6tam I va ban kinh R 1a:

1.5) . 49 [ 5) N—
I —— = =z I -= = =¥
( X 2} vaR e 25 aR= 6
1 5
I(—l;—; ~—j vaR= ig I ~1;l;—§ vaR= l—\/—é
22 6 22 6
baép s6 trac nghiém D.

> Loi gidi ty Iugn: Viét lai phuong trinh duéi dang:

x2+y2+zz+2x-y+52—§=0.




5 2 49
,e=-7 vad=-7 nén: a’+b’+ct-d=-—— > 0 tii d6, suy ra mat
ciu co tam I(—l;%; ~%) vabankinhR = %

Bai 34. Mt cAu (S) v6i tam I(-1; 3; 0) va ban kinh R = 3 ¢6 phuong trinh:

A X+ 1?2+ (y-3)+22=3. B.(x+ 1)+ (y-3)+2*=09.
C.(x-1)*+(y+3)+z*=3. D.(x-1)*+(y+3)P+2*=09.
bép s6 trac nghiém B.

> Loi gidi tu ludn 1: Mat ciu (S) co:
(S): {;ﬁf;(—l; 30) & (S): (x+ 1%+ (y- 32 + 22 =9, ing v6i dap 4n B.
> Loi gidi ty Iudn 2: Ta c6: M(x;v;2) € () © IM=R< IM?* =R
S E+1)+(y-3P+22=09.
D6 chinh Ia phu:dngvtrinh mit cu (S) cin tim.

Bai 35. Mt cau (S) v6i tam I(2; -1; 3) va di qua diém A(3; -4; 4) c6 phuong trinh:

A (x+2P+(y-17+(z+3) =1L B. (x +2)* + (y- 1)+ (z+3)* = V11
C.(x-2P+(y+ 1)+ (z-3) =11 D.(x- 20+ (y+ 17+ (z-3)>= V11,
Dbép 6 trac nghiém C.

» Loi gidi tu ludn 1: Mt céu (S) co:

Tam 1(2; — 1; 3)
O fpmi o
iqua A(3; -4 4)

Tam I(2; - 1; 3)
R=IA=+/11
& (S): (x-2)2+ (y+ 1)+ (z - 3)* = 11, ting véi dép 4n C.

< (S): {

> Loi gidi tif lugn 2: Ta cb: M(x;y; 2) € (S) & IM=1A & IM? =1A?
S -2+ (y+ 1P+ (z-3) =1L
D6 chinh 13 phuong trinh mét cdu (S) can tim.
> Lua chon ddp 4n bang phép thir: Ta lan lugt danh gia:
@ Mit cAu c6 tdm I(2; -1; 3) nén cdc dap an A va B bi loai.
& V6i dép an D thi: (3- 202+ (4 + 17 + (4-32 =11 & 11=VI1 = A g (S)
= Dép an D bj loai.

Do d6, viéc lya chon ddp én C 13 dung dan.

™
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" Nhan xét: Nhu véy, dé Iva chon dugc dap an dung cho bai toan trén thi:

Trong cdch gidi tu Iun I, chung ta di xdc dinh tAm va ban kinh ctia mit cdu (S), ti
do6 nhan dugc phuong trinh chinh tic ctia (S).

Trong cdch gidi tu ludn 2, ching ta stt dung phuong phép qui tich dé xic dinh
phuong trinh ciia (S).

Trong cdch Iua chon dép 4n bang phép thir, thong qua toa do tam I chiing ta loai
bo dugc cac dép 4n A va B. Cudi cung, dé€ lua chon dugc d4p an ding ching ta kiém tra
diéu kién (S) di qua diém A.

Bai 36. Mt ciu (S) dudng kinh AB véi A(1; 3; 2), B(3; 5; 0) ¢6 phuong trinh:

A (x-2+(y-4)+(z-1)=2. B.(x+2)+(y+4)+(z+1)=3.

Cox+2P2+(y+4)+(z+1)1=2. D.(x-2)+(y-4P+(z-1)*=3.

Dap s6 trac nghiém D.

> Loi gidi ty lugn 1: Mit cdu (S) co:

Tam Ilatrung diém AB Tam 1(2; 4; 1)
)1 Ban kinh R :%E = O {R =3
S (S):(x-2)+(y-4P+(z ) 1)* = 3, ing v6i ddp 4n D.

> Loi gidi tu lugn 2: Ta cé:

M(xy;2) € (S) & MA L MB < MA.MB =0
(1-x%3-y;2-2).3-x%5-y;-2) =0

< 1-3.06-x0+06-9).6-y)+2-2).(-2)=0

SX+Y +7-4x-8y-22+18=0 (x-2)2 +(y-4)* +(z- 1)>=3.

D6 chinh 1a phuong trinh mét cdu (S) can tim.

» Loi gidi tu Iugn 3: Ta c6:

M(x;y; z) € (S) < DMAB vudng tai M <> MA? + MB? = AB?
SX+Y +72-4x-8y-22+18=0 (x-2)%+(y-4) +(z- 1)*=3.

D6 chinh 1a phuong trinh mit ciu (S) cdn tim.

» Lua chon dép 4n bing phép thit: Ta 14n lugt danh gia:

Tacé: 2R=AB= G-1)2 +(5-32+(2)* = 2¥3 <= R=3

=> Cac dap 4n A va C bi loai.




Véi dap 4n B thi:
1+22+(B+42+(2+1)?=3<67=3=A ¢ (S)= Dép an B bi loai.
Do dé, viéc lya chon dép 4n D 13 dung dan.

@ Nhén xét: Nhu vay, d€ lya chon dugc dap 4n dung cho bai toan trén thi:

® Trong cdch gidi ty ludn 1, chiing ta di xéc dinh tdm va ban kinh ctia mit cdu (S), tu
d6 nhan dugc phuong trinh chinh tac ctia (S).

® Trong cich gidi tu ludn 2 va 3, chung ta st dung phuong phép qui tich d€ xac
phuong trinh ctia (S) va chuyén né vé dang chinh tic d€Iya chon dugc dép 4n dung.

= Trong céch Iua chon ddp 4n bing phép thit, thong qua d¢ dai ctia bdn kinh R,
chiing ta loai bé dugc céc dap 4n A va B. Cudi cung, d€ lya chon dugc dép 4n ding,
chiing ta kiém tra diéu kién (S) di qua di€ém A.
B&i 37. Miit ciu (S) di qua hai diém A(1; 3; 2), B(3; 5; 0) va c6 tim thudc truc Ox cé phuiong

trinh:

A.X + (y-2) + 2 =50. B. (x+ 22 + 2+ 22 =22,

C.(x-5P+y*+22=29. D.(x-5)*+y*+2z*=5.

Pip s6 tric nghiém C.

> Loi gidi tu Iudn 1: Mit cdu (S) c6 tAm I € Ox, c6 dang: (S): (x-a)> +y*+Z2=R%
(1-a)* +3*+2°=R"?

=a=5vaR*=29.
B-a)+5°=R?

ViA, B e (S) nén ta cé hé: {
Vay, phuong trinh mit ciu (S) cé dang: (S): (x - 5)* + y* + 22 = 29.
> Loi gidi tu Iudn 2: Mt cau (S) c6 tAm I(a; 0; 0) va viné di qua A va B nén:

IAN=IBeIA2=IB2< (1-a)?+32+22=(3-a)+5* < a=5.

Vay, ta 6 (S): Tam I 5): Tam I(5; 0; 0) (S): (x- 5) 42+ 22 =29
ay, ta co: (S): DiquaA<:>( : R=1A=\/§§<:> ): (x-5)+y*+2z*=29.

» Lua chon ddp 4n bang phép thit 1 (tii tréi qua phai): Ta ldn lugt dénh gid:
= Véi mit cdu trong dép én A, c6 tim I(0; 2; 0) 2 Ox nén dép 4n A bi loai.

® Vi mit cdu trong d4p 4n B c6 tam thudc Ox, ta thay toa do di€ém A, B vao va
nhan thiy:

(1+2)*+3%+22=22<22=22,dung.
(3 +2)? + 52 = 22 <> 50 = 22, mau thuin = Dap 4n B bj loai.
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® V6i mit cau trong dap an C c6 tam thudc Ox, ta thay toa d6 diém A, B vao va
nhan théy:

(1-5)*+3*+22=29 <29 =29, dung.
(3-5)* + 52 = 29 <= 29 = 29, déing.
Do dé, viéc lua chon dép 4n C 1a ding dan.
» Lua chon ddp 4n bang phép thit 2 (tlt phai qua trdi): Ta lan lugt danh gié:
® Vi mét cau trong dap an D c6 tAm thudc Ox, ta thay toa d6 diém A, B vao va
nhan théy:
(1-5)*+32+2=5<> 29 =5, mau thudn = Dap an D bi loai.
® V6i mat cau trong dép an C c6 tam thudc Ox, ta thay toa do diém A, B vao va
nhan thay:
Q- 5)2 + 32+ 22 = 29 <> 29 = 29, déing.
(3-5)"+52=29 <29 =29, dung.
Do d6, viéc lya chon dap én C 1a dung dén.
Bai 38. Mt ciu (S) di qua ba diém A(1; 0; 0), B(0; 1; 0), C(0; 0; 1) va tAm I ndm trén mat
phéng (P): x + y + z - 3 = 0 ¢6 phuong trinh:
A X+y +22-2x+1=0. B.x’+y* +72-2y+1=0.
CxX+y +22-22+1=0. D.x*+y* +72-2x-2y-2z2+1=0.
bap s6 tric nghiém D.
> Loi gidi ty ludn: Gi st phuong trinh mit cdu (S) c6 dang:
(8):xX*+y*+ 72 - 2ax - 2by - 2cz+d =0, difu kién 2> + b* + 2 - d > 0.
ViA,B,C e (S)val e (P) nén ta cé hé:
1-2a+d=0
1-2b+d=0
1-2¢c+d=0
a+b+c-3=0
Vay, phuong trinh mit cu (S) c¢6 dang:

=a=1,b=1,¢c=1,d=1, théa man diéu kién (*).

(S):x*+y*+7*-2x-2y-2z+1=0.
> Lya chon ddp 4n bang phép thit 1.1 (tli trai qua phai): Ta I4n lugt danh gia:
® V6i mit cau trong ddp 4n A khong di qua diém B nén ddp an A bi loai.
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Véi mit cau trong ddp 4n B khong di qua diém A nén dap 4n B bi loai.

= V6i mit cdu trong ddp 4n C khong di qua diém A nén dap an C bi loai.

Do d6, viéc lya chon ddp an D 1a dang dén.

» Lua chon ddp 4n bing phép thit 1.2 (tii trai qua phai): Ta 14n lugt danh gia:

Véi mit cdu trong dap én A c6 tam I(1; 0; 0) = A nén dap an A bi loai.

Véi mit cAu trong dap dn B ¢6 tim 1(0; 1; 0) = B nén dap 4n B bi loai.

Véi mit cdu trong dép dn C c6 tam I(0; 0; 1) = C nén dép 4n C bi loai.

Do d6, viéc lya chon dép 4n D la dung dan.

> Lua chon ddp 4n bing phép thit 2 (tli phai qua trai): Ta 1an lugt danh gia:

Véi mit cau trong dép én D c6 thm I(1; 1; 1) thudc (P), ta thay toa do diém A, B,

C vao va nhén thdy:
1-2+1=0<0=0,dang < A € (S)
1-2+1=0<>0=0,ding< B € (5)
1-2+1=0<0=0,ding< C € ()

Do d6, viéc lya chon dap 4n D 1a dung dan.

Bai 39. Mt cAu (S) ngoai tiép hinh chép S.ABC vé6i S(3; 1; -2), A(5; 3; -1), B(2; 3; -4), C(L;

2; 0) c6 phuong trinh:

AX+y +72-5x-7y+8=0. B.x*+y*+2*-5x-7y+ 32+ 14 =0.

C.xX*+y*+7*-5x+32+21=0. D.X+y +7*-7y+32+29=0.

Dép s6 trac nghiém B.

> Loi gidi tu Iudn 1: Gid stt mdt ciu (S) c6 phuong trinh:

(S): x* + y? + 722 - 2ax - 2by - 2cz + d =0, diéu kién a’ + b> + - d = 0.

Piém S, A, B, C & (9), ta dugc: ’
6a+2b—-4c—-d=14 a=5/2
10a+6b—-2c—-d=35 - b=7/2
4a+6b—-8c—d=29 c=-3/2
2a+4b-d=5 d=14

, thoa man diéu kién.

Vay, phuong trinh mét ciu (S) c6 dang:
(S):x*+y*+7*-5x-7y+3z+14=0.
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» Hudng dan 16i gidi tu lugn 2: Nhan xét rdng:
SA=SB=SC=3,AB=BC=CA= 18

suy ra S.ABC la hinh chép tam gidc déu.

» Hudéng dan Loi gidi tu lugn 3: Nhan xét ring:
SA, SB, SC déi mét vudng gboc v6i nhau.

» Hudng dan Loi gidi tu lugn 4: Nhén xét ring SA, SB, SC dbi mét vudng gbc véi
nhau va bang nhau, do d6 mat cdu ngoai tiép hinh chép chinh 1a mit ciu ngoai tiép
hinh lap phuong sinh béi SA, SB, SC1a SBDC.ABD.C..

» Lua chon ddp dn bang phép thit - Hoc sinh ti thuc hién.




PHUONG TRINH MAT PHANG

)» KIEN THUC COBAN

v

Cip vecto chi phuiong clia mit phang

Dinh nghia 1: Hai vecto khéc vec to khong a, b goi 14 cdp vecto chi phuong (vtcp)
‘clia mit phing (P) néu ching khéng cong tuyén va cdc dudng thdng chiia chiing déu
song song vdi (P) (hodc ndm trén (P)). ’

Chuy:

(i). M&i mit phing c6 nhiéu cdp vecto chi phuong.

(ii). Hai mit phéng phén biét c6 cung mot cap vectd chi phuong thi song song véi
nhau.

‘giii). Mdt mit phing (P) dugc hoan toan xc dinh néu biét mot diém M va cap vtcp

(a’; b) ctia nd.

Vecto phap tuyén ciia mit phing

Djinh nghia 2: Vecto 1 13 vtpt clia mat phéng (P) < {

#0
1P
Nhan xét:

=1 =1}

1. Néu 1 13 vtpt clia mit phing (P) thi moi vecto kn véi k # 0 déu la vtpt clia mat
phéng dé.

=1}

La o wo@bl.
1

=1
o'l e

2. Néun lavtptva (a5 g) 1a cap vtcp ctia mit phéng (P) thi: {

 Phuong trinh tdng quét cia mét phing

Mit phéng (P) trong khong gian Oxyz c6 phuong trinh tdng quat:
(P):Ax+By+Cz+D=0v6i A’ +B*+ C*>0 (1)
nhén vecto n'(A, B, C) lam vtpt. |

Mot sé truong hgp dic biét

1. Néu D = 0, mit phéng (P) di qua goc toa do.

2. Néu A = 0, B# 0, C # 0, mit phéng (P): By + Cz + D = 0 s& chiia hodc song song
véi truc XOx.
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Tuong tu:

a. Mt pﬁéng (P): Ax + Cz + D = 0 sé chita hodc song song vdi truc yOy.

b. Mit phéng (P): Ax + By + D = 0 sé chﬁa.hoéc song song vdi truc ZOz.

3.Néu A =0, B =0, C# 0, mit phing (P) c6 dang (P): Cz + D = 0 sé chuia hoic
song song vdi truc xXOx va y’Oy nén né song song hoic triing v6i mit phing xOy.

Tuong tu:

a. Mt phang (P): Ax + D = 0 sé song song hoic triing v6i mit phing yOz,

b. Mt phéng (P): By + D = 0 sé song song hoic triing véi mét phing xOz.

Dic biét, cac phuong trinh x =0,y =0, z= 0 theo thii ty 14 phuong trinh clia cic mat
phang toa d6 yOz, xOz, xOy.

4.NéuA#0,B#0,C+0, D0 thibing cich dit:a = - %,bz - %’CZ - % ta dugc:

(P): =+ &+~ =1, )
Phuong trinh (2) goi Ia phuong trinh doan chdn ctia mit phing (P).
5. Chia hai v€ ctia phuong trinh (1) cho M = VA? + B> +C* . Khi d6, dit:

Aozﬁ,B(’:E,ng,D:—D—taduqe:
M M ° M M

(P): Ax+Byy +Cz+D,=0véi A0 + B 1 Co =1, (3)
Phuong trinh (3) dugc goi la phuong trinh phdp dang ctia mit phing (P).
4. Khoéng céch tif diém dén mit phing
Cho diém M(x,, ¥, z,,) v& mét phéng (P) c6 phuong trinh:

(P): Ax+By+Cz+D=0.

Khoang cdch hinh hoc tit M dén (P) dugc tinh bai cong thic:

d(M, (P)) = |Ax,, + By, + Cz,, +D| .

CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

4
Bai 1. Trong khong gian toa d Oxyz, cho di€m A(-1;2; 1) v hai m3t phing;
(0):2x+4y-62-5=0, (B):x-2y-32=0.
M¢énh dé nao sau ddy diing?
a. (B) di qua A va song song véi (a).
b. (B) khong di qua A va song song véi (a).
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c. (B) di qua A va khong song song vdi (a).
d. (B) khong di qua A va khong song song vdi (o).
Dép s6 trac nghiém D.
Bai 2. Trong khong gian v6i hé toa d6 Oxyz, cho hai diém M(-1; 1; 1), N(2; 4; 3). Mot vecto
phép tuyén clia mit phing (OMN) c6 toa do la:
A.(1;5;6). B. (1; -5; 6). C.(1; 6;-5). D. (6; 1; 5).
Dbép s6 trac nghiém B.
- > Loi gidi tu Iudn: Goi 7 13 mét vtpt ctia mit phang (OMN), ta cé:
OM(-1;1;1),ON(2; 4 3)

11t -1
4 313 2

)

"n=[OM, ON] = H

-1 1
2 4

D =(-1;5; -6)
chon 1'(1; -5; 6), ing v6i dap an B.
> Lua chon dip 4n bing phép thit 1: (Tt tréi qua phai): Ta lan lugt danh gid:
= V6i ddp an A thi:

T.OM =-1+5+6=10#0= 10 khong vuéng goc v6i OM = D4p 4n A biloai.
Véi dap an B thi:

7.OM =-1-5+6=0=10 LOM

T.ON=2-20+18=0=1 LON
Do d6, viéc lua chon dp 4n B 1a dung déan.
> Luia chon dip 4n bing phép thi: 2: (Tt phai qua tréi): Ta lin lugt danh gia:
V6i dap an D thi:

n.OM=-6+1+5=0=>1010OM

T.ON =12 + 4 + 15 = 31 # 0 = 1 khong vudng géc véi ON

= Ddap an D bi loai.
Vé6i dap an C thi:

n.OM=-1+6-5=0=110M

T.ON =2+24-15=11# 0= 1 khong vudng géc v6i ON -

= bép an Cbi loai.
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= V6i dap an B thi:
n.OM=-1-5+6=0=T1 L OM
n.ON=2-20+18=0=1 LON
Do dd, viéc Iya chon ddp 4n B la dung dén.
» Lua chon ddp 4n bing phép thit st dung mdy tinh CASIO fx - 570MS: Goi 1" 1a
mot vipt cia mat phing (OMN), ta c6: OM(-1;1; 1), ON(2; 4; 3)
n = [OM, ON] = (-1; 5; -6)
bang cach thuc hién theo thi tu:
= Thiét lap moi trudng lam viéc véi vecto cho mdy tinh bang cach 4n:
IMODE MODE MODH

Dé nhép toa d6 cho vectd OM va vectd ON ta 4n:
Seuan|izenFRENEN - |- R - B - B -
saFTver (1213 B2 B+ B B

= D€ tinh toa d6 ctia 1 ta 4n:

SHIFT VT3] 1 B SHIFT[veT (3] 2 @)

Do d6, viéc Iya chon d4p 4n B Ia dting d4n.
@~ Nhén xét: Nhu véy, d€ lya chon dugc dép 4n diing cho bai toén trén thi:

Trong cdch gidi tu Iugn chiing ta thyc hién tinh tich c6 huéng ctia hai vectoc OM
va ON duya trén cac dinh thtic cip 2.

Trong cdch Iua chon ddp 4n bing phép thit 1 va 2 ching ta kiém tra diéu kién dé
vecto T vudng goc véi cdc vecto OM va ON dua trén tich vo huéng.

® Trong cdch lua chon dép 4n bing phép thit véi mdy tinh CASIO fx-570MS, ching ta
st dung chtic ning tinh tich c¢6 hudng cta hai vecto ctia mdy tinh, didu nay giup gidm
dugc thoi gian.

Bai 3. Mat phéng (P) di qua diém A(1;2; 3) va c6 vipt T(2; -1; 3) ¢6 phuong trinh:
A.(P):2x-y+32-4=0. B.(P):2x-y+32-9=0.
C.(P:x-y+3z-4=0. D.(P):x-y+3z-9=0.

Dép s6 trac nghiém B.




> Loi gidi tu lugn: Mt phing (P) dugc cho boi:
qua A(1;2;3)
vipt n(2;—1;3)

< (P):2.(x-1) - 1,@ 2) +3.(2-3)=0

& (P):2x - y + 3z - 9 =0, ing v6i dap dn B.
> Lua chon dép 4n bing phép thii: Ta 14n luot danh gia:
= Mt phéng (P) c6 vtpt 1 (2; -1; 3) nén cic dap 4n C va D biloai.
= Thay toa do clia A(1;2; 3) vao ddp an A, ta thay:
21-2+33-4=0=5=0= A ¢ (P) = Dép 4n A biloai.
Do d6, viéc lya chon dap an B la dﬁng dan.

Bai 4. Mt phing trung tric clia doan thang AB véi A(2; 1; 4), B(-2; -3; 2) c6 phuong trinh:
A.(P):2x+2y+z-3=0. B.(P):2x+2y+z-1=0.
C.(P):x+2y+2z-3=0. D. (P):x+2y+2z-4=0.

Dip s tric nghiém B. |
> Loi gidi tu lugn: Mdt phéng trung truc (P) ctia doan thing AB dugc cho bdi:
quaIlatrung diém AB qual(0;—1;3) qual(0;—1;3)
(P): {tht AB ) {tht BAM42) © (P):{tht n(2;2;1)
& P:2x+2(y+1)+2-3=0(P):2x+2y+2-1=0.
> Lua chon ddp 4n bing phép thu: Ta lin luigt danh gia:
= Vi hai diém A v B ta c6 BA (4;4; 2)
Mit phéng trung tryc ctia doan thing AB phai c6 vtpt cling phuong vdi vecto BA,
nén cac dép an C va D bi loai.
s Goil Ia trung diém AB, ta 6 I(0; -1; 3), khi do:
o V6idép an A, tathdy: 2.0 +2.(-1)+3-3=0=-2=0=>1¢ (P) = Dap 4n A biloai.
Do d6, viéc lua chon dép 4n B la dung dan.
Bai 5. Mit phang (P) di qua diém A(2; -1; 1) va ¢6 cdp vtcp a(2; -1; 2), b(3;-2; 1) co

phuong trinh:
A.(P:x-z-1=0. B. (P):x+2y=0.
C.(P):3x+4y-z-1=0. D.(P):3x+4y-z-3=0.

bap s6 trac nghiém C.




» Loi gidi tu lun: Goi 1 1a vtpt cia mit phéng (P), ta c6:
{’“? e = 8)= (NP AR ) -G,
ilb =2 113 |3-2
Mt phéng (P) dugc cho béi:

uaA(2;-1;1)
(P): {q i
vtpt n(3;4;—1)

< (P)3.(x-2)+4.(y+1)-1.(z-1)=0

< (P):3x +4y - z- 1=0, ting véi dap an C.
» Loi gidi tu ludn két hop sit dung mdy tinh CASIO fx — 570MS: Goi 1 14 vtpt clia
mit phang (P), ta cé:
{nLa & i =[a,b]=(34-1)

bang cich thuc hién theo thd tu:
= Thiét 1ap moi truong lam viéc véi vecto cho méy tinh bing cach 4n:
IMODE [MODH [MODH

= D€ nhép toa do cho vecto OM va vecto ON ta 4n:

SEFIVCTEE A E-E
saFTven (12318 B - 1

Détinh toa do ctia 1 ta 4n:

S| \Zei[EIRY - [Semanfizealieap] -

Mit phang (P) dugc cho boi:
(P): {qua AQ2;-1;1)

N P):3.(x-2)+4(y+1)-1(z-1)=0
thn(3;4;-1>®() (x-2)+4.(y+1)-1.(z-1)

< (P):3x +4y-z-1=0, Gng véi dap 4n C.
» Lua chon ddp 4n bang phép thi 1: (T trai qua phai): Ta 14n lugt danh gia:
= V6i (P) cho bdi ddp 4n A c6 vipt {(1; 0; -1) ta nhéan thy ' khong vuéng gc véi b,
nén dap an A bj loai.
= V6i (P) cho béi ddp 4n B c6 vipt 1(1; 2; 0) ta nhan théy o khéng vuéng goc véi b,
nén dap an B bi loai.
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V6i (P) cho béi dép an C c6 vipt 1(3; 4; -1) ta nhan théy:
nNa=6-4-2=0<nla
Tb=9-8-1=0=TLlb
32+4(-1)-1-1=0=0=0<> A € (P)

Do d6, viéc Iua chon dép 4n C la dung dan.

> Lua chon ddp 4n bing phép tht 2: (Tt phai qua trdi): Ta 14n luigt ddnh gia:
s V6i (P) cho bdi dap 4n D c6 vipt 1(3; 4; -1) ta nhan théy: '
32+4(-1)-1-3=0-2=0=>A¢ (P) = Dép an D bi loai.
Véi (P) cho bai dap an C c6 vipt n'(3; 4; -1) ta nhén thdy:
nNa=6-4-2=0cnla
Tb=9-8-1=00Lb
32+4(-1)-1-1=0<0=0A€e (P)
Do d6, viéc lua chon dép 4n C la ding dan.
& Nhan xét: Nhu vay, dé lua chon dugc d4p 4n dung cho bai todn trén thi:
= Trong cdch gidi ty Iudn chung ta thyc hién tim vtpt ctia mat phang (P) thong qua
tich c6 hudng ctia hai vtep. Tl d6, thiét lap phiong trinh mét phéng (P) di qua diém A
v6i vtpt 1.
= Trong céch gidi tu luan két hop stt dung mdy tinh CASIO fx-570MS, ching ta tan
dung chtic ning ctia mdy tinh d€ tinh vtpt 1.
= Trong cdch Iyia chon ddp 4n bang phép thir 1 va 2 ching ta cn kiém tra ba diéu
kiendéla:Ae(P); nla van Lb.
Va véi mbi d4p 4n, néu mot trong ba diéu kién khong thda mén thi dap 4n do biloai.

Bai 6. Mt phing (P) di qua ba diém A(1; 1;0), B(1; 0; 0) va C(0; 1; 1) ¢6 phuong trinh:

A.(P):2x-y+z-1=0. B.(P):x+2z-1=0.
C.P:x+z-1=0. D.(P):2x-y+z-1=0.
‘Pap s6 tric nghiém C.

> Loi gidi tu lun 1: Goi 10 1a vtpt cia mét phang (P), ta dugc:
AB (0;-150) va AC(-1;0; 1)

N vt D (e UM A N L TN
o-mmaer= ([ 4P O )=
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Phuong trinh mét phing (P) dugc cho béi:

(P): {q“a”‘“”;o) & (P):x+2- 1 =0, ting véi dép én C.

vtpt n(—1;0;~1)
» Loi gidi tu ludn két hop stt dung mdy tinh CASIO fx - 570MS: Goi 1 1a vtpt ctia
mit phang (P), ta cé:
AB(0;-1;0) vd AC(-1;0;1) = o = [AB, AC ] = (-1; 0; -1)
bang cach thuc hién theo thi tu:
® Thiét 1ap mdi trudng lam viéc v6i vecto cho mdy tinh bing cach 4n:
IMODE [MODE [MODH
» P& nhap toa d6 cho vecto AB vi vectd AC ta 4n:

SnivenimE - -[cfN-1 -
sarFTver (I RS Bo B B
= P& tinh toa do ctia 0 ta 4n:
BsarFT ver 323
[>] [ 0
[>]

Phuong trinh mét phang (P) dugc cho béi:
(P): qua A:(I;I;O)
vipt n(-1;0;—1)
> Loi gidi tu Iudn 2: Gia st mit phing (P) c6 phuong trinh:
(P): Ax+By+Cz+D=0v6i A2+ B>+ C?> 0.
Vi A, B, C thudc (P), ta dugc:
A+B+D=0 A=-D
A+D=0 5 {B=0
B+C+D=0 |C=-D

Tu do, ta dugc:

< (P):x+2z-1=0,Gngvéidip an C.

(P):-Dx-Cz+D < (P):x+2-1=0, tng véi dap 4n C.
» Luya chon dép 4n bang phép thit 1: (Tl trai qua phai): Ta lan lugt d4nh gia:
® V6i (P) cho béi dap én A ta nhan thdy:

21-1-1=00=0A€c (P)

21-1=0<1=0=B ¢ (P) = Dép 4n A bi loai.




Véi (P) cho béi dép 4n B ta nhan thdy:
1421-1=00=0<A e (P)
1-1=00=0=Be (P)
21-1=0<1=0=C ¢ (P) = Ddp 4n B bi loai.

Vi (P) cho béi dép 4n C ta nhén thdy:
1-1=0<0=0< A e (P)

1 1-1=0<0=0Be€ (P)
1-1=00=0<C e (P)

Do d6, viéc Iva chon d4p an C 13 dting dan.

» Luia chon dp dn bang phép thit 2: (Tl phéi qua trdi): Ta lan lugt danh gid:

V6i (P) cho béi ddp én D ta nhén théy:
21-1-1=00=0A e (P)
21-1=0<1=0=B ¢ (P) = Dép 4n D bi loai.

= Véi (P) cho bdi dép an C ta nhén thay:
1-1=0=20=0=A€c(P)
1-1=00=0<B e (P)
1-1=00=0Ce (P)

Do d6, viéc lya chon dép 4n C 1a dang dan.

Bai 7. Trong khong gian toa do Oxyz, cho ba diém M(1; 0; 0), N(0;2;0)vaP(0;0;3). Mat
phéng (MNP) ¢6 phuong trinh:

A.6x+3y+2z2-6=0. B.x+y+z-6=0.
C.6x+3y+2z-1=0. D.6x+3y+2z+1=0.
DPép s6 tric nghiém A.

> Loi gidi tu lugn: Vi M, N, P theo thii tu thudc cac truc Ox, Oy, Oz nén phuong trinh
mit phdng (MNP) c6 dang:

(MNP): 11‘-%-%:1 &> (MNP): 6x + 3y + 2z - 6 = 0, ing v6i d4p 4n A.

% Nh4n xét: Ngoai cach giai trén, ching ta déu biét ring con c6 thé thuc hién bai todn
trén theo céc cich (tuong tu nhu trong bai 6) sau:
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a. Loi giai ty luan 1;

b. Loi gidi tu ludn két hop sit dung mdy tinh CASIO fx - 570MS;
c. Loi giai ty luan 2; .

d. Lua chon dép 4n bing phép thi 1: (Tt trai qua phai);

e. Lua chon ddp dn bang phép thu 2: (Tt phai qua trai).

Bai 8. Trong khong gian vé6i hé toa d6 Oxy, cho diém I(1; 2; -5). Goi M, N, P lan luot Iz hinh
chiéu ctia diém I trén céc truc Ox, Oy, Oz. phuong trinh mit phing (MNP) la:
A.10x-5y+2z-1=0. B.10x + 5y - 2z-10=0.
C.10x-5y-2z-1=0. D. 10x + 5y -2z + 10 = 0.

Dap s6 trac nghiém B.

> Loi gidi ty lugn: Vi M(1; 0; 0), N(0; 2; 0), P(0; 0; -5) theo thi tu thudc cac truc
Ox, Oy, Oz nén phuong trinh mit phéng (MNP) c6 dang:

(MNP): 31‘_%_% =1 < (MNP): 10x + 5y - 2z - 10 = 0, ting véi d4p 4n B.

@ Nhan xét: Ngoai céch gidi trén, chiing ta déu biét ring con 6 thé thuc hién bai
todn trén theo cdc cich (tuong ty nhu trong bai 6) sau:

a. Loi giai tu luan 1;

b. Loj gidi tu Iuan két hop st dung mdy tinh CASIO fx - 570MS;

¢. Loi giai ty ludn 2;

d. Lua chon ddp 4n bing phép thit 1: (Tit trai qua phai);

e. Lua chon ddp 4n bang phép thi 2: (Tl phai qua trai).

Bai 9. Trong khong gian véi hé toa d6 Oxyz, cho mit phing (P): 2x - 2y+z+6=0va
di€m M(L; 1; 0). Khodng c4ch tit M dén mit phing (P) bang:

A.6. B. 2. C.o. D. 3.
Dap s6 trac nghiém B.
> Loi gidi ti Iugn: Ta c6:

12-2+6]

W =2, ung véi dap an B.
+(=2)" +

d(M, (P)) =




Bai 10. Trong khong gian vé6i hé toa do Oxyz, cho mit phing (P) cé phucng trinh:

(P):x+2y - 22+ 5 = 0. Khoang c4ch tit M(t; 2; -1) dén mit phing (P) bing 1 khi va chi khi:

:—14 t=“20
A.t=-8. B. [t . C.t=-14 D. [ :
' . t= -8 t=-2
bap s6 trac nghiém B.
» Loi gidi tir Iudn: Ta c6:
lt+4+2+51

L= P)= oy

t+11=-3 t=-14 b g4 4
= = , ing v6i dap an B.

< |t+11]=3

t+11=3 t=-8

» Lya chon ddp 4n bing phép thii - Hoc sinh ty thyc hién.

Bai 11. Trong khong gian toa d6 Oxyz, cho mét phing (P): 4x - 3y +2z+ 28 = 0 va di€m I(0; 15 2).

Phuong trinh mét ciu tam I ti€p xuic v6i mét phéng (P) la:
Ax+(y-1)72+(z-2)*=29.

B,x2+(y_1)2+(z-2)2=339.

C.x+(y+1)+(z+2)=29.

Do+ (y+ 1) + (242 =2

Dép s6 trac nghiém A.
> Loi gidi ty lugn: Mt ciu (S) tiép xuc véi (P) nén c6 ban kinh la:
|-3+4+281 J29 '

R=d0L )= T rar

Tam 1(0; 1; 2)
R =429

» Lua chon ddp 4n bing trich lIugc tu lugn: Ta 14n lugt danh gia:

Mt ciu (S) co: (S): { & (S): X+ (y-1)*+ (z- 2)* =29, ing v6i dap 4n A.

Mt cdu (S) ¢6 tam I(0; 1; 2) nén cac dép an C va D bi loai.
Mit cdu (S) tiép xic véi (P) nén c6 ban kinh la:
[-3+4+28|

R=d(1 () = =

Do d6, viéc lua chon dép 4n A 1a dung dan.

= V29 = Dép 4n B biloai.



BAITAP TRAC NGHIEM MON TOAN - KI THI THPT

Bai 12. Trong khong gian toa dd Oxyz, cho: (P): 3x + 4z + 12=0va (S): X + y*+ (z - 2)*= 1.
Khang dinh nao sau déy 4 diing?
A. (P) di qua tam mdt cAu (S).
B. (P) cit (S) theo mot duong tron va (P) khong qua tim (S).
C. (P) tiép xtic mét ciu (S).
D. (P) khong cit (S).
Dap s6 trac nghiém D.
> Loi gidi ty Iudn: Mit ciu (S) c6 tim 1(0; 0; 2) va ban kinh R = 1, tli d6 suy ra:

1(0; 05 2) & (P), d(I, (P)) = \';%i_l —4>R

Vay, ta c6 két luan (P) khong cit (S) ting v6i dap én D.
Bai 13. Trong khong gian v6i hé toa dd Oxyz, cho hai mat phéng:
P)x+y+ V2 =0va(Q):-x+z+ 3 =0.
Gc gitia hai mdt phang (P) va (Q) la:
A. 120° B. 300, C. 90°, D. 60°.
Dap s0 triac nghiém B.
> Loi gidi tu Iudn: Goi a 1a goc gitta (P) va (Q), ta co:
[-11 1

N1+1A1+1 - 5

Bai 14. Trong khong gian v6i hé toa do Oxyz, cho mit ciu (S) cé phuong trinh:

cosa = < a = 30° ting v6i dap an B.

(S):x*+y*+2*-4x+ 2y +2z-3=0.
Mét phéng tiép dién ctia mt cau (S) tai diém M(0; 1; -2) a:

A.2x-2y+z-4=0. B.2x-y-z=0.
C.2x-32-6=0. D.2x-2y+z+4=0.
bap s6 trac nghiém D.

» Loi gidi tu lugn: Mt cau (S) c6 tAm I(2;-1;-1) vaban kinh R = 3.
Mt phing tiép dién ctia mit cdu (S) tai diém M(0; 1; -2) 1a:
qua M(0; 1; —2)
(P {

. <SS P)r2x-2(y-1)+(z+2)=0
vipt MI(2; -2; 1)




& (P): 2x - 2y + 2+ 4 =0, ing v6i dép an D.

> Lua chon dép 4n bing phép thit két hop ty ludn: Mt cdu (S) c6 tam I(2; -1; -1)
va ban kinh R = 3.

Ta lan lugt ddnh gia:
= Mit phing (P) cho trong d4p 4n A khong di qua M nén dép dn A bi loai.
Mit phing (P) cho trong dép 4n B khong di qua M nén dép 4n B bi loai.

Mit phing (P) cho trong dap an C di qua M va ta co:

14+3-61 1 ., ) )
d(I,(P))z\/22+(_3)2 :\/1_5 ¢»R:Dapaanlloa_u.

Do d6, viéc Iya chon dép 4n D la ding ddn.
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PHUONG TRINH BUGNG THANG

KIEN THUC O BAN

4

B
1. Vecto chi phuong clia dudng thing

Dinh nghia I: Mot vectd a” khéc 0 goi 1a vecta chi phuong (viét tat vtep) ctia dudng
thing (d) néu gid clia a” song song hodc triung véi (d).

Nhin xét:

= Néu a’ la vtep ctia dudng thing (d) thi moi vecto ka” véi k = 0 déu 1a vitpt ctia (d).

Mot dudng thang dugc hoan toan xdc dinh khi biét mot vtep ctia né va mot diém

ma no6 di qua.

Z Phuong trinh tham s6 clia dudng thing

Ta cé:
X=X, +at
Qua M, (X,3¥,:2,)
: - @(d). y:y0+a7_t,te R.
vtcpa(a,;a,;a,) s=7 tat
0 3

Phuong trinh (1) v6i diéu kién a? + a} + a; > 0 dugc goi 1a phuong trinh tham s6
ctia dudng thing.

Céc truong hop riéng:

1. Néua, =0, ta dugc:

X=X,
(d):3y=Yo+at,te R '
z=zo+a3t

la dudng thing c6 vtcp a'(0; a,; a,) do d6 né vudng goc véi Ox (song song véi
mat phang Oyz), cit Ox tai diém c6 hoanh do x .
2. Néu a, = 0, ta dugc:
X=X, +at
d:1y=y, ,teR
Z=17, + a3t
1a duong thang c6 vtep a'(a; 0; a,) do d6 né vudng géc véi Oy (song song v6i
mit phéng Oxz), cit Oy tai diém c6 tung do y,.

¢



3.Néu a, = 0, ta dugc:
X=X, +a;t
(d): y=y,+at,t e R

Z=1,

1a dudng thang c6 vtcp a(a; a,; 0) do d6 né vudng géc vdi Oz (song song véi
mit phdng Oxy), cit Oz tai diém c6 cao 46 z,.

huiong trinh chinh tic ciia dudng thing

Ta co:
{Qua MO(XO;yo;ZQ) X—X
d): =

B (d): o - Y=Y _ 277
vicpa(a,;a,;a,;) a, a, a,

T d6, duong thang (d) di qua hai di€ém M (x,,y,, z,) vda M,(X,, ¥,, 2,), ta co:

(@) {QuaMl(xl;ylzzl) oy XX oY 2o
' QuaMz(Xz;YQ;Zz) ' X, =% Y. 7Y, Z, —Z,

huiong trinh tdng quét clia dudng thang
Vi duding thing (d) trong khong gian c6 thé xem 1a giao tuyén cia hai mat phing
(P,) va (P,) ndo d6, nén phuong trinh tdng quat ctia (d) 6 dang;
(@ [AX+By+CarD =0 O
" |Ax+B,y+C,z+D,=0 (2)
trong d6 (1), (2) theo tht tu la phuong trinh cia mdt phing (P, (P,).

v6i diéu kién A :B:C # A :B:.C,.

Khi d6, mot vtcp @’ ctia dudng thing d6 dugc xac dinh boi:

BRI

Goc giita hai dudng thing

Goia=g((d),(d)),0<a<90vaa, b theo thi tii 1a vicp ctia (d); (d,), khi dé:
1ab]

13111

B, G
B, G,

_C1 A,
,Cz A,

A, B
A2 BZ

>

cosa =

Nhén xét ring (d ) L(d,) <> cosa=0<> 2.b =0.

Khoéng cch tit mot diém dén mot dudng thing

Trong khong gian Oxyz, cho diém M va dudng thing (d) c6 vtcp a’. Khi d6 khoang
cach tli diém M dén duong thing (d) dugc cho bai:

[312)
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d(M, (d)) = '_@M , trong d6 M, 1 diém bat ky thuoc (d).

al
- 7. Khoéng cich gifta hai dudng thing chéo nhau
Dinh Iy 2: Trong khong gian Oxyz, cho hai duong thang chéo nhau (d,), (d,) theo
thit td c6 vtep 4, 4, . Khi d6 khoang cach gitia (d ), (d,) dugc cho béi:
d((d), (d))) = B2 MM, |

I[a,,a,]l

trong d6 M, M, 1a céc di€m bat ky theo thit tu thudc (d,), (d,).

CAC PHUONG PHAP GIAI BAI TAP TRAC NGHIEM

Bai 1. Trong khong gian véi hé toa dd Oxy, cho dudng thing (d) c6 phuong trinh:

x=1-2t
(d:Jy=1+t »teR.
Z=t+2
Vecto nao sau ddy la vecto chi phuong ctia dudng thing (d):
A.(-2;152). B.(-2; 1; 1). C.(2;-1;-1). D. (2;-1; -2).

bap s6 trac nghiém B.

» Hudng dan: Toa d0 vtcp ctia dudng thing (d) cho dudi dang tham s§ chinh 1a hé
$0 ctia t & hé phuong trinh do.
Bai 2. Trong khong gian vdi hé toa dd Oxy, cho dudng thing (d) c6 phuong trinh:

X=—t-2
(d): 32y =2+6t,teR.
z=0
Vecto nao sau day la vecto chi phuong ctia duong thang (d):
A.(-1; 3;0). B.(-2;1;0). C.(-1;6;0). D. (2; -6; 0).

Dbap s6 trac nghiém A.
> Loi gidi ty Iugn: Bién ddi phuong trinh tham s6 ctia dudng thing vé dang;

x=-2-t
(d):{y=1+3t,te R = vtcp a(-1;3;0), ting v6i dap an A.
z=0

& Nhan xét: Mt vai hoc sinh khi thyc hién bai todn trén chi luu y t6i hé s6 cta t
nén Iya chon dép 4n C, hiy ghi nhé ring, v6i phuong trinh tham s6 ctia dudng thing thi
hé s6 clia x, y, z lu6n bing 1.

(13




Bai 3. Trong khong gian véi hé toa d Oxy, cho dudng thing (d) c6 phuong trinh:

—Xx=3t+2
(d):{y=1-t ,teR
z=3
Vecta nao sau dy 14 vecto chi phuong clia dudng thang (d):
A, (3;-1; 3). B. (-3;-1;0). C.(3;-1;0). D. (-3; 15 3).

Dép s6 trac nghiém B.

> Loi gidi tu lugn: Bién d6i phuong trinh tham s6 clia dudng thang vé dang:

x=-2-3t
(d):{y=1-t ,teR = vtcp a(-3; - 1;0), tng voi ddp 4n A.
z=3

Bai 4. Trong khong gian v6i hé toa dd Oxy, cho dudng thing (d) c6 phuong trinh:
@ 2122 z4s.

Vecto nao sau ddy 14 vecto chi phuong ctia dudng thing (d):

A, (2;-3;0). B. (-2; 3; 0). C.(2;-3; 1). D. (-2;-3; -1).
Dap s6 trac nghiém C.

» Loi giai tyf lugn: Bién d6i phuong trinh ctia dudng thang vé dang:

(d): 5:% ZJ;S => vtcp a (2; -3; 1), ting v6i dap 4n C.
Bai 5. Trong khong gian v6i hé toa dd Oxy, cho dudng théng (d) c6 phuong trinh:

(d) x+1 _ 1-y _ Z—2.

2 3 5
Vectd nio sau déy 1a vecto chi phuong ctia dudng thang (d):
A, (2;3;5). B. (-2;-3; -5). C. (-2; 3; -5). D. (2;-3;5).
Pap s6 tric nghiém D.

> Loi gidi tu ludn: Bién d6i phuong trinh ctia dudng thang vé dang:
d): x+1 y-1 :z—2
(d) <

= vtcp a (2; -3; 5), ting véi dép an D.

2 -3
Bai 6. Trong khong gian véi hé toa dd Oxy, cho dudng thing (d) c6 phuong trinh:
(d): —-——2 122271
Vecto nao sau déy la Vectc; chi phuong ctia dudng théng (d):
A (25 15-2), B. (-2; 1;-2). C. [wz; ;-; —1). D. (Q; %; _2)

DPap s6 trac nghiém C.




BAITAP TRAC NGHIEM MON TOAN - KI THITHPT

» Loi gidi tu lugn: Bién d6i phuong trinh clia dudng thang vé dang:
1 1 ‘
y+— z——

(d): x—21 =— 2 _ 12 = vtcp QL—Z; %; —1), ung v6i dap an C.

Bai7. Trong khong gianzvéii hé toa 6 Oxy, cho dudng thing (d) c6 phuong trinh:
(d): {x—y+22-«2=0
3x+y—-5z+1=0
Vecto nao sau déy 1 vecto chi phuong ctia dudng thang (d):
A. (1;-1;-1). B. (4; 3; 3). C.(3;11;4). D. (3;-11; 4).

Dbap s6 trac nghiém C.
» Loi gidi tu ludn: Ta c6 vtcp a chia dudng théng (d) dugc cho bai:
- -1 2712 141 -1
a= . . = (3; 11; 4), ing véGi dap an C.
(Il —5’.-5 3”3 1) ( ) ting P
> Loi gidi tu lugn két hop st dung mdy tinh CASIO fx - 570MS: Bang cach thuyc
hién theo thi tu:

Thiét 1ap moi trudng lam viéc véi vecto cho mdy tinh bang cach 4n:
IMODE MODE [MODH
DéE& nhép toa do cho vecta (1; -1; 2) va vecto (3; 1; -5) ta 4n:

serFver B8 B B2 A

SumiennE] - - -0l -|

= P& tinh toa d6 ciia a ta &n:

saFTven3] | Bsarven3]2 B —
] [ 4

Do d6, viéc lya chon dap 4n C 1a ding dan.

Bai 8. Trong khong gian véi hé toa do Oxy, cho dudng thang (d) c6 phuong trinh:
X=—t-2
(d): qy=2+2t,te R,
z=0
Dudng thang (d) di qua diém nao sau day:
A. (-2 1;0). B. (2;-1;0). C. (0;-2;0). D. (2; 1;0).
Dbap s6 trac nghiém C.




» Lua chon ddp 4n bang phép thit 1 (tui trai qua phai): Ta 14n lugt danh gia:
= V6i diém cho boi dap an A, ta co:
2=—t-2  (t=0

=242t < 1, vO nghiém = Pap an A bi loai.
0=0 2
= V6i diém cho bdi dap an B, ta cé:
(2=—t-2 t=—4
—1=2+2t & 3, vO nghiém = Ddp 4n B bi loai.
0=0 t=-3
Véi diém cho béi dap én C, ta co:
0=—t—2
2=2+2t &> t=-2.
z=0

Do d6, viéc lya chon dép an Cla ding dan.

» Lua chon ddp dn bang phép thit 2 (tii phai qua trai): Ta lin lugt danh gia:
Véi diém cho béi dap an D, ta co:

2==t—-2 t=-4

1=2+2t & 1, vd nghiém = Dap an D bi loai.

z=0 2

V6i diém cho béi dap éan C, ta cé:
O0=-t-2

2=2+2t &St=-2.

z=0

Do d6, viéc lya chon dép an Cla dang dan.

Bai 9. Trong khong gian v6i hé toa do Oxy, cho dudng thang (d) c6 phuong trinh:
(d) x—1 - y+3 _ z—1

3 2 4
Duong thing (d) di qua diém nao sau day:
A.(2;-1;5). B.(4; -1; 5). C.(4; 1; 5). D. (4; -1; -5).

Dap s6 trac nghiém B.
» Luta chon dép 4n bing phép thti 1 (tli trai qua phai): Ta 14n lugt danh gia:
Véi diém cho béi dap an A, ta co:
2-1 -1+3 5-1
3 2 4

& —%:1:1,Vénghiém:DépénAbiloai.
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T
= V6i diém cho boi ddp 4n B, ta co:
4-1_-1+3 _5-1
3 2 4
Do do, viéc lya chon dap én B 1a dung dan.
» Lua chon ddp 4n bang phép tht 2 (tlt phai qua trai) - Hoc sinh tuy thuc hién.
Bai 10. Trong khong gian v6i hé toa do Oxy, cho dudng thing (d) cé phuong trinh:

X-=y+z2-3=0
(d): 47
2x+y—-3z+2=0

< 1=1=1,thdéa man.

Dudng thang (d) di qua diém nao sau day:
A.(1;-1; 1). B. (0; 0; 3). C.(2;0;1). D. (3; 1; 1).
Dap s6 tric nghiém A.
> Lua chon dép 4n bing phép thii: Ta 14n lugt danh gia:
= V6i di€m cho boi dap én A, ta co:
1+14+1-3=0 0=0 _ .
< théa man.
{2-1—3+2=0 {0=0
Do d6, viéc lya chon dép 4n A 13 dung din.
Bai 11. Trong khong gian toa d6 Oxyz, cho dudng thing (d) c6 phuong trinh:
x =2t
(d):y=1-t,teR.
=2+t

Phuong trinh nao sau déy ciing la phuong trinh ctia dudng thing (d)?

Xx=2-2t x =2t x=4+2t x=4-2t
Aly=— B.ly=1+t Cly=1-t D.iy=-1+t

z=3+t z=2+t z=4+t z=4-t
Ddp s6 trac nghiém D.

» Lua chon ddp 4n bing phép thi: Ta lan lugt danh gi4:

Dudng thang (d) c6 mot vtcp a (2; -1; 1) nén céc d4p 4n A va B bj loai.

= Dudng thang (d) di qua diém M(0; 1; 2), thay toa d6 ctia M vio phuong trinh
- duodng thang trong C ta thdy:

0=4+2t t=-2

=l-t < {t=0 , v nghiém = P4p an C bi loai.
2=4+t t=-2

Do dé, viéc Iva chon dép 4n D 1a dung din.




CAC PHUONG PHA

Bai 12. Trong khong gian v6i hé toa d6 Oxy, cho diém M(-2; 1; 1) va dudng théng (d) c6
phuong trinh:
x=1+2t
(d): {y=-1-t,teR
z=3+t
Phuong trinh mit phing (P) qua M va vudng goc v6i dudng thing (d) la:
A 2x+y-z+4=0. B.2x-y+z+4=0.
C.4x-2y+22+7=0. D.x+y-z+2=0.
Dap s6 trac nghiém B.
» Loi gidi tu ludn: Goi a 1a mot vtcp ctia (d), ta co a(2;-1; 1). Khi dé:
quaM(-2;1;1) A
: (B {tht a2 -1 1)
& (P):2x -y +z+4 =0, Ging v6i dap an B.

e (P)2(x+2)-Liy-1)+1(z-1)=0

> Lua chon ddp 4n bing phép thii: Ta 14n lugt danh gia:

Mit phéng cho trong dép 4n A di qua M nhuing c6 vipt n(2; 1; -1) nén khong thé
vudng goc vdi (d), do dé dap an A bi loai.

Mit phang cho trong dép 4n B di qua M va c6 vtpt n (2; -1; 1) nén vudng géc voi
(d), do 36 n6 thoa man.

Do d6, viéc lva chon dép 4n B 1a dung dan.
Bai 13. Trong khong gian véi hé toa do Oxyz, cho diém M(1; 2; 3) va dudng théng

(d): X5 = _i_ . Miit phing chiia diém M va dudng thing (d) cé phuong trinh:

1 -1
A.5x+2y-3z+1=0. B.2x+3y-52=0.
C.2x+3y-52+7=0. D. 5x +2y-3z=0.
DPép s6 tric nghiém D. ‘

> Loi gidi ty ludn: Mt phing théa man:
quaM(1; 2; 3) quaM(l; 2; 3)
- - = : -~
cap vtep a(l; —1; 1) va b(l; 2; 3) vtpt n(5; 2; —3)
<> (P): 5x + 2y - 3z =0, ing v6i ddp an D.

> Lua chon dép 4n bing phép thii: Ta 14n lugt danh gia:
Mit phéng (P) chtia (d) nén phai di qua g6c O(0; 0; 0) do do cac dap 4n A va Cbiloai.
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= Mit phéng (P) cho bdi dép an B khong di qua diém M nén dap an B bj loai.
Do d6, viéc lya chon dép 4n D la ding dan.
Bai 14. Trong khang gian toa d¢ Oxyz, cho mét phing () va dudng théng (A) cé:
x=1+3t

(@):2x+y+z+5=0va(A): qy=3-t ,teR,
z=2-3t

Toa do giao diém ctia (A) va (a) Ia:
A.(-2;-1;0) B. (-5;2; 3). C. (15 3; 2). D. (-17; 9; 20).
Dap s6 trac nghiém D.
> Loi gidi tu Iudn: Thay phuong trinh ctia (A) vao (a) ta dugc:

20430 +3-t+2-3t+5=0=2t=-12t=-6

= (A) N (a) = {M(-17; 9; 20)}, ting v6i dap 4n D.
> Lua chon ddp dn bang phép thit 1 (ti tri qua phdi): Ta lan lugt danh gi4:
Thay toa d¢ ctia di€m trong dap 4n A (thudc (o)) vao phuong trinh dudng théng (A)

ta thdy:
~2=1+3t t=-1

-1=3-t < qt=4 ,v0nghiém = Dap 4n A bi loai.
0=2-3t t=2/3

Thay toa o ctia di€m trong d4p 4n B (thudc (a)) vao phuong trinh dudng thing (A)
ta thay:

5=1+3t |t=72
2=3-t < t=1 o nghiém = Pdap an B bi loai.
3=2-3t t=-1/3

= Thay toa d¢ ctia diém trong dap én C (thuc (A)) vao phiong trinh méit phing (o) ta
thay:
2+3+2+5=0<¢ 12 =0, mau thuidn = Dép an C bi loai.
Do d6, viéc lya chon dép 4n D 14 dung dan.

» Lua chon dép 4n bang phép thit 2 (tit phi qua tréi): Ta 14n lugt ddnh gia:




= Thay toa d6 clia diém trong d4p 4n D vao phuong trinh mét phing (o) va dudng

thang (A) ta thdy:
34+9+20+5=0<>0=0,dang
-17=1+3t
9=3-t <& t=-6,conghiém.
20=2-3t

Do d6, viéc lya chon dép én D 1a dlng dén.

Bai 15. Trong khong gian v6i hé toa dd Oxyz, cho: (d): ? - szl _z

Giao diém ctia d va (P) c6 toa d6 la:

A. G 2 _;_j B. (0; 1;2). C.(1;-1;0). D. (1;4;0).

Dbap s6 trac nghiém B.
> Lai gii tu lugnkét hop st dung mdy tinh CASIO fx - 570MS: Xét hé phuong trinh

tao boi (d) va (P):
x_y-1_ z-2 2x~y=~1 x=0
1 2 3 & 143x-z=-2 & 1y=1 = (d) n (P) = {M(0; 1; 2)},
X—-y+z-2=0 X—y+z=2 z=2
bang cach thuc hién:
IMODE MODE| h\/IODEl [1][3]
ed oM -1 -|OMN-|
3HOEIlHI2E
d-cf-B-H-| [ 49
[>]
[>]

Bai 16. Trong khong gian toa do Oxyz, cho diém M(3; 3; 0) va mét phang (P) c6 phuong trinh:
(P): x + 2y - z - 3 = 0. Toa d6 hinh chiéu vuéng géc ctia diém M trén (P) la:

A.(3;3;0). B. (-2;0;1). - C.(2;1;1). D. (0; 5; -2).
bap s6 trac nghiém C.

> Loi gidi tu Iugn 1: Mt phang (P) c6 vipt n(1;2;-1)

Goi (d) 12 dudng thing qua M va vudng goc voi (P), ta dugc:

& (d): qy=3+2t,te R

z=—t

X=3+t
quaM3,3,0)
" | vicpn(1,2,—1)

320)
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Hinh chiéu vuéng goc H ctia A 1én (P) chinh 1a giao diém ctia (d) va (P), do do:
3+t+2(3+20)+t-3=0t=-1=>H(2; 1;1).
> Loi gidi tu lugn 2: Mt phing (P) c6 vtpt n (1;2; -1)
Gid stt H(x; y; z) 1a chiéu vudng goc H ctia A 1én (P), suy ra:
X+2y—-z-3=0 X=2
S x-3_y-3_ z<y=1 > H(Z L),
1 2 -1 |z=1
» Lua chon dép dn bang phép thir 1 (tUi trdi qua phai): Ta lan lugt danh gia:

{HE(P) He(P)
R
AH L (P) AH//n

= V6i diém H trong ddp an A, ta lan lugt kiém tra:
Thay vao phuong trinh mét phéng (P) ta thdy:
3+6-3=0< 6=0, mau thuan = Ddp 4n A bi loai.
= V6i di€ém H trong ddp én B, ta 14n lugt kiém tra:
Thay vao phuong trinh mét phéng (P) ta thdy:
2-1-3=0<0=0, diing.
Ta co:
HM (5;3;-1) = HM khong vudng goc véi (P) = Dép 4n B bi loai.
= V6i di€m H trong ddp an C, ta 14n lugt kiém tra:
Thay vao phuong trinh mit phéng (P) ta théy:
242-1-3=0&0=0, ding.
Ta c6: HM (1;2;-1) = HM 1 (P), thoa man.
Do d6, viéc lua chon dép an C 1a dung dén.
» Lua chon dép 4n bang phép thit 2 (ti phai qua trédi): Ta lan lugt ddnh gid:
® V6i diém H trong dap 4n D, ta lan lugt kiém tra:
Thay vao phuong trinh mét phéng (P) ta thdy:
10 +2 - 3=0<> 9 =0, mau thudn = Ddp 4n D bi loai.
® V6i diém H trong ddp 4n C, ta 14n lugt kiém tra:
Thay vao phuong trinh mét phéng (P) ta thdy:
2+2-1-3=0<0=0, ding.
Ta cé: HM (152; -1) = HM L (P), thoa man.
Do d6, viéc lya chon dép 4n C 13 diing dén.
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